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Abstract

The use of High Strength Concrete (HSC) in structures has significant technical and

economical advantages. Its use however, demands additional care due to the decreased

ductility compared to Normal Strength Concrete (NSC). Ductility improvements can be

achieved by using adequate lateral confinement. Confining pressure exerted by the lateral

reinforcement depends on the lateral dilation of concrete. Lateral dilation of HSC is less

than that of NSC under similar stress conditions. Therefore effective confining pressure

from the confining steel is reduced in HSC. Knowledge of the constitutive behaviour of

HSC is essential to estimate the confining pressure required to provide a sufficient level

of ductility.

Based on shear stress versus shear strain of concrete, a constitutive model is developed

in this thesis for the behaviour of confined HSC subjected to monotonically increasing

loads. The model is innovative in using the concepts of shear failure of concrete and is

strain-based ensuring ease of application. Application of this novel constitutive model

is demonstrated by establishing the behaviour of concentrically or eccentrically loaded

confined HSC columns and column-slab joints. The comparisons of the results from this

model with the experimental results show reasonably good correlation.

An experimental program was conducted as part of this study to establish the axial

stress, axial strain and lateral strain relationships for confined HSC under cyclic loading.

Four grades of concrete (Grade 40, 60, 80 and 100 MPa) were investigated with three

levels of active lateral confinement (4, 8 and 12 MPa) and two loading regimes (with

unloading strain as a variable and constant unloading strain and number of cycles as a

variable). The cylindrical specimens (100 mm diameter and 200 mm high) were tested in

a triaxial cell. A total of 24 tests were carried out.

Using the experimental results, the strain-based model developed for the behaviour of

xvn



laterally confined HSC subjected to monotonically increasing load has been further devel-

oped for cyclic axial compression. The concepts used in establishing a constitutive model

for confined HSC under monotonically increasing load mentioned above were extended in

implementing this model. The stress-strain curve for monotonically increasing loading of

concrete forms the envelope curve for the ascending branch of the cyclically loaded HSC.

However unlike in NSC, the descending branch of the envelope curve for HSC was found

to be affected by the damage to concrete due to cyclic loading.

The constitutive model developed for cyclically loaded HSC can be utilised to esti-

mate the required ductility to design structures against earthquake loadings. Poor column

behaviour is one of the main reasons for most of the structural failures during recent earth-

quakes. Application of the constitutive model for cyclically loaded HSC is demonstrated

by predicting moment-curvature relationships for HSC columns subjected to axial load

and cyclic flexure. Analytical findings are in good agreement with the experimental re-

sults.

Several important observations are made during the analyses of the test results. Vol-

umetric strain is zero at peak axial stress thus lateral strain at the peak axial stress is

half of the corresponding axial strain. Unloading in the "initial elastic region" results in

a decrease in the Poisson's ratio below the initial Poisson's ratio.

Both the constitutive models developed in this thesis are based on triaxial test results,

which are conducted under well-controlled conditions, where direct measurements of axial

and lateral strain have been possible. Ability to establish axial as well as lateral strain in

confined concrete is a superior attribute of the proposed models. They are fundamentally

more reliable and more likely to work for a wide range of column configurations and sizes

than the models that are based on back-calculated results from reinforced column tests.
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Chapter 1

Introduction

The use of High Strength Concrete (HSC) in structural systems is increasing around the

world due to economic and technical advantages it offers. Main advantages of HSC are its

higher strength and stiffness per unit cost and higher strength per unit weight than those

for Normal Strength Concrete (NSC). High load carrying capacity per unit weight has

proven economic benefits in the construction of high-rise buildings and long span bridges.

It offers excellent mechanical performance and durability. The use of HSC column sections

in high-rise buildings, especially in lower stories, results in additional savings. Further it

permits early removal of formwork thus increasing the speed of construction. In buildings,

significant reduction in column sizes can be achieved by using HSC which ultimately result

in economic benefits associated with increased floor area for rental.

As a result of ongoing progress in concrete technology, HSC is used in various other

practical applications apart from buildings. In bridge design, the number of beams can

be reduced and the loss of prestress due to creep in prestressed concrete is smaller if

HSC is used. HSC is also used successfully in offshore platforms, maritime structures and

piles. Often HSC is used not for its strength but for its superior durability in aggressive

environments.

Reduction of ductility with the increase in concrete compressive strength is well known.

The issue of ductility of concrete columns has become increasingly important with the

introduction of HSC with compressive strengths from 50 to 100 MPa. This has led to

many research programs worldwide to investigate methods of overcoming the problems of

limited ductility. The strength and ductility improvements are important considerations

in designing reinforced concrete columns especially in the areas requiring design for seismic

loading.
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Constitutive models for the behaviour of laterally confined concrete are widely avail-

able. They have been used in the modelling of the load-deformation characteristics of

columns. In them, it is assumed that confining pressure applied '_/ the lateral reinforce-

ment corresponds to the yielding of the lateral reinforcement. However, the confining

pressure depends on the lateral dilation of concrete. Therefore development of relation-

ships between axial stress, axial strain and lateral strain for confined HSC is a timely

concern.

The weight of the structures can be reduced with the use of HSC when compared to

NSC. Since lighter structures attract less forces than heavier structures in an earthquake,

the use of HSC can be beneficial in seismic regions. Behaviour of concrete (NSC or HSC)

subjected to cyclic loading, needs to be known when a structural analysis is performed

for earthquake loadings. Therefore it is imperative to develop a constitutive model for

confined HSC subjected to cyclic axial compression.

1.1 Background

1.1.1 Definition of high strength concrete

There is no single definition of HSC. According to a study by Chan and Anson (1994),

Grade 35 concrete was considered as high strength in 1950s, Grade 40 to 50 in 1960s and

Grade 60 has been accepted as HSC since 1970s. ASTM defines Grade 41 and above as

HSC while FIP/CEB (1990) defines Grade 60 concrete for the same.

In Australia, HSC is defined as concrete with a characteristic compressive strength

from 50 MPa to 120 MPa (Hadi and Ai-samaraie 2001). In Europe and North America

the lower strength limit is 60 MPa and 42 MPa respectively (Diniz and Frangopol 1997).

In general, concrete of strength greater than 40 MPa is considered to be HSC in the

southeast asian region. Grade 80 concrete has been used in Asia for high-rise buildings

(Rashid et al. 2002). However, in areas where 60 MPa concrete is used extensively, the

compressive strengths in the range from 80 to 140 MPa<are considered to be HSC.

Throughout this study, the lower limit of HSC is used as the 28-day characteristic com-

pressive strength of 50 MPa. Generally for concrete with uniaxial compressive strength

greater than 50 MPa, special admixtures are required. As a result that concrete has a

different class of material. Therefore the definition for the lower limit of HSC is pertinent.
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1.1.2 Applications

In the 1960s, Grade 60 concrete was used on tall buildings such as Water Place in Chicago

(Chan and Anson 1994). Seattle and Washington, which are among the regions of high

seismicity in United States, used HSC in many structures (Ghosh 1997). In late 1980s

in Seattle, the First Pacific Centre utilised concrete with compressive strength of 115

MPa (Laogan and Elnashai 1999). Two Union Square used 97 MPa in-situ concrete in

its columns and the compressive strength increased to 131 MPa at the age of one year

(Ghosh 1997). Ghosh (1997) reported that although Two Union Square is said to have

the highest strength of any in-situ concrete ever made, the First Pacific Centre achieved

even higher compressive strength in one year. Laogan and Elnashai (1999) documented

that Two Prudential Plaza (281 m) and South Wacker Drive (295 m), both located in

Chicago, used a mix with compressive strength of 83 MPa. Chan :-^d Anson (1994)

reported that the 378 m high Central Plaza used HSC of Grade 60. An example for the

highly developed city centres with high-rise structures using high strength materials is

Chicago, Illinois where the development of the high strength followed the trend shown in

Table 1.1 (Laogan and Elnashai 1999).

Table 1.1: Development of concrete strength in Chicago (Laogan and Elnashai 1999).

Year

1962

1965

1972

1976

1982

1988

Building name

Outer Drive East

Lake Point Tower

Mid-Continental Plaza

River Plaza

Chicago Mercantile

Construction Tech. Labs

Strength (MPa)

41

52

62

76

96

117

HSC is uaed in many parts of the world apart from the United States. Melbourne

central building in Australia used 60-65 MPa concrete (Lloyd and Rangan 1993). Rialto

tower in Melbourne and R & I tower in Perth are some other examples of HSC applications

in Australia. Two uses of HSC for tall buildings in China, The New Century Hotel

and Sichuan Mansion, were documented by Hu and Zhu (1994). Both buildings used

Grade 60 concrete. The BfG building in Frankfurt (186 m) used concrete of 85 MPa
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compressive strength (Laogan and Elnashai 1999). The 1,483 feet tall Petronas tower in

Kuala Lumpur, Malaysia, the tallest building in the world, utilised Grade 80 concrete.

Ghosh (1997) stated the widespread applications of HSC (compressive strengths greater

than 40 MPa) in buildings in high seismic regions in the United States. However, the use

of HSC is still limited in many other seismic regions such as Southern California (Mar-

tirossyan and Xiao 2001).

Despite the lack of design rules for HSC in the design standards, HSC has been ex-

tensively used in the construction projects all over the world. Present design methods

are based on the design specifications for NSC, which are not suitable enough for HSC

specially in seismic regions. The design of reinforced concrete columns is based on a

rectangular stress block which is assumed to represent the actual compressive stresses in

concrete. It has a uniform stress intensity of 0.85/c and a depth less than neutral axis

depth. Many researchers (Rangan 1991; Rangan 1998; Attard and Stewart 1998) have

modified this stress block to extend its applicability in the design of KSC columns. How-

ever, the deign rules may need further modifications for HSC to be used in earthquake

regions.

1.2 Research significance and project objectives

Poor column behaviour in inelastic deformation was the cause for most of the structural

failures due to earthquakes. When a structure is analysed for earthquake loadings, it

is necessary to regard the effect of cyclic lateral forces on the structure. Therefore a

thorough knowledge of the material behaviour of the constituents (such as concrete and

steel) subjected to cyclic loading is of great importance.

There are experimental studies reported in the literature for the behaviour of uncon-

fined (Sinha et al. 1964; Karsan and Jirsa 1969; Desayi et al. 1979) or confined (Desayi

et al. 1979; Shah et al. 1983; Mander et al. 1988a; Watanabe and Muguruma 1988;

Sakai and Kawashima 2000) NSC (20-49 MPa) subjected to cyclic axial compression. No

experimental studies as such has been reported for HSC in the literature. The existing

stress-strain models for the cyclic behaviour of confined NSC are based on column tests.

Concrete is passively confined in these tests and several assumptions are used for the

effectiveness of the confinement. Instead of using passive confinement, as in the case of
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column tests, if active confining pressure is applied, then the pressure can be measured

accurately. Therefore a suitable experimental program needs to be conducted to record

the axial stress, axial strain and lateral strain for HSC subjected to cyclic loading.

The available constitutive models for NSC, are capable of predicting only the axial

stress versus axial strain relationships. However, the confinement provided by lateral steel

reinforcement depends on the lateral dilation of concrete. Therefore it is a timely concern

to develop a complete deformational behaviour including both axial and lateral strains of

laterally confined HSC with cyclic axial compression.

It is widely believed among the researchers (Karsan and Jirsa 1969; Desayi et al. 1979;

Mander et al. 1988b; Cheong and Perry 1993) that the stress-strain curve corresponding

to monotonically increasing loads, forms the envelope curve for cyclic loading. Therefore

envelope curve plays an important role in the stress-strain curve for cyclic loading. A

detailed study of the behaviour of HSC subjected to monotonically increasing loads was

carried out first before the cyclic loading was investigated in this thesis.

1.2.1 Objectives of the thesis

The main objective of the thesis is to develop constitutive models for the behavior of

confined HSC subjected to

• Monotonically increasing loads

« Cyclic loads.

The specific research aims are as follows:

Monotonically increasing loads

To investigate how the ductility can be improved in HSC using lateral confineiient

• To develop a strain-based constitutive model for the behaviour of actively confined

HSC

To apply and verify the model in column analysis

To apply and verify the model in column-slab joint analysis
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Cyclic loads

• To conduct an experimental program to measure the axial stress, axial strain and

lateral strain of HSC confined in a triaxial cell

• To use the experimental results to develop a constitutive model for actively confined

HSC

• To validate the model in column analysis

1.3 Structure of the thesis

Major advantages of using HSC in structural systems are described in this current chapter.

The two main parts of the investigations presented in this thesis are the development of

constitutive models for confined HSC subjected to monotonically increasing and cyclic

loadings. Chapters 2 to 5 deals with monotonically increasing loads. Chapters 6 to 10

deals with cyclic loads. A chapter by chapter summary of the thesis follows.

1.3.1 Monotonically increasing loads

• Chapter 2 demonstrates a method to calculate the load-deformation or moment-

curvature curves of eccentrically loaded columns. Using an existing stress-strain

model, it illustrates that the low ductility levels observed in the stress-strain curves

are translated into low ductility in column behaviour. Further, the use of confine-

ment to improve the ductility of columns is demonstrated with this model. The

examples provided in this chapter form the justification to investigate confinement

as a means of improving ductility of columns.

• Chapter 3 reviews the existing constitutive models developed in the past for the

behaviour of confined HSC subjected to monotonically increasing loading. Having

identified the gaps in knowledge in these mrd^.s, a novel approach is proposed

to develop a model for the stress-strain relationship of HSC subjected to lateral

confinement. Previously reported experimental results for circular HSC columns

with passive confinement were used to verify the model.
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• Chapter 4 uses the constitutive model proposed in Chapter 3 in developing a

methodology for the load-deformation behaviour of eccentrically loaded HSC columns.

The analytical work thus obtained are compared with the experimental observations

reported in the literature. Further, it is demonstrated that the model proposed in

Chapter 3 is superior to the current models in predicting the behaviour of eccentri-

cally loaded HSC columns.

• Chapter 5 demonstrates another application of the constitutive model proposed in

Chapter 3. It is used to model the behaviour of the weaker layer of slab concrete

within an interior high-strength concrete column. The model is proven to be giving

satisfactory comparisons with the experimental observations reported for unloaded

and loaded slabs.

1.3.2 Cyclic loads

• Chapter 6 presents £. literature review of the previous work on the behaviour of

unconfined and confined concrete as well as reinforcing steel subjected to cyclic

loading. Based on the review, research significance in establishing a constitutive

model for confined HSC under cyclic loading is highlighted.

• Chapter 7 describes the experimental program carried out to obtain the axial stress

versus axial and lateral strain relationships. The development of the triaxial testing

equipment, problems encountered in the tests, measures taken to overcome them

and an outline of the experimental procedure carried out are explained in detail.

• Chapter 8 presents the results obtained from the experimental program described

in Chapter 7.

• Chapter 9 presents a constitutive model developed for confined HSC subjected to

cyclic loading, based on the experimental results reported in Chapter 8. Chapter 9

also presents various attempts made by the author to develop this model by different

approaches.

• Chapter 10 presents the previous work for the experimental and analytical behaviour

of confined concrete columns subjected to constant axial load and lateral load re-

versals. An analytical procedure is developed to calculate the behaviour of HSC
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columns subjected to combined axial load and cyclic flexure. This chapter describes

a computer program to implement this procedure. The model proposed in Chapter

9 is validated by comparing it with some of the reported experimental results of

confined HSO columns under axial load and cyclic flexure.

• Chapter 11 presents the conclusions and suggestions for further research work.

1.4 Contributions to knowledge

The research work reported in this thesis makes several contributions to the field of

structural behaviour of HSC and its applications. These are listed below:

• A comprehensive review of the constitutive models for concrete subjected to mono-

tonically increasing and cyclic loading.

• A novel constitutive model based on the shear failure of concrete for HSC subjected

to monotonically increasing loading. The model can establish the axial stress, axial

strain and lateral strain relationships for HSC. It can be applied to concrete with

active as well as passive confinement.

• An analytical procedure for using the constitutive model to predict the behaviour

of laterally confined HSC columns subjected to eccentric static loading.

• An analytical procedure for establishing the behaviour of reinforced concrete column-

slab interface when a weaker layer of slab concrete is embedded in a HSC column,

based on the proposed constitutive model.

• Experimental results for the axial stress, axial strain and lateral strain relationships

for confined HSC subjected to cyclic loading.

• A novel strain-based constitutive model for confined HSC subjected to cyclic loading.

This model can be applied to concrete with active as well as passive confinement.

• A computational method based on the constitutive model for the analysis of columns

subjected to axial load and cyclic lateral loads.
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1.4.1 Important observations

It is worth noting the following observations from the experimental results reported in

this thesis.

• When confined concrete is stressed, initially it contracts (reducing in volume). After

a certain stress, it starts to expand (increasing in volume). The maximum volumetric

strain occurs at this point where the contraction turns into expansion. This point

occurs at an axial strain of 0.5ecc for 40 MPa concrete and 0.7ecc for 100 MPa

concrete; where ecc is the axial strain at peak axial stress.

• At the time of peak axial stress, the volume of concrete is back to its original

unloaded volume. That is, the volumetric strain is observed to be back to zero at

peak axial stress. This means that the magnitude of lateral strain at peak axial

stress is half of corresponding axial strain. This is a very useful observation for

constitutive models which has not been reported in the literature.

• It is reported in the literature that the monotonically increasing loading curve forms

an envelope of curves for cyclic loading for unconfined and confined NSC. From the

results of the experimental program carried out by the author, it is observed that

this is valid only in the ascending branch of the stress-strain curves of HSC and not

valid for the descending branch of HSC. Descending branch of the envelope curve

has to be modified by scaling down the corresponding stresses for HSC.

• Poisson's ratio is constant in the initial elastic region, and rapidly increases when

loaded beyond this region.

• When unloading occurs in the initial elastic region, the Poisson's ratio decreases

and increases back to the same value when reloading occurs. The proposed model

is capable of modelling this decreasing phenomenon of Poisson's ratio.
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MONOTONICALLY INCREASING
LOADS:
Lateral reinforcement requirement in
high strength concrete columns
using existing model

2.1 Introduction

High strength concrete (HSC) can lead to significant cost savings in columns. One ma-

jor concern with HSC columns is an increased brittleness compared to normal strength

concrete (NSC). It is well established that the ductility of HSC columns can be increased

by confinement of the core of the column using lateral steel reinforcement. However, the

lateral dilation of concrete under axial load has been observed to be less in HSC compared

to that of NSC, which may cause a reduction in effectiveness of lateral steel when used in

HSC columns.

This chapter examines the available ductility in HSC columns and compares them with

NSC columns. A numerical method developed to establish the load-deformation charac-

teristics of eccentrically loaded columns is presented. The method uses a widely accepted

stress-strain curve for concrete subjected to lateral confinement. Using an example of a

typically reinforced 100 MPa column, it demonstrates how ductility of a column can be

estimated. The example also demonstrates that by increasing the lateral confinement,

the available ductility can be increased. By comparison with a typical 40 MPa reinforced

10
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concrete column, the example presents a method to estimate the required lateral rein-

forcement for a 100 MPa column for the same level of ductility available in a 40 MPa

column.

However, in the modelling of the load-deformation characteristics of column, it is as-

sumed that the confining pressure corresponds to the yielding of lateral confining steel. In

reality, confining pressure increases with the iu. Jral dilation (strain) of concrete. There-

fore a constitutive model for concrete including lateral strains is necessary to establish

the load-deformation characteristics of column accurately.

The outcomes of this chapter are published in Lokuge et al. (2000a) and Lokuge et

al. (2000b).

2.2 Ductility

In order to study the ductility of columns, it is important to define the term ductility and

how it will be measured. Ductility is the ability of the structure or structural member to

undergo substantial deformations without losing the capacity to resist loads.

Ductility is an essential characteristic of a well designed structure. Present design

methods for reinforced concrete members involve an elastic analysis of structures to de-

termine the maximum design actions followed by an ultimate strength calculation for the

section using the full-range stress-strain curve of the material. The actual behaviour of

structures does not exactly match the model on which the design is based. Ductility is

the characteristic of the structures which enables the structure to redistribute the forces

in the structures so that the design load capacity ct\n be reached without any premature

local failures. If the reinforced concrete section is subjected predominantly to a bend-

ing moment, a redistribution of bending moment is allowed depending on the available

ductility in the section. For the members subjected to predominantly compressive forces

and small bending moments (columns), design includes allowance for secondary bending

moments by increasing the bending moment determined from an elastic analysis. In these

members, re-distribution of bending moment is not allowed and the failure is expected to

be fairly brittle. Lateral confinement is expected to improve the failure to a fairly ductile

mode.
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2.2.1 Ductility improvement

From the recent research work reported (Lloyd and Rangan 1993; Azizinamini 1995;

Biolzi et al. 1997; Liu et al. 1998), it is evident that ductility improvement in HSC

has been a major issue. The ductility level is important as it safeguards the structure

against unforseen overloading (Hadi 2001). The traditional method used to overcome

this effect is to have proper confining reinforcement. Using high strength steel as the

confining material will further increase the reaction force for the lateral dilation of HSC

columns thus increasing the strength and ductility (Hadi and Ai-samaraie 2001; Han

et al. 2003). Hadi and Ai-samaraie (2001) tested HSC columns with helical reinforcement

and investigated the effect of pitch size and the distribution of longitudinal reinforcement.

They concluded that the smaller the pitch size the larger the ductility of the HSC columns

which was also consistent with the findings of Razvi and Saatcioglu (1994).

Current Australian design standard for concrete structures (AS3600 2001) gives the

requirement of lateral steel in the form of the size of lateral confining steel, the configura-

tion of confining sceel in the section and the spacing of confining steel. For HSC columns

such design guidelines are not available.

2.2.2 Measure of ductility

There is no consensus on the best method of measuring ductility. Most widely accepted

definition of ductility is the ratio of curvature of the section at the end and the beginning

of the plastic plateau of the load-curvature curve. The definition has been modified

sometimes as the ratio of curvature corresponding to 80% of the load capacity on the

descending portion of the load-curvature curve and the curvature corresponding to the

80% of load capacity on the ascending portion of the load-curvature curve. The second

definition is more indicative of the softening slope of the load-curvature curve than the

first definition. However, an accompanied reduction in load capacity to 0.8Fm (Figure

2.1) is used with the second definition of ductility. Ductility factor (/i) (Figure 2.1) is

defined as,

<Py

where, <f>v is the curvature at the ultimate point which is defined as the point in the

descending branch of the curve in which the load is equal to 80% of the peak load (Joen



Chapter 2: Lateral reinforcement requirement in high strength concrete columns 13

Actual curve

3

Curvature

Figure 2.1: Load versus curvature relationship with ultimate and yielding points.

and Park 1990) and <j)y is the curvature at the point in the ascending branch of the curve

in which the load is equal to 80% of the peak load. Pm is the maximum load reached in

the load-curvature curve.

This definition is used in this study to compare ductility of NSC and HSC columns.

2.3 Axial load versus curvature relationship

Force versus deformation characteristics of an eccentrically loaded column can either be

described by axial force versus axial deformation curve or axial force versus curvature

curve. The curvature is the result of the moment created by the eccentricity. The axial

force versus curvature relationship is chosen to estimate the ductility, because the cur-

vature is the deformation more likely to be associated with redistribution of loads in a

structure than the axial deformation.

The following sections describe the method involved in calculating this relationship.
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2.3.1 Stress-strain model for concrete proposed by Mander et
al. (1988b)

There are several models reported in the literature to illustrate the stress-strain behaviour

of concrete with passive confinement. Among them, the one proposed by Mander et

al. (1988b) has several advantages. They proposed a strain-based model for concrete

confined by transverse reinforcement. It has one continuous function for both ascending

and descending branches. It can be applied to any general type of cross section such as

circular or rectangular. The model has been found to be useful in the development of full-

range moment-curvature behaviour of HSC flexural members with a reasonable accuracy

(Setunge et al. 1994; Mendis et al. 2000). Because of "it's" wide acceptance for NSC,

Mander et al. (1988b) model has been used here to develop the analytical procedure for

predicting the behaviour of eccentrically loaded, laterally confined columns. It is believed

that once the analytical procedure is established, this model can be replaced by complex

constitutive models.

For a slow strain rate and monotonic loading, the longitudinal compressive stress ax

is given in terms of fcc, maximum stress of confined concrete, x, strain parameter and r,

modulus parameter,

ffl ~ ~ l + xr' *" " ;

Strain parameter x is given by,

x =
~cc

where,

'CO 1 + 5
'fee

Jc
- 1

(2.3)

(2.4)

Si is longitudinal compressive strain, fc is unconfined concrete strength, ecc is strain at

maximum concrete stress (/cc) and £«, is strain corresponding to the unconfined concrete

strength, assumed as 0.002. Modulus parameter r is given in terms of Ec, modulus of

elasticity of concrete and Ef, secant modulus of confined concrete at maximum stress,

Ec

En — Et

where,

Ec = 5OOO\/7c MPa

(2.5)

(2.6)
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and
JCC

—•
tec

(2.7)

Peak stress of confined concrete (fee) is defined as,

/„ =/e (-1.254 +2.254^1+ I ^ - 2 f ) . (2.8)

fie is the effective lateral confining pressure and is given by,

sds

(2.9)

where Asp is the total area of lateral reinforcement, fsy is the yield strength of lateral

reinforcement, 5 is the spacing of lateral reinforcement and ds is the distance from centre-

to-centre of the lateral reinforcement.

Further details of this stress-strain model for concrete can be found in Mander et al.

(1988b).

2.3.2 Stress-strain model for steel

The relationship between the steel stress, fs and steel strain, es is,

/•s —

E s t e s If Q<es<ey>

fs if es

(2.10)

where Est is the modulus of elasticity of steel, fsy is the yield strength of steel and ey is

the corresponding steel strain.

2.3.3 Load-curvature analysis

Load-curvature relations for rectangular columns subjected to combined axial load and

flexure are obtained using the following assumptions:

• Plane sections remain plane after bending.

• Perfect bond between the longitudinal steel ana the concrete.

• Concrete does not resist any tensile force.
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i

For the purpose of the analysis, the cross section of the column was divided into a

number of slices. In order to calculate points on the load-curvature curve (Pm, <#m)s for

the specified eccentricity (e*)? the strain on the extreme compression side (st) was varied

through the entire possible range of values, and the corresponding Pm and 4>m values

were calculated. For each value of et, an iterative procedure was used to calculate the

corresponding Pm and <j)m. The iterative procedure involved starting with an assumed

value of <j)m and calculating the corresponding Pm and the eccentricity. The iteration

was continued until the calculated eccentricity matched the specified eccentricity with a

certain tolerance.

The following equation should be satisfied for equilibrium (Figure 2.2):

i

c

Neutral axis,

£ts A

/
/ -

Z.
P p. "* ' cc

(a). Strains

Figure 2.2: Cross section analysis.

(b). Forces

n c

(2.11)
t = i

Acs and Ats are area of compression and tension steel respectively, Aci is area of ith

concrete slice, fd is stress in ith concrete slice and nc is the number of concrete slices in

compression side. fcs and fts are the stresses in compression and tension steel respectively

which can be calculated using Equation (2.10) with the use of corresponding strains as

given below:

ecs^-ic-h) (2.12)
o
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and

i

i

i

c
(2.13)

where, c is the neutral axis depth from extreme compression side, d\ is the distance to

compression steel and d2 is the distance to tension steel.

For moment equilibrium (Figure 2.2),

n c

P(e (d2-c + n) + fcaAcs{d2 - dx) (2.14)

where, d is the depth of the considered section and n is the distance from the neutral axis

to th^ place at which the resulting concrete compressive force acts and is given by,

ft "~~

(2.15)

where, yd is the distance from the neutral axis to the centroid of the ith concrete slice.

Simplex method was used as a way of organising the procedure so Jiat a series of

combinations was tried until calculated e equals the assumed minimum eccentricity e*

with a certain tolerance. MATLAB software was used in implementing this. The method

is explained in a step by step procedure below.

step 1 set the initial value of Et

step 2 st ~ £t /2

step 3 calculate e

step 4 if |e - e*\ < tolerance stop

step 5 if e > e*, £t = Et + st else Et = Et - st

step 6 st = st /2 go to step 3

2.4 Example

The cross section details of the selected column are given in Figure 2.3. Compressive

strengths of 40 MPa for NSC and 100 MPa for HSC were used in the calculations. Grade

300 and 400 of steel were used for transverse and longitudinal steel respectively. The

column was assumed to be loaded at its minimum eccentricity of 25 mm (AS3600 2001)
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All dimensions in mm

B=300

Figure 2.3: Section details.

from the centre line of the specimen towards y direction. Distance to the centre line of

either the compressive or tensile steel from the face of the specimen (di) was taken as 50

mm. Diameter of longitudinal steel was taken as 32 mm.

2.4 J. Results

Initially the load-curvature curves were obtained as in Figure 2.4, with 10 mm diameter

stirrups at 300 mm (AS3600 2001 code minimum spacing) spacing for both NSC (40 MPa)

and HSC (100 MPa). NSC column shows a fairly ductile behaviour than the HSC column.

Ductility factors were calculated using Equation (2.1). The values obtained for 40 MPa

and 100 MPa columns were 5.8 and 1.9 respectively.

It is widely accepted that the ductility in HSC columns can be improved by increasing

the lateral confining pressure using proper confinement. According to Equation (2.9),

the lateral confining pressure can be increased by reducing the spacing of the stirrups or

increasing the diameter of the stirrups or using high yield strength lateral steel.

The level of confinement of 100 MPa column was increased until the ductility of this

column matched the 40 MPa column with confinement mentioned above (10 mm diameter

stirrups at 300 mm spacing). The level of confinement needed in 100 MPa column was

found to be either,

• 12 mm stirrups at 48 mm spacing or

• 10 mm stirrups of 500 MPa yield strength at 77 mm spacing.

The corresponding curves are shown in Figure 2.5.
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2.5 Conclusions

Work reported herein outlines a numerical procedure for the load-curvature behaviour of

eccentrically loaded columns.

• Analysis performed in this chapter clearly indicates that a significant reduction in

ductility is possible with increase in compressive strength of concrete.

• Ductility of the HSC column can be increased to that of the NSC column by in-

creasing the diameter of confining steel, reducing the spacing or using high yield

strength steel as the confining reinforcement.

• In this work, the confining pressure provided by the lateral confining steel is calcu-

lated assuming that confining steel yields before the maximum stress of the column

(Equation 2.9). However, in reality, the stress in lateral steel will be increased grad-

ually with the increase in axial force in the member and the corresponding lateral

dilation. Therefore for any axial load before it reaches its maximum, if the lateral

dilation of concrete is known, the confining pressure can be calculated using the

corresponding stress in confining steel.

• In order to develop an understanding of the actual behaviour of the column, a.

constitutive model for confined HSC, which is capable of predicting both axial and

lateral stress-strain behaviour is needed.

• Upon developing a constitutive model, the analytical procedure developed in this

chapter can be used to predict ductility.

wii



Chapter 3

MONOTONICALLY INCREASING
LOADS:
Development of a constitutive model
for confined concrete

3.1 Introduction

The traditional method of improving ductility of columns by lateral confinement with

steel reinforcement has been found to be less effective in high strength concrete (HSC)

due to a reduction in lateral strains observed under axial load. The reduced effectiveness

of the confining steel combined with increased brittleness of HSC raised concerns about

the ductility of HSC columns and has led to a number of research programs in the field

(Martinez et al. 1984; Pessiki and Fieroni 1997). However, there is no general agreement

about the amount of lateral steel required in HSC columns to provide a required level of

ductility.

The experimental studies reported so far, covered the behaviour of small-scale circu-

lar or square columns with a limited configuration of steel reinforcements, tested under

laboratory conditions. One disadvantage of these types of experiments is that the value

of the minor principal stresses cannot be controlled, since the confinement provided by

lateral steel is passive. Passive confinement (using lateral reinforcement such as spirals,

ties, steel tubes or other form of material like carbon fibre) depends on lateral dilation of

the concrete under axial load and the stress-strain relationship of the confining material.

Most of the existing models for the stress-strain behaviour of confined concrete are based

21
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on column tests. Several assumptions have to be made in these experiments to calculate

the effective confinement stress provided by the steel at various stages of the loading. In

the previous studies as well as in the column analysis reported in the previous chapter, it

is assumed that the confining pressure corresponds to the yielding of the lateral reinforce-

ment. However, the confining pressure applied by the lateral reinforcement is a function

of the lateral strain of concrete.

Candappa (2000) conducted an experimental program to investigate the complete axial

stress, axial strain, lateral strain behaviour of HSC using active confinement. In active

confinement, the conning pressure is applied directly on the specimen without relying

on the lateral strain to induce the confining stress. Therefore, the confining pressure can

be independently controlled and accurately known at any time during the tests.

This chapter surveys the existing stress-strain models for the behaviour of unconfined

and confined NSC. It then identifies the necessity of developing axial stress, axial strain

and lateral strain relationships for confined HSC. A novel approach based on shear failure

of concrete is utilised in the model formulation. It is based on the experimental results

for concrete with active confinement reported by Candappa (2000).

Subsequently, an iterative procedure for modelling columns subjected to passive con-

finement is developed. The chapter concludes with a comparison of model predictions

with the experimental results for HSC confined by carbon fibre wraps.

The results presented in this chapter will be published in Lokuge et al. (accepted for

publication in 2003 by Journal of Materials in Civil Engineering, ASCE).

3.2 Existing stress-strain models

Based on the test results, various stress-strain models for confined concrete have been

proposed by many researchers, such as Sheikh and Uzumeri (1982), Mander et al. (1988b)

and Cusson and Paultre (1995). Existing stress-strain models for confined, unconfined

NSC as well as HSC can be divided into three broad categories with few exemptions. One

group of researchers used a form of equation proposed by Sargin et al. (1971) (Table 3.1).

Another group of researchers proposed a second order parabola for the ascending branch

and a straight line for the descending branch and their studies were based on equations

proposed by Kent and Park (1971) (Table 3.2). The other group developed stress-strain
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relationships based on equations suggested by Popovics (1973) (Table 3.3). In all these

models, selected parameters were included in the stress-strain curves and then they were

calibrated using the test results.

3.2.1 Sargin et al. (1971) type models

The first group of researchers used a form of equation proposed by Sargin et al. (1971) for

the behaviour of concrete. The stress-strain curve for unconfined and confined concrete

has the general shape as shown in Figure 3.1. Various versions of this form of equation

fee

/c
Confined concrete

V)
V)

2
CO

Strain

Figure 3.1: Typical stress-strain relationship for Sargin et al. (1971) type models.

were proposed by many researchers for the stress-strain curves of unconfined and confined

concrete (Table 3.1). In these equations, // is the confining pressure, (<TI,CI) are the

coordinates of any point in the stress strain curve, eco is the peak axial strain of unconfined

concrete strength, /c, e^ is the peak axial strain of confined concrete strength, fcc, Ec is

the elastic modulus of concrete, Ei is the initial tangent modulus and Ej is the secant

modulus of concrete measured at peak stress.

Wang et al. (1978) used a similar form of an equation but the parameters were differ-

ent for ascending branch and the descending branch. Ahmad and Shah (1982) proposed

another version of the same form of equation for concrete confined by steel reinforce-

ment. Ahmad and Mallare (1994) performed a comparative study of the available models

for concrete confined by circular spirals. They concluded that the model predictions by

Ahmad and Shah (1982) were in close agreement with the experimental results for wider

range of concrete (26-68 MPa). Later El-Dash and Ahmad (1995) and Attard and Setunge
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Table 3.1: Stress-strain models for confined concrete based on Sargin et al. (1971).

Researcher Y =
AX + (D- l)X2

+ (A - 2)X + DX2

D

Sargin et al. (1971)

Wangetal. (1978)

Ahmad and Shah (1982)

Attard and Setunge (1996)

Assa et al. (2001a)

- 30.65 - 7.25/c x 10

Different parameters for ascending and descending branches

Ek/Ef

El-Dash and Ahmad (1995) Ec/Ef

1.111+ 0.8764-4.0883^p
fc

16J5 / fi A 0 3 3

\(s/d)J

t
(A-I)2 _ A2{l-a)

cc

cc - (0.2A + 1.6)(£8oAcc) + 0-8
fa

(1996) modified this form of equation and calibrated the model parameters by using con-

fined and unconfined HSC. Attard and Setunge (1996) model was shown to be applicable

for a wide range of concrete strengths (20-130 MPa). Peak stress, strain at peak stress,

elastic modulus a.id the stress and strain at the inflection point on the descending curve

were required to establish the stress-strain curves for unconfined concrete. For confined

concrete, stress and strain at one other point on the descending curve was additionally

required.

Assa et al. (2001a) proposed stress-strain relationships, using two parameters and

validated it using test results for confined concrete with a strength range of 20-90 MPa.

They first developed this for spirally confined columns and then extended to concrete

confined by rectangular ties (Assa et al. 2001b). The most recent version of the model

proposed by Sargin et al. (1971), is the one developed by Assa et al. (2001a). A sum-

mary of that model is presented here. The generic equation for stress-strain behaviour of

confined concrete (for ascending and descending) proposed by Sargin et al. (1971) is as

follows:

y . .^.t*?.... (3.1)
CX + DX2'
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Y = ai//cc and X — £i/ecc and the model parameters are given as,

B

C

(£8o/ecc)
2 - (0.2a + 1.6)(g80/ecc) + 0.8

0.2{eS0/ecc)
2 _

= (4 - 2)

(3.2)

;as

where o\ and ei are the axial stress and strain, ecc is the axial strain corresponding to the

peak stress of confined concrete (/cc), E&Q is the axial strain of confined concrete at 0.8/cc

on descending branch and Ei is the initial tangent modulus. It is proposed by Assa et al.

(2001a) as,

Ei = 4700V£. (3.3)

Parameter A controls the stiffness of the ascending branch and B controls the slope of

the descending branch.

3.2.2 Kent and Park (1971) type models

The model proposed by Kent and Park (1971) was the basis of the second group of

researchers in predicting the behaviour of concrete. Kent and Park (1971) suggested a

second-degree parabola for the ascending branch (independent of the confinement) and

a linear descending branch (depending on the confinement) as shown in Figure 3.2 for

concrete confined by rectangular hoops.

/ c

3
2
55

Confined concrete

Strain

Figure 3.2: Typical stress-strain relationship for Kent and Park (1971) type models.

A number of models reported in the literature either used the similar equations or

modified these equations as shown in Table 3.2. In these equations, (cr^ei) are the
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coordinates of any point in the stress strain curve, eco is the peak axial strain of unconfined

concrete strength, fc, e^ is the peak axial strain of confined concrete strength, f^ and

Zm is the slope of the descending branch.

Table 3.2: Stress-strain models for confined concrete based on Kent and Park (1971).

Researcher Ascending branch (a\) Descending branch

Kent and Park (1971) /,cc (a

Sheikh and Uzumeri (1982) Kfc

Park et al. (1982) Kfc [2

Scott et al. (1982)

Samra (1990)

Saatcioglu and Razvi (1992) fo

Saatcioglu et al. (1995)

Razvi and Saatcioglu (1999)

Mendis et al. (2000)

Shah et al. (1983)

002/ V 0.002/

\ / „ \ 2

/cc[l - - 0.002)]

-cc,

Kfc[l -

same as Park et al. (1982)

same as Kent and Park (1971)

- 0.002*)]

•cc.

1/(1+2/0

/cc[l - - Sec)]

same as Saatcioglu and Razvi (1992)

r — 1 — xT

Kfc
-cc

Kfe[l -

Ice 1 - 1 -
-cc

\1.15

Park et al. (1982) modified this model by including strength and strain increase due

to the confinement. Scott et al. (1982) and Sheikh and Uzumeri (1982) also used a similar

kind of equation for parabolic ascending branch and linear descending branch and it was

validated for NSC. Samra (1990) used the model proposed by Kent and Park (1971) and

developed a new approach for the behaviour of confined concrete. They showed that the

new approach is more realistic than the ACI Building Code for detailing columns for

ductility.

4
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Saatcioglu and Razvi (1992) suggested an analytical model for confined NSC and

validated it for circular, square and rectilinear columns. This model consists of a parabolic

ascending branch, linear descending branch and a constant residual strength. Ascending

branch was a modified version of Hognestad et aL (1955)'s curve. The model proposed

by Saatcioglu and Razvi (1992) is presented here.

= /(cc 2 - ) -
\£coj

ee

1/U+2/Q

if <ri</c (3.4)

o\ is the axial stress at axial strain level S\ and fee is the peak axial stress and the

corresponding axial strain is ecc of confined concrete, and parameter K is defined by,

K = (3.5)

Application of this model was confirmed for NSC and it overestimated the initial modulus

of elasticity when applied to HSC (Razvi and Saatcioglu 1999). Therefore a relationship

first proposed by Popovics (1973) and later used by Mander et al. (1988b) for NSC was

used by Cusson and Paultre (1995) and Razvi and Saatcioglu (1999) for HSC. Mendis et

al. (2000) later modified Scott et al. (1982) model for the behaviour of normal and high

strength confined concrete.

Shah et al. (1983) developed a stress-strain equation for confined concrete in an

attempt to observe the envelope curve of cyclically loaded columns. They pointed out

that Kent and Park (1971) model has a discontinuity between the ascending and the

descending branches and using a linear relationship for the descending branch is not

accurate. By noting that the curve proposed by Sargin et al. (1971) does not give good

descending branches for unconfined concrete, Shah et al. (1983) proposed a different

form of equation for the ascending branch and an exponential equation for the descending

branch.

3.2.3 Popovics (1973) type models

The third group of researchers developed stress-strain curves for concrete based on an

equation suggested by Popovics (1973). The typical stress-strain curves for unconfined

and confined concrete are shown in Figure 3.3.

Table 3.3 shows a summary of the modifications made by other researchers for Popovics

(1973) model. In these models, (<7i, ei) are the coordinates of any point in the stress strain

'&•• < >
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Figure 3.3: Typical stress-strain relationship for Popovics (1973) type models.

curve, eco is the peak axial strain of unconfined concrete strength, fc, ecc is the peak axial

strain of confined concrete strength, fcc, x is the strain parameter and r is the modulus

parameter.

Carreira and Chu (1985) proposed a model for plain concrete in compression. Mander

et al. (1988b) developed a similar relationship which was extended to establish the stress-

strain curves for confined concrete subjected to cyclic loading. The major difference

between Popovics (1973) type model and the other reported models is that it has one

continuous function for both ascending and descending branches. The ascending branch

of Cusson and Paultre (1995) model is a relationship originally proposed by Popovics

(1973) and the descending branch proposed was a modified version of Fafitis and Shah

(1985). The model was proven to be valid from the experimental studies carried out for

a wide range of concrete (60 to 120 MPa). The ascending branch of Chung et al. (2002)

and Han et al. (2003) models was similar to that proposed by Cusson and Paultre (1995),

but the descending branch was a straight line.

Wee et al. (1996) proposed a modified version of Carreira and Chu (1985) model

noting that Wang et al. (1978) model is complicated for routine use and that Carreira

and Chu (1985) model does not represent the descending branch of the curve for a wider

rang;e of concrete strength. For the ascending branch of the stress-strain curves, Wee et

al. (1996) used the equation proposed by Carreira and Chu (1985) but for modelling

the descending branch, two correction factors were introduced. Hsu and Hsu (1994) used
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Table 3.3: Stress-strain models for confined concrete based on Popovics (1973).

29

Researcher Ascending branch Descending branch (cr{)

Popovics (1973)

Carreira and Chu (1985)

Mander et al. (1988b)

Hsu and Hsu (1994)

Cusson and Paultre (1995) fc

Wee et al. (1996)

Hoshikuma et al. (1997) Ec£]

Martirossyan and Xiao (2001)

Chung et al. (2002) fcc

fcZoW^
n

/ccn(ei/eco)/3

0-1 +
n~1

- 1 +

Jcc J-'des\cu t-ccj

fcc{£i/£co)r

r -

k{£\/£cc) 0.15/ec

£85 - £cc

a modified version of Carreira and Chu (1985) model for the ascending branch and an

exponential function for the descending branch. Later Mansur et al. (1997) used the

same equations as Wee et al. (1996) and concluded that they give good agreement for

the stress-strain response of high strength plain and fibre concrete.

Hoshikuma et al. (1997) developed a new model after observing that a second order

parabola for the ascending branch can reflect only three boundary conditions of the four

boundary conditions which should be reflected by the ascending branch of the stress-strain

curves. In that model, ascending branch is given by,

T l - l

(3.6)

where e\ and o\ are the axial strain and axial stress respectively, Ec is the modulus of
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1
P

elasticity of concrete and
EC£

n =
c^-cc

Jc

where (/cc, ecc) is the peak point. The descending branch is given by,

— fee

(3.7)

(3.8)

where Edes is the deterioration rate and £m is the ultimate strain.

Martirossyan and Xiao (2001) tested fifteen HSC columns (compressive strength 69

MPa) under concentric compression. Further they prepared a database of eighty six

axial compression test data, carried out by different researchers. Thirty seven of the

specimens had high strength lateral reinforcement having yield strength of 690 to 1380

MPa. Compressive strengths of concrete had a wide range of 40 to 140 MPa. Based on

the extensive analysis of the data, Martirossyan and Xiao (2001) proposed a constitutive

model for HSC columns. It is a modified version of Mander et al. (1988b) model which was

originally proposed by Popovics (1973). Studies by Martirossyan and Xiao (2001) showed

that widely used equation originally proposed by Popovics (1973) may yield inaccurate

results for the descending part of the curve and modified xhoX equation as follows:

Jc —
r — 1 — x k s r '

Strain parameter x is given by,

x =

(3.9)

(3.10)

Modulus parameter r is defined by using £50, instead of Ec used by Mander et al. (1988b)

and Ef is defined similar to previous researchers (Mander et al. 1988b).

The new term EroQ controls the stiffness of ascending branch and makes it. more accurate
*

than the term Ec. It is defined as,

and coefficient &2 is calculated as,

E5Q = 3820 x k2 x / 7 c (3.12)

ko = (LsO\
0.2

(3.13)
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The coefficient k$ in Equation (3.9) controls the descending branch of the stress-strain

curve and given by,

= <

1

In 1 - r +

for 0 < £i < £co

< r

r < In
for scc < £i <

(3.14)
cc < £i <

Martirossyan and Xiao (2001) reported that above stress-strain relationships provide sat-

isfactory comparisons with the available experimental results.

Using a strain and stress ratio Desayi et al. (1979) reported stress-strain curve for

concrete under monotonic loading.

Dr{2)
(3.15)

where,

Dr{2) = 1 +
- 2kp + k(32 Ec 2/3 (3 + 2 2(1 - fc) Ec

'CC.

1 - k E,
(3.16)

k(P - I ) 2 E>

3.2.4 Models capable of predicting lateral strain

Ottosen (1979) proposed a model based on nonlinear elasticity where the secant values

of Young's modulus (Es) and Poisson's ratio (ua) are changed accordingly. However,

Ottosen (1979) model gives the parameter values only for the ascending branch of the

stress-strain curves. It has the capability of modelling axial stress, axial strain and lateral

stiain behaviour. Candappa (2000) used Ottosen (1979) model and developed a stress-

based model which was proven to be valid for HSC. Candappa (2000) model is presented

here in detail as it is the only available model which can predict lateral strains as well.

The model proposed for concrete confined by square transverse ties, includes the basic

nonlinear elastic relationships,

+
(3.17)

£2 =
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where, ax is the axial stress, fi is the effective lateral confining pressure, Es is secant value

of Young's modulus, ei,£2 are axial and lateral strains respectively. va is secant value of

Poisson's ratio for the ascending branch. It is defined as,

va =
if P<Ph

if P>Pi-
(3.18)

Non linearity index (3 is defined as,

fa
(3.19)

where, fcc being the peak stress of confined concrete.

0.7 fc < 40 MPa,

0.7 + 0.005(/c - 40) 40 MPa < fc < 60 MPa, (3.20)

0.8 fc > 40 MPa.

fc being the strength of unconfined concrete, uf is the initial Poisson's ratio and v°j is the

secant value of Poisson's ratio at peak stress.

8 x 10"6(/c)2 + 0.0002/c + 0.138 active confinement,

0.15 passive confinement,

v) = 0.5.

Secant value of Poisson's ratio for the descending branch (i>2) is expressed as,

(3.21)

0.5 + 1.29>/(1 — (3) active confinement,

0.5 + 2.43<y/(l — P) passive confinement.

Secant value of Young's modulus (Es) is defined as,

(3.22)

1/2
E i

-P)-l} (3.23)

where, E{ is the initial tangent modulus of concrete, Ej is the secant value of Young's

modulus at peak stress which is defined as,

Ec
Et = (3.24)

" Ec \ fc 'v/3>
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Eo and Ec being the initial and peak uniaxial secant value of Young's modulus respectively

and (\/J2)f is the square root of invariant at failure. D is a parameter added to fit the

post peak shape of the curve and defined as,

\ Jc J \Jc/

Further details can be found in Candappa (2000).

3.2.5 Axial strain at peak axial stress (ecc)

Several expressions for the axial strain at peak axial stress are available in the literature.

They are based on the relevant experimental results for confined NSC and HSC. Many of

the researchers defined ecc using the peak axial stress, uniaxial strength and axial strain

corresponding to uniaxial strength. Mander et al. (1988b) proposed

£cc = £co [ l + 5 / ^ - l ) ] (3.26)

where fcc and fc are the compressive strength of confined and unccufined concrete respec-

tively and eco is the strain at peak stress (/c) of unconfined concrete. Martirossyan and

Xiao (2001) modified Mander et al. (1988b) equation by introducing a new parameter,

^r - l (3.27)

where coefficient k\ depends on the concrete strength (/c), lateral steel yield strength (/sy)

and lateral reinforcement ratio (ps).

Jc

Unconfined concrete peak strain (eco) was defined as follows:

= 0-9(/c)0-27

£co 1000 •

(3.28)

(3.29)

Issa and Tobaa (1984) proposed an expression using high strengths (83 MPa) which

has a similar form of Equation (3.26). The major difference in this expression is that it

includes the confining pressure.

Jc
(3.30)
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c and d are material parameters. A similar approach was taken by Saatcioglu and Razvi

(1992),

[ (
and Assa et al. (2001a),

^ = 1 + 21.5 (If
&co \Jc

(3.32)

in defining axial strain at peak axial stress. Cusson and Paultre (1995) proposed an

expression for ecc using an effective confinement index (//e),

A similar form of equation was proposed by El-Dash and Ahmad (1995) as,

2/c

(3.33)

(3.34)

where &2 is a function of unconfined concrete strength and the diameter and spacing of

the transverse reinforcements.

Hoshikuma et al. (1997) defined strain corresponding to peak axial stress for circular

sections and square sections separately.

0.00218 + 0 . 0 3 3 2 ^ ^ , for circular sections;

0.00245 + 0 . 0 1 2 2 ^ ^ , for square sections.
Jc

(3.35)

ps is the volumetric ratio of steel and fsy is the yield strength of lateral reinforcement.

Shah et al. (1983) first proposed,

= 1.491 x 10~8/c + 0 .296^ + 0.00195
Jc

(3.36)

and later Diniz and Frangopol (1997) used it in confined HSC. This is not a function of

eco, strain at peak stress of unconfined concrete.

Setunge (1993) and Attard and Setunge (1996) suggested equations for axial strain

corresponding to peak axial stress ecc,

— = 1 + (17 - 0.06/c) (£) (3.37)
£co \jcj

where /; is the confining pressure and eM is the axial strain corresponding to peak uniaxial

compressive strength (generally assumed to be 0.002).

In this study Equation (3.37) is used to define the axial strain corresponding to peak

axial stress (/cc), which is determined by Equation (3.46) in the next section.
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3.2.6 Peak axial stress for confined concrete (/cc)

Many researchers defined the peak axial stress for confined concrete using uniaxial concrete

strength and confining pressure. Shah et al. (1983) suggested,

/ce = /e 122^ /f (3.38)

where fc is the unconfined concrete strength and fi is the confining pressure. Diniz and

Frangopol (1997) also used the same equation.

Saatcioglu and Razvi (1992) proposed a different form of equation as follows:

c0.83 (3.39)

A similar form of equation was suggested by Cusson and Paultre (1995),

4̂  = 1-0 + 2.1 ( f
0.7

Assa et al. (2001a)

fee = fc(l+ 3 . 36^ ,

(3.40)

(3.41)

and Martirossyan and Xiao (2001)

3.96/,. (3.42)

Issa and Tobaa (1994) defined similar form of an equation proposed by Saatcioglu and

Razvi (1992) but the parameters involved were obtained using high strengths (upto 83

MPa).
!f = l + kA. (3.43)
Jc Jc

k\ was given as,

(3.44)

El-Dash and Ahmad (1995) suggested a similar equation as Equation (3.43). However in

their study, k\ is a function of unconfined concrete strength, diameter and yield strength

of lateral reinforcement and volumetric ratio, ki was based on the experimental results of

several other researchers (Mander et al. 1988b; Ahmad and Shah 1982; Issa and Tobaa

1994; Martinez et al. 1984).



Chapter 3: Development of a constitutive model for confined concrete 36

Hoshikuma et al. (1997) defined peak axial stress for circular sections and square

sections separately.

1.0 + 3.83—^, for circular sections;

f
1.0 + 0.73^~p, for square sections,

Jc

(3.45)

where ps is the volumetric ratio of steel and fsy is the yield strength of lateral reinforce-

ment.

Peak axial stress for confined concrete (fee) was defined by Attard and Setunge (1996)

as, k

MH (346)
where k is a constant given by,

0 . 0 6 2 ^ (/c)-021 (3.47)

and ft is the tensile strength. As silica fume was not used in this project tensile strength

is given by,

ft = 0.9 x 0.32(/c)
0-67. (3.48)

In this study equation proposed by Attard and Setunge (1996) is used as the peak axial

stress of confined concrete.

3.2.7 Experimental investigations on high strength concrete

Martirossyan and Xiao (2001) conducted an experimental program to establish the re-

sponse of HSC columns, confined with steel spirals and subjected to short term com-

pressive loadings. The main variables considered were compressive strength of concrete,

amount of confinement and specimen size. They concluded that compressive strength and

strain at maximum stress of normal weight and light weight spirally reinforced columns

increase with increase in confinement stress irrespective of the concrete strength. Liu et

al. (2000) tested twelve HSC columns (60 to 96 MPa compressive strength) under axial

compression to study the effect of concrete strength, tie spacing or the pitch of the spiral,

the diameter of the tie or spiral reinforcement and the cover to the ties.
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3.3 Damage models for concrete
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An elastoplastic constitutive model for damaged concrete materials based on a thermo-

mechanically consistent mechanical model was proposed by Peng et al. (1997). Since the

concrete is generally subjected to triaxial loading, the coupling between volumetric and

deviatoric responses were considered in the model formulation. The effect of hydrostatic

stress on the inelastic deviatoric deformation was considered as follows:

• Hydrostatic stress is introduced into the stiffness of the springs and the damping

coefficients of the dashpot-like blocks.

Proposed model has been validated by comparing with the experimental results of concrete

subjected to triaxial stress histories with cyclic loading and unloading.

3.4 Effect of strain rate on stress-strain behaviour

In severe earthquake ground motions, cyclic loading with high strain rates is imposed on

structures. Behaviour of HSC loaded with high strain rates, such as those that would

resemble the earthquake ground motions, has been studied by only a few researchers

in the literature (Fu et al. 1991a; Fu et al. 1991b; Bing et al. 2000). Bing et al.

(2000) conducted an experimental program to investigate the behaviour of short columns

subjected to concentric loads at different strain rates. Thirty reinforced concrete columns

(240 mm diameter circular or 240 mm square and 720 mm high) with different confining

reinforcement configurations, yield strengths of confining reinforcements and concrete

compressive strengths were investigated. Stress-strain curves for confined HSC loaded at

high strain rates were proposed and compared with the same for NSC. Bing et al. (2000)

concluded that high strain rates seem to have a less effect on stress-strain relationships

of HSC than on NSC.

3.5 Gaps in knowledge

Most of the constitutive models available in the literature for monotonically increasing

loading are for NSC. Only a few researchers (Martirossyan and Xiao 2001; Liu et al.

2000) reported this behaviour for HSC. For both NSC and HSC, the reported models are
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based on column test results which need assumptions about the confinement effective-

ness. None of the above models recorded the volumetric strain of concrete. Furthermore

in load-deflection analysis of columns, lateral confining pressure was suggested to be cor-

responding to the yield strength of steel. However, use of steel yield strength in these

models predicted unconservative results (Sheikh and Yeh 1992). In reality, the confining

pressure or the stress in lateral reinforcement increases gradually with lateral dilation of

concrete until the confining steel yields, after this point, the confining pressure remains

constant (neglecting strain hardening). Therefore the behaviour of confined concrete can

be established accurately if the lateral dilation of concrete is known.

The only exception to all these models is the constitutive model proposed by Candappa

(2000) for confined HSC subjected to monotonically increasing load. It is based on the

triaxial tests which are conducted under well controlled lateral confinement. It has the

capability of establishing axial stress, axial strain as well as lateral strains. However, it is

a stress-based model and involves iteration procedure when applied to passively confined

concrete. Due to the complexity of that model and further the inability to extend that

model for the cyclic behaviour of concrete, led the author to develop another constitutive

model for HSC using the experimental triaxial test results of Candappa (2000). The

formulation of the model is presented in the next section.

3.6 Model formulation

The model formulation is based on the experimental results reported by Candappa (2000),

which were obtained under active lateral confinement.

3.6.1 Experimental results

Candappa et al. (2001) used four grades of concrete (40, 60, 75 and 100 MPa) and three

confining pressures (4, 8 and 12 MPa) as test variables in the experimental program. Since

the tests were performed in duplicate, a total of 24 tests have been reported. Further

details of the experimental program can be found in Candappa et al. (1999), Candappa

(2000) and Candappa et al. (2001). However, for the convenience of the reader, a brief

outline of the experimental set up and procedures are presented here.

Cylindrical specimens (98 mm diameter and 200 mm high) were prepared according to
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AS1012, Part 2 (2000) and cured according to AS1012, Part 8 (2000). Having both ends

properly ground, pores filled with plaster, two strain gauges were placed longitudinally in

two diametrically opposite sides. Similarly, another two strain gauges were placed laterally

at the middle third in two diametrically opposite sides. The specimen thus prepared was

then accommodated in a triaxial cell. Details of the triaxial cell are explained later in

Chapter 7. The required pressure was applied to the specimen using oil through a flexible

polyurethane membrane. A bleed valve was utilised to maintain the required confining

pressure.

The two strain gauges placed longitudinally were used to measure the axial deforma-

tions. Since the strain gauge readings are unreliable after reaching the peak strength,

Linear Variable Displacement Transducers (LVDTs) were also used to measure the axial

deformation of concrete. In all the experimental curves, axial strains were verified using

these two methods of measurements. Similarly, lateral strains were also measured by

strain gauges as well as clip gauge.

3.6.2 Basis of model formulation

The proposed model formulation has several novel key aspects, based on following obser-

vations.

• Lateral strain versus axial strain relationship:

- Normalised lateral strains were plotted against normalised axial strains for all

four concrete strengths and for all confining pressures. It is clearly seen that

for a particular concrete strength, these curves have a similarity in the shape

irrespective of the confining pressure applied. The gradient of these curves is

directly related to an important parameter, Poisson's ratio.

• Shear stress versus shear strain relationship:

- In an attempt to develop a stress-strain model, normalised shear stress versus

normalised shear strain were plotted. Further analysis indicated that these

curves coincide for a particular concrete compressive strength with different

confining pressures. This observation is consistent with the theory that con-

crete failure is a shear type failure (Nielsen 1999).
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• At the peak axial stress volumetric strain becomes zero:

- Volumetric strain is an important factor, especially when lateral confinement

is involved. Normalised volumetric strain versus normalised axial strain curves

have a similar shape. The author found that the volumetric strain is close to

zero at peak axial stress.

The model requires the uniaxial compres;4ve strength of concrete, fc, as an input

variable. Corresponding axial strain eco is assumed to be 0.002 and can be made as input

variable if required. The strain-based model is formulated based on theory of shear failure

with three relationships as follows:

1. Relationship between peak axial stress, corresponding axial strain and lateral strain

2. Relationship between axial strain and lateral strain

3. Relationship between shear stress and shear strain which is used to find a relation-

ship between axial stress, axial strain and lateral strain

In the reported studies so far, a second order parabolic curve, or a form of an equation

was proposed for the ascending branch cf the stress-strain curves of confined concrete. For

the descending branch, previous researchers proposed a linear relationship or an exponen-

tial function. However in some models, at the peak point the peak stress calculated using

ascending branch and descending branch were incompatible. Some models were unable

to establish the behaviour of HSC. They are important issues in establishing behaviour of

confined HSC. The author proposes complete stress-strain curves based on a basic theory

of shear failure of concrete. At the peak stress, the ascending and descending branches are

compatible. The proposed stress-strain relationship consists of different exponential func-

tions for ascending branch and descending branch for unconfined and confined concrete

as illustrated in Figure 3.4.

3.6.3 Developing a relationship between axial strain and lateral
strain

In order to find a relationship between axial strain and lateral strain, the curves shown in

Figure 3.5 were developed based on experimental results reported by Candappa (2000).

Each line in these graphs represents average of two test results.
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Figure 3.4: Typical stress-strain relationship for confined and unconfined concrete.

The curves are for normalised lateral strain (with respect to lateral strain at peak

stress), £'z versus normalised axial strain (with respect to axial strain at peak stress), I\.

and E\ = (3.49)

£i and e2
 a r c axial and lateral strains respectively, ecc is the axial strain corresponding to

peak axial stress and e'rc is the corresponding lateral strain. The gradient of these curves

will be related to the Poisson's ratio. It will be a constant at the beginning and increases

gradually. Therefore the observed behavior can be approximated by a pair wise equation.

e'cc
"*1

if e, < e

if e, > e'.
(3.50)

//' is the initial Poisson's ratio, m\ is a material parameter which depends on the uniaxial

concrete strength. The value of m\ for each concrete strength was found using the best-fit

curves arid summarised in Table 3.4.

m, = 0.0177/c + 1.2818 (3.51)

e' can be obtained by equating the right hand side of Equation (3.50). Rashid et al.

(2002) reported experimental values of Poisson's ratio of concretes in the elastic region

from the available data in the literature (Figure 3.G).

Based on these data, the initial Poisson's ratio for IISC seems to be marginally higher

than those for NSC. Rashid et al. (2002) found that Poisson's ratio changes from 0.15 to
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Figure 3.5: Normalised lateral strain versus normalised axial strain.

0.25 and an average value of 0.2 was justified for a compressive strength range of 20 120

MPa. Initial Poisson's ratio (i/f) is defined by Candappa (2000).

v« = 0.15. (3.52)

In this study Equation (3.52) is used for the initial Poisson's ratio. Therefore if axial

strain (ecc) and lateral strain {E'CC) corresponding to peak axial stress can be expressed,

the relationship between axial strain and lateral strain at any stress-strain state is fully

defined by Equation (3.50).
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Table 3.4: Material parameters in Equations (3.50) and (3.61).

Parameter 40 60 75 100 General equation R2

2.0 2.4 2.5 3.1 0.0177/c +1.2818 0.9717

6.0 5.3 4.4 3.5 -0.0427/c + 7.7381 0.9899
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Figure 3.6: Poisson's ratio for concrete (Rashid et al. 2002).

3.6.4 Lateral strain at peak axial stress (s'cc)

In order to find a relationship between axial and lateral strain at peak axial stress, nor-

malised volumetric strain factor (ev) versus normalised axial strain factor fo) graphs were

plotted for all grades of concrete and all confining pressures. Normalised volumetric strain

factor (ev) is defined as,
ev £1 + 2e2

£v = = (3.53)

where ev<max is tLe maximum volumetric strain.

Normalised axial strain factor ( e j is the same defined in Equation (3.49). The curves

are shown in Figure 3.7. The normalised volumetric strain factors and axial strain factors

corresponding to the peak point are marked as a "x" in each curve. It is clearly seen that

there is a similarity in all the curves irrespective of concrete strength or confining pressure.

Initially volumetric strain increases gradually and then starts decreasing. That is, with

the increasing axial stress, the concrete first contracts and then gradually it expands. At a
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Figure 3.7: Normalised volumetric strain factor versus normalised axial strain factor (The
"x" marked on the curves indicate peak stress points).

particular point the contraction changes to expansion. At this point the volumetric strain

is maximum. This maximum value {ev>max) is approximately close to the point where

axial strain is half of that at the peak axial stress. However, this point changes with the

concrete strength and for the concrete (40, 60, 75 and 100 MPa) considered in this study,

• volumetric strain becomes maximum when 0.5, 0.6, 0.63 and 0.7 of the respective axial

strain at peak stress.

It is interesting to note that there is a point where volumetric strain changes its sign.

That is, at this point the volume of concrete comes back to its original volume. When

the experimental data are carefully analysed for the peak axial stress, it is observed that

volumetric strain becomes zero when peak axial stress is reached. Normalized volumetric
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strain factor and axial strain factor corresponding to the peak stress is marked as "x" in

each curve in Figure 3.7. Therefore at peak stress,

(3.54)e,, = = 0,

and

£ = 2e'

By introducing Poisson's ratio, Equation (3.55) can be written as,

IA = 0.5

(3.55)

(3.56)

where v>j is the secant value of Poisson's ratio at peak stress. This has been addressed

in the literature by few researchers (Ottosen 1979; Madas and Elnashai 1992; Dahl 1992;

Cusson and Paultre 1995; Candappa et al. 2001). Ottosen (1979) suggested a value of

0.36 for Uj and his study is said to be valid up until failure. He further stated that

secant value of Poisson's ratio must always be less than 0.5. Madas and Elnashai (1992)

proposed that Poisson's ratio can reach and exceed the value of 0,5 at high compressive

stresses near failure. Dahl (1992) proposed 0.5 for uj for triaxial tests and later Cusson

and Paultre (1995) and Candappa et al. (2001) found that it is approximately 0.5. Based

on the experimental results by Candappa (2000) and observing the volumetric behaviour

for both normal and high strength concrete (Figure 3.7), it can be confirmed that secant

value of Poisson's ratio at peak stress is 0.5.

3.6.5 Relationship between axial stress, axial strain and lateral
strain

Maximum shear stress (rm a i) and maximum shear strain {^max) are defined as,

_
T"max —

anQ "Jmax — (3.57)
2 ""*" 2

where cr\ is the axial stress, // is the lateral stress (confining pressure), e\ is the axial

strain and £2 is the lateral strain. Shear stress factor is defined as,

maximum shear stress Tmax

maximum shear stress at peak rmp

Similarly shear strain factor is defined as,

maximum shear strain Imax
maximum shear strain at peak j m p

(3.58)

(3.59)
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Shear stress factor (Equation 3.58) against shear strain factor (Equation 3.59) graphs were

plotted for all the grades of concrete and for all confining pressures. They are shown in

Figure 3.8. The relationship between these factors can be approximated by the following
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Figure 3.8: Normalised shear stress factor versus normalised shear strain factor.

(3.60)

exponential functions,

(1 — e""12^) before peak

' - m 3 after peak

where m 2 and m 3 are material parameters. They depend on the uniaxial concrete

strength. Their values for each concrete strength were found using the best-fit curves

and summarised in Table 3.4. Substituting shear stress (f) and shear strain factors (7)

in terms of axial stress (CTI), axial strain (ei), lateral strain (62), maximum shear stress at

peak (Tmp) and maximum shear strain at peak (7mp), complete deformational behaviour
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of concrete can be expressed as,

2rmp(l -
0"! =

+ fi before peak

- ra3) + // after peak.
(3.61)

Thus, having established the axial strain and lateral strain relationship and shear strain

factor and shear stress factor relationship, the actual stress versus strain curves for the

different specimens under various confining stresses are computed and compared to ex-

perimental results. The curves for Grade 40, 60, 75 and 100 concrete are shown in Figures

3.9-3.12 respectively. Each figure includes 3 sets of results for the three different confin-

ing pressures applied (4, 8 and 12 MPa). Due to the lack of experimental data for the

behaviour of actively confined HSC columns, it is unable to apply the model for a similar

situation.
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Figure 3.9: Stress-strain curves for Grade 40 concrete.

The model developed in this chapter is based on experimental results for HSC sub-

jected to active lateral confinement and monotonically increasing axial load. However, it

can easily be extended to predict the performance of passively confined HSC columns as

shown below.
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Figure 3.10: Stress-strain curves for Grade 60 concrete.
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Figure 3.11: Stress-strain curves for Grade 75 concrete.
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Figure 3.12: Stress-strain curves for Grade 100 concrete.

3.7 Model application in columns with passive con-
finement

In the literature, many experimental results on cylindrical concrete columns subjected to

passive confinement are available. Such studies are based on concrete confined by spirals

and hoops (Ahmad and Shah 1982; Martinez et al. 1984; Pessiki and Pieroni 1997),

rectilinear ties (Sargin 1971; Sheikh and Uzumeri 1980; Cusson and Paultre 1995) and

concrete filled steel tubular columns (Shams and Saadeghvaziri 1997). In the last two

decades, the use of fibre reinforced polymer composites as the method of confinement has

been gaining increasing popularity. Experimental results on cylindrical columns confined

by fibre reinforced plastic sheets would be ideal for verification of the proposed model

in this chapter. From the many available experimental results, it was decided to use

the experimental results reported by Candappa (2000), who used carbon fibre reinforced

plastic sheets as the method of confinement. There were two reasons for this selection.

• The complete experimental data in electronic form was easily available for the author



Chapter 3: Development of a constitutive model for confined concrete 50

• Candappa (2000) reported axial stress, axial strain and lateral strain relationships

Since the experimental program carried out by Candappa (2000) has not been published

elsewhere, it is described here in detail.

3.7.1 Experimental program

The main aim of the experimental program was to study the behaviour of confined HSC

columns with monotonically increasing loads. The confinement was provided using carbon

fibre wraps. There were two test variables, namely the compressive strength of concrete

and the level of confinement provided. Three compressive strengths (30, 60 and 100 MPa)

and three levels of confinement (1, 2 and 3 wraps) were investigated. Tests were performed

in duplicate for each wrapping configuration and each compressive strength. All together

18 specimens were tested in the experimental program.

Details of concrete mixes

Concrete mix proportions for the carbon fibre wrapped testing program are given in Table

3.5.

Table 3.5: Mix proportions for carbon fibre wrapped specimens.

Material (for 1 m3)

Cement (kg)

Water (kg)

Coarse aggregate (kg)

Fine aggregate (kg)

Superplasticiser (kg)

W/C ratio

Slump (mm)

CF30

305

150

1500

806

-

0.7

100

CF60

360

180

1130

830

-

0.5

100

CF100

500

140

1340

520

8.7

0.3

150

Table 3.6 gives the 28-day strengths and the strength and the age at time of testing

for all three grades of concrete.

Properties of fibre wraps

Tensile test specimens were prepared in order to determine the stress-strain properties of

the fibre composites. The prepared tensile test specimen is shown in Figure 3.13. The
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i , * •

Table 3.6: Uniaxial strengths (specimens to be wrapped by carbon fibre).

CF30 CF60 CF100

28-day strength (MPa) 20.31 60.95 94.18

Strength at testing (MPa) 28.90 66.03 101.86

Age at testing (days) 78 96 119

Figure 3.13: Carbon fibre tensile test specimen.

tensile stress-strain curves obtained for carbon fibre composites are linear until failure.

They are shown in Figure 3.14. The average tensile strength of carbon fibre composites

was 741.3 MPa (standard deviation of 72 MPa) and the average Young's modulus was

101,920 MPa (standard deviation of 5830 MPa).

x10
,-3

Figure 3.14: Tensile stress-strain curve for carbon fibre composite.
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Specimen preparation

Specimen preparation method plays an important role in fibre wrapped concrete. The

method used by Candappa (2000) is described here in detail.

The cylindrical specimens (150 mm diameter and 300 mm high) were allowed to air

dry for about a week after taking out from the curing bath. They were then sand blasted

to remove any loose particles and the dust was wiped off thoroughly. Any surface pores

were filled with a quick setting filler. Having applied an epoxy-based primer onto the

concrete surface, it was allowed to cure overnight. Before fibre wrapping, the concrete

specimen surface was slightly sanded.

The required length of fibre wrap was cut with an allowance of 30 mm for overlapping.

Laminating resin of equal mass as the weight of the fibre wrap was applied on the surface

of the fibre wrap using a soft brush. Distributing laminating resin and squeezing any

excess resin out was performed using a bubble breaker. The composite fibre was then

wrapped tightly around concrete specimen and allowed to cure for two weeks. All the

specimens were prepared using this method and one such specimen is shown in Figure

3.15. The concrete specimens were wrapped in one, two or three layers of carbon fibre

composite.

Figure 3.15: Carbon fibre wrapped specimen.
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Test procedure

The fibre wrapped specimens were then tested in a compression testing machine which

was set to displacement control at the rate of 0.25 mm vertical displacement per minute.

LVDTs were used to measure the axial deformations. The clip gauge used to measure

the lateral deformations in actively confined concrete was modified to measure the lateral

strains in passively confined concrete columns. A custom made chain was wrapped around

the specimen and connected to the arms of the clip gauge. The clip gauge system is shown

in Figure 3.16.

n Figure 3.16: Clip gauge system used to measure lateral strains.

1

i
i

Confining pressure

The confining pressure exerted by the fibre reinforced plastic sheets on the concrete core is

of passive type. As the axial stress increases, the corresponding lateral strain in concrete

increases and a tensile hoop stress is developed in the confining sheets which is balanced

by the uniform radial pressure due to the lateral expansion of concrete (Figure 3.17).

Confining pressure can then be found by the equilibrium of forces.

X da = (3.62)
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Figure 3.17: Confinement action in FRP composites.

// is the confining pressure, ds is the diameter of the cylinder, fcj is the hoop stress of the

carbon fibre sheet, n^ is the number of sheets and tcf is the thickness of a sheet. Therefore

confining pressure is given as,

fi = Urnps_
ds

The hoop strength of the carbon wrap was assumed to be the tensile strength of the

carbon fibre composite (741.3 MPa). The diameter of the specimen wai 150 mm and the

thickness of one layer of carbon fibre was 0.24 mm. It resulted in the following maximum

pressures.

• 1 Wrap: 2.37 MPa

• 2 Wraps: 4.74 MPa

• 3 Wraps: 7.11 MPa

3.7.2 Results

The constitutive model for HSC presented in this chapter (Section 3.6), is applied to

obtain the behaviour of carbon fibre wrapped concrete columns. The analytical findings

are compared with the experimental results outlined above. Comparisons are shown in

Figures 3.18-3.23.

3.7.3 Discussion

The general shapes of the stress-strain curves obtained for carbon fibre wrapped columns

are significantly different to the curves for concrete confined by lateral steel reinforcement.

Continuously increasing stress versus strain curves can be seen for all specimens except
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Figure 3.20: Stress-strain curves for Grade 60 concrete with 1 carbon fibre wrap.
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Figure 3.21: Stress-strain curves for Grade 60 concrete with 3 carbon fibre wraps.
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Figure 3.22: Stress-strain curves for Grade 100 concrete with 1 carbon fibre wrap.
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Figure 3.23: Stress-strain curves for Grade 100 concrete with 3 cabon fibre wraps.
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I Grade 50 and 100 concrete with 1 wrap (Figures 3.20 and 3.22). This behaviour is due

to the linear behaviour (without any yield points) of carbon fibre composites. After the

initial linearly elastic phase, steel displays a yielding plateau. Therefore after reaching

the maximum stress corresponding to yielding, the confining pressure remains constant.

When high confining pressure is applied to HSC (100 MPa concrete with 3 carbon fibre

wrap), there may be bond failure (bond between concrete and carbon fibre). However,

in the model prediction it is assumed a perfect bond between concrete and carbon fibre.

This may be the reason for the difference in model prediction and the experimental curve

for 100 MPa concrete with 3 carbon fibre wraps (Figure 3.23). Apart from this, all the

other specimens are in good agreement with the model predictions.

All three grades of concrete specimens show a ductility improvement with the increas-

ing level of confinement.

Many researchers (Lorenzis 2001) have noted that the strain measured in the confining

FRP at rupture is in many cases lower than the ultimate strain of FRP tested for tensile

strength. The recorded hoop strains corresponding to rupture had a range of 50 to 80%

of the failure strain obtained in the tensile tests (Xiao and Wu 2000). This phenomenon

considerably affects the accuracy of the model.

3.8 Conclusions

The following conclusions can be drawn from the work reported in this chapter.

1. The proposed stress-strain model for confined concrete is summarised as shown in

Figure 3.24.

2. Volumetric strain is close to zero at peak axial stress. Thus it can be concluded

that the lateral strain at peak axial stress is half of axial strain at the same point

(i.e. z<i = 0.5ei when o~\ = fee). £% and £2 are axial and lateral strains, o\ is the

axial stress and fcc is the peak stress of confined concrete.

3. Volumetric strain reaches its maximum value at the f-xial strain, qCcc, where pa-

rameter q is approximately 0.5 for 40 MPa and increases with increasing concrete

strength to a value of 0.7 for 100 MPa.
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4. The proposed strain-based stress-strain model is a new approach in establishing the

behaviour of confined HSC.

5. The constitutive model for confined concrete subjected to concentric monotonically

increasing loading developed in this chapter is extended to establish the complete

stress-strain curves for HSC with passive confinement. It is proven to be generally in

close agreement with the experimental test results for concrete confined by carbon

fibre wraps.



Chapter 4

MONOTONICALLY INCREASING
LOADS:
Development of load-deformation
characteristics of columns

4.1 Introduction

The analysis method for concrete columns subjected to concentric or eccentric axial loads

can be found in standard text books (Warner et al. 1998). The standard method of column

analysis does not explicitly take into account of the effect of confining reinforcement when

the column is subjected to eccentric loading. This type of analysis is the subject of this

chapter.

Based on the constitutive model for confined concrete subjected to monotonically in-

creasing loading presented in Chapter 3, an analytical method is developed in this chap-

ter for the behaviour of laterally confined concrete columns subjected to eccentric static

loading. The method incorporates the effect of strain gradient on the lateral confining

pressure exerted by transverse reinforcement. It includes modifications for coefficient of

effectiveness. Analysis proposed here .is irified using the experimental results reported in

the literature for short columns (Attard and Foster 1995; Foster and Attard 1997; Saat-

cioglu et al. 1995) and for slender columns (Lloyd and Rangan 1995; Lloyd and Rangan

1996). Experimental results for normal, medium and high strength concrete were used.

By including the effects of confinement, the analytical procedure described in this chapter

provides a better tool for column analysis than the use of stress block for concrete under

61



Chapter 4: Development of load-deformation characteristics of columns 62

a strain gradient.

The results presented in this chapter has been published in Lokuge et al. (2003d).

4.2 Previous work on eccentrically loaded columns

The experimental investigations on eccentrically loaded normal and high strength con-

crete columns can be divided into two broad categories. Some researchers (Attard and

Foster 1995; Saatcioglu et al. 1995; Foster and Attard 1997; Xie et al. 1997) used short

columns. With the use of HSC in building systems, the resulting reduction in column

sizes leads to investigations of the slenderness effect on the column behaviour (Rangan

1991). As a result, a few researchers (Lloyd and Rangan 1996; Ibrahim and MacGregor

1996; Claeson and Gylltoft 1998) used full scale slender columns in analysing eccentrically

loaded columns.

Saatcioglu et al. (1995) tested 12 NSC square short columns (25-35 MP&). They

concluded that the strength and deformability of eccentrically loaded columns can be

improved with the use of well-distributed longitudinal reinforcements and closely spaced

lateral reinforcements. Foster and Attard (1997) tested 36 HSC square short columns (40-

88 MPa). They argued that the ductility measurement for eccentrically loaded columns

should be based on the applied load versus (average strain + curvature x eccentricity)

curves. They concluded that the experimental ultimate strength of HSC columns com-

pared reasonably well with the predictions based on AS3600 (2001) rectangular stress

block. Later Xie et al. (1997) presented a parametric study for 21 rectangular short con-

crete columns (37.5-75 MPa). The study was based on an elasto-plastic three dimensional

finite element model. They concluded that the rectangular stress block in the ACI 318-89

Code overestimates the flexural strength of eccentrically loaded HSC columns.

Ibrahim and MacGregor (1996) reported test results for 20 high strength (60 to 90

MPa) and ultra high strength (115 to 130 MPa) concrete columns subjected to axial

loads with small eccentricities. They investigated the behaviour of plain concrete using

rectangular and triangular columns. They observed that the columns with triangular cross

sections exhibited more ductile behaviour than those with rectangular cross sections. Xie

et al. (1996) used 4 rectangular columns tested by Ibrahim and MacGregor (1996) in a

finite element model comparison. Xie et al. (1996) concluded that well-confined concrete
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n

13

I

columns showed a more ductile behaviour than the poorly-confined concrete columns.

Lloyd and Rangan (1995) tested 36 slender HSC columns (58-97 MPa) having rect-

angular and square cross sections under three different levels of axial los.d eccentricities.

They concluded that increasing the level of eccentricity resulted in a decrease in the fail-

ure load. Furthermore, they observed that for columns with high load eccentricities, the

lateral reinforcement was sufficient to provide some ductility whereas for columns with

low load eccentricities, the lateral reinforcement was insufficient to provide a reasonable

ductility.

Claeson and Gylltoft (1998) tested 12 full scale slender square confined HSC columns

(43-93 MPa) under eccentric loading. They compared the test results with the analytical

findings using a finite element analysis. They observed that an increase in eccentricity will

result in a more rapid decrease in strength of HSC columns than that of NSC columns.

-Samra et al. (1996) studied the available ductility of spirally confined reinforced

concrete columns subjected to eccentric loading. Their analysis method used the stress-

strain relationships proposed by Mander et al. (1988b) for confined concrete. Based on

the analytical findings they emphasised the need to include the effect of eccentricity of

the applied axial load in calculating the required amount of transverse reinforcement to

provide sufficient level of ductility.

Although many research work have been reported in the literature about eccentric

loading of confined concrete columns, there exists a controversial issue about the effect of

strain gradient. One group of researchers (Hognestad et al. 1955, Karsan and Jirs? 1970)

has shown that the use of stress-strain models developed for columns loaded in concentric

compression can be used to model the behaviour of eccentrically loaded columns. However,

Sargin et al. (1971) observed that the stress-strain relationship of concrete under a strain

gradient is different to that of uniform compression. They developed stress-strain models

specifically for the flexural stress block under a strain gradient.

Saatcioglu et al. (1995) noted the effect of strain gradient in the section on the

confinement provided by the lateral steel, which in turn affects the concrete stress at a

given section. Their model is described here m detail.



Chapter 4' Development of load-deformation characteristics of columns 64

4.2.1 Analytical model used by Saatcioglu et al. (1995)

Saatcioglu et al. (1995) used the confined concrete model proposed by Saatcioglu and

Razvi (1992) for concentric loading as shown in Figure 4.1. The axial stress in the as-

Confined concrete

Unconfined concrete

£co £cc £85 £20 Strain

Figure 4.1: Confined concrete model proposed by Saatcioglu and Razvi (1992).

cending branch is given by,

'CC ,

1/(1+2/0

(4.1)

where, e^ is the axial strain corresponding to peak stress of confined concrete, o~\ is the

axial stress and e\ is the axial strain. fcc is the peak stress of confined concrete.

fee = fc + hfle-

fc is the uniaxial strength of concrete and ki is a parameter defined as,

(4.2)

h = 6.7(/te)-0.17 (4.3)

fie is the equivalent uniform pressure,

fie = k2fi (4.4)

where, // is the average pressure and /c2 is a parameter defined as,

L.O (4.5)
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5 is the spacing of the lateral reinforcement in longitudinal direction, 5/ is the spacing of

the longitudinal reinforcement and d3 is the core dimension measured centre-to-centre of

the perimeter hoops. Average pressure (//) is defined as,

s fSy sin a

sds
(4.6)

where, a is the angle between the leg of transverse reinforcement and the column side

crossed by the same leg, As is the area of one leg of the lateral reinforcement and fsy is

the yield strength of lateral reinforcement. The axial strain corresponding to peak axial

stress is defined as,

ecc = £CO{1 K = hfie (4.7)

where, eco is the axial strain corresponding to uniaxial strength of concrete.

The descending branch is defined using the axial strain corresponding to axial stress

of 85% of peak stress (/cc)-

£85 = 260p£cc + £085; P =
dsy)

(4.8)

dsx and dsy are core dimensions in x and y directions respectively.

The effect of strain gradient was incorporated into this model by using an equivalent

uniform pressure (//e) and average pressure (//). However, by arguing that the difference

in confining pressures does not affect the behaviour of the column considerably, Saatcioglu

et al. (1995) used an average confining pressure in establishing the stress-strain behaviour

of concrete (Figure 4.2).

Each of the empirical formula recommended by different researchers was based on a

particular series of tests. The applicability of these formulas to a general case is often

not well established. Therefore in this chapter, an analytically based method is proposed

for the estimation of the behaviour of columns subjected to eccentrically loads. The

methodology incorporates the effect of strain gradient.

4.3 Experimental program

The results from the model proposed in this chapter are compared with the experimental

results for short HSC columns (Foster and Attard 1997), short NSC columns (Saatcioglu

et al. 1995) as well as slender HSC columns (Lloyd and Rangan 1995). The details of

each of the experimental program are presented here.
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Figure 4.2: Lateral pressure and the strain gradient (Saatcioglu et al. 1995).

4.3.1 Short column tests

Foster and Attard (1997) reports investigation of 68 end-haunched square columns (150

mm). But the detailed research report shows curves for only 50 columns. The specimens

were categorised as "L", "M" and "H" (low, medium and high strength) according to the

strength at the time of testing In their study, strengths in the range 40 to 56 MPa was

considered as low strength, 75 MPa as medium strength and 90 MPa as HSC. However

in the study reported in this thesis, compressive strengths over 50 MPa are considered

as HSC. Therefore almost all "Medium-strength" and "High-strength" series and some of

"Low-strength" series of Foster and Attard (1997) study are considered to be HSC columns

in this study. Designated name for each specimen relates to the stiength, reinforcement

arrangement, eccentricity and the spacing of lateral reinforcement. For example, specimen

2M20-60 has 2% longitudinal reinforcement, medium strength concrete, an eccentricity of

20 mm and a centre-to-centre tie spacing of 60 mm. The dimensions and details of the

reinforcement arrangements for the tested columns are given in Table 4.1 and Figure 4.3.

i
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Table 4.1: Details of column specimens (Foster and Attard 1995).
Specimen

2L20-30
2L20-60
2L50-30
2L50-120
4L8-60
4L20-120R
4L50-60
2M20-30
2M50-30
2M50-120R
4M50-30
4H50-30-

U Cover
(MPa) (mm)

40
43
40
40
43
53
40
74
74
73
74
88

10
12
12
14
9
13
9
10
11
10
18
11

A in Fig.4.3
(mm)
101
97
97
93
102
95
102
100
98
100
85
99

Eccentricity
at peak load (mm)

24.8
. 26.2

59
59
14
26
58
26

59.5
63.2
59.5
60.5

Tie
reinforcement

R6-1
R6-1
R6-1
R6-1
R6-1
R6-2
R6-1
R6-1
R6-1
R6-1
R6-2
R6-1

Additional Y12 bars
for 4% columns

B

. ^ ^̂ .̂ ^̂ _̂ ,

(a)

Figure 4.3: Details of column specimens.

(b)

Kfi
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Dimension B was 150 mm in Foster and Attard (1997) study. Dimension A for each

specimen is given in Table 4.1. A number of low and medium strength columns were

tested in a Baldwin 2000 kN displacement controlled testing machine. It was observed

that testing machine did not have the stiffness required to obtain the descending curve for

medium strength concrete. Therefore testing was later moved onto fabricated stiff testing

frame. Loading was either stopped or decreased to make sure the lateral displacement

stability. By doing this, it was possible to obtain the descending branches for a number

of the medium strength and some of the high strength columns. A very slow loading rate

was used.

Saatcioglu et al. (1995) conducted an experimental program for 12 square columns

(210 mm) with two different levels of end eccentricities, 60 and 75 mm and two different

spacings, 50 and 100 mm. The tested specimens had compressive strengths in the range

of 25-35 MPa. Details of the specimens are given in Table 4.2 and Figure 4.3 (a) and (b).

Dimension B was 210 mm in their study. Cover and dimension A for all the specimens were

12.5 mm and 160 mm respectively. Columns were tested in a Tinus Olson universal testing

machine. Monotonically increasing compression was used at a constant end eccentricity.

Experiment was terminated when a significant strength decay was reported indicating

failure. They compared experimental observations with their analytical findings, in which

the effect of strain gradient was included.

Table 4.2: Details of column specimens (Saatcioglu et al. 1995).
Specimen

C4-2
C5-2
C8-1
Clu-2

/ c

(MPa)

35
35

25.3
27.4

Tie
reinforcement

Fig.4.3(a)
Fig.4.3(b)
Fig.4.3(b)
Fig.4.3(a)

Spacing
(mm)

50
50
100
100

End
eccentricity

(mm)
75
75
60
75

In this study, the experimental results presented by Foster and Attard (1997) were

selected for comparison with the model predictions, because they tested HSC columns

and reported lateral strains in concrete as well. No other column tests reported lateral

displacements. Therefore by selecting the experiments carried out by Foster and Attard

(1997), experimental lateral strains could be compared with the lateral strains estimated.
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Further, the report obtained by the author from Foster and Attard (1997) had com-

plete information about the results, compared to other published papers which only had

condensed and limited information.

Low strength concrete columns tested by Saatcioglu et al. (1995) were also compared

with the analytical procedure proposed in this study.

The analytical method developed by Saatcioglu et al. (1995) and presented in Section

4.2.1 for eccentrically loaded short columns, is also utilised to compare the experimental

results of Foster and Attard (1997) and Saatcioglu et al. (1995).

4.3.2 Slender column tests

Lloyd and Rangan (1996) tested slender concrete columns subjected to eccentrically loads.

HSC was used in the tested columns. Detailed information about the experimental results

in a research report (Lloyd and Rangan 1995) was made available. Therefore, in order

to extend the model comparisons for slender concrete columns, the experimental results

reported by Lloyd and Rangan (1996) were used.

Lloyd and Rangan (1996/ tested 36 eccentrically loaded slender columns. Twelve test

series were considered in their experimental program. Column cross sections and the

reinforcement configuration were the test variables in each test series. Each series had 3

specimens differing from one another only by the eccentricity. Column cross sections were

either 175 x 175 mm or 300 x 100 mm. The spacing of the lateral steel was 60 mm for

all specimens. Three different levels of eccentricities 15, 50 and 65 mm were used. The

tested specimens had compressive strengths in the range 58-97 MPa. Prom the 36 test

results, only square columns have been selected in this study. Details of the specimens

are given in Table 4.3 and Figure 4.4 (a) and (b).

Dimension B was 175 mm in their study. Cover and dimension A for all the specimens

were 12.5 mm ond 160 mm respectively. These columns were loaded at a rate of 350 N/min

until failure. Load and the mid-height deflection were recorded for each tested specimen.

The effective length of the columns used in the analysis was 1680 mm.
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Table 4.3: Details of column specimens (Lloyd and Rangan 1995).
Specimen fc Tie Eccentricity

(MPa) reinforcement (mm)

70

VA
VB
VC
VIIA
VIIB
VIIC
XIA
XIB
XIC

92
92
92
92
92
92
97
97
97

Fig.4.4(a)
Fig.4.4(a)
Fig.4.4(a)
Fig.4.4(b)
Fig.4.4(b)
Fi{;.4.'4(b)
Fig.4.4(b)
Fig.4.4(b)
Fig.4.4(b)

15
50
65
15
50
65
15
50
65

(a) (b)

Figure 4.4: Details of column specimens (Lloyd and Rangan 1995).

4.4 Stress-strain model for concrete

The constitutive model for HSC under monotonically increasing load, developed by the

author and presented in the previous chapter is utilised to establish the behaviour of

columns under eccentric loading.

4.4.1 Cover concrete

Jn analytical modelling of column behaviour, treatment of cover concrete needs careful

consideration. If the uniaxia) stress-strain curve for HSC is used, cover concrete ceases to

be effective after the peak stress in uni axial compression. Tests on conventional strength

concrete columns by Sheikh and Uzumeri (1980) suggest that the cover continues to carry

at!
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some load even after the peak compressive stress is attained. Experimental studies on

HSC columns by Cusson and Paultre (1995) suggest that cover spalls suddenly with about

10-15% loss in the peak load. Candappa (2000) incorporated the effect of cover concrete

carrying some load after spalling in his model. Recently Liu et al. (2000) conducted

an experimental program giving particular emphasis to the issue of early spalling of the

concrete cover. Their study showed that the longitudinal reinforcement yielded at the

spalling load and further induce cover spalling due ic circumferential expansion of the

bars. But at the time of cover spalling, they found that the confining reinforcement had

not yielded. After cover spalled off, micro cracking of the core leads to expansion of the

core and activation of the confinement provided by the transverse ties. It will reach a

second peak load when the tie or spiral steel yields which incurs the maximum confining

pressure application to the core concrete. Figure 4.5 shows the mechanics of cover spalling.

Foster et al. (1998) showed that cracking occurs at the cover-core interface as a result of

the triaxial stress condition due to the confinement of the core. They further showed that

the interface cracking occurs regardless of the concrete strength.

Expansion of cover

Confined core <(p

b

b

b

Figure 4.5: Mechanics of cover spalling.
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4.4.2 Effective lateral confining pressure

After the cover concrete spalls off, the confining restraint provided by the ties is activated.

With the increasing load, this confining pressure increases gradually upto a maximum

value, which corresponds to the yielding of the ties. As shown by many researchers in

the literature (Sheikh and Yeh 1992; Mander et al. 1988b; Cusson and Paultre 1995),

confining pressure provided by the ties dissipates- between the longitudinal bars in the

plane of cross section of the specimen and between the ties in the longitudinal direction.

As a result, only a portion of the core area is effectively confined. Therefore,

Aeff = keA (4.9)

where Ae/f is effectively confined core area, ke is coefficient of effectiveness, ke < 1 and

Acore is the area of core (normally defined as the area enclosed by the perimeter of the

centreline"of ties). The effective confining pressure fie is given by,

fie = kefi (4.10)

where fi is the lateral pressure from lateral reinforcement assuming uniform distribution

over the surface of the concrete core.

There have been different definitions for coefficient of effectiveness (ke) reported in

literature. Confining pressure distribution is assumed to be a parabolic arch between the

longitudinal bars as well as between the transverse ties, with initial tangent at 45°. For a

square column, coefficient of effectiveness at the tie level (A;ei) can be expressed as,

= 1 — (4.11)

where Wi is the ith clear distance between longitudinal bars, n is the number of longitudinal

bars, ds is versus distance between the transverse ties and Ast is cross-sectional area of

total longitudinal steel. Coefficient of effectiveness is at its minimum at the tie level; then

it gradually increases in the longitudinal direction upto the midway between ties (Figure

4.6). Coefficient of effectiveness midway between transverse ties (fce2) can be expressed

as,

*- - (1 - £)' (4.12)
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Effectively
;onfined concrete

(a). Section X- X (b). Section Y- Y

(c). Section 2- Z

Figure 4.6: Effectively confined core area of a square column.

where s' is the clear spacing between ties. ke2 is at its minimum at midway between the

ties; then it gradually increases in the longitudinal direction towards the tie level.

Different suggestions are reported in the literature for the effectiveness in confining

concrete, which will dominate the strength of the concrete column after spalling. Fol-

lowing the concept proposed by Sheikh and Uzumeri (1982), researchers have proposed

expressions for confining effect which are similar to Equations (4.11) and (4.12) (Cusson

and Paultre 1995; Assa and Nishiyama 1998) or a combination of those two equations

(Mander et al. 1988b; Cusson and Paultre 1995; Foster et al. 1998). Attard and Foster

(1995) suggested that confining pressure would be dominated by the larger of the values

given by Equations (4.11) and (4.12). It is proposed that confining effect will be governed

by either the spacing and number of longitudinal bars or the spacing of the transverse

ties.

Considering the equilibrium of half of the spiral or tie, the confining pressure exerted

by the reinforcement at yield is given by,

fl = sd.
(4.13)
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>:'
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where As is the cross sectional area of one lateral reinforcement, s is the clear vertical

distance between the steel reinforcement, ds is the diameter of the circular hoop or versus

distance of the steel reinforcement in square columns and fsy is the yield strength of

reinforcement.

Mander et al. (1988a) reported that configuration of the transverse reinforcement

has an effect on the confinement effectiveness coefficient. It varies in the range of 0.4-

0.7 for the rectangular walls and 0.89-1.0 for circular columns. Confining pressures for

some common configurations are shown in Figure 4.7. There are several exceptions to the

normally used equation for calculation of confining pressure (Equation 4.13).

_ 2AsMl+l/V2)
dss

(o)

Figure 4.7: Confining pressures for some common configurations.

Assa and Nishiyama (1998b) defined the confining effect of the transverse reinforce-

ment in a different way as follows:

r Psjsy -0.7^) kekn. (4.14)

ps is the volumetric ratio of transverse reinforcement, s is the spacing of transverse re-

inforcement measured from versus, b is the least dimension of cross section, /ay is the

yield strength of transverse reinforcement and ke and kn are the confinement effectiveness

factors. ke represents the configuration of transverse and longitudinal reinforcements.

n

fee = 1 - ^ 2 ~ (4.15)

Wi is the ith clear distance between longitudinal bars, n is the number of longitudinal

bars and ds is versus distance between the transverse ties. kn represents the confinement
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effectiveness due to the presence of strain gradient along the section depth. The coefficient

M| is related to the applied axial load (N) and is given by,

^ kn = (0.2 + 0 - 8 ^ 2 j • (4-16)

kn ranges from 0.2 for beams and 1.0 for columns with concentric axial compression.

Martirossyan and Xiao (2001) defined the confining pressure as,

fl=P.fyeff. (4-lT)

ps is the lateral reinforcement ratio defined as,

ps = ^ r (4-18)

, '

1 -

• •

i

' • *

where As is the area of one leg of lateral reinforcement, ds is the diameter of the perimeter

hoops, n3 is the number of lateral reinforcement legs in the vertical cross section in spacing

5 and fyeff is the effective stress of confining steel at maximum compressive strength of

HSC column.

f eff = min(/s , / e). (4-19)

fsy is the yield strength of lateral reinforcement. fye is calculated as follows:

/ I f \0-26

/ye = 80x - x ^ . (4.20)
\Ps fc J

This confining pressure calculation is contrary to the conventionally accepted approach

that the confining pressure at peak strength is related to the steel yield strength.

There will be no confining effect in the ascending branch of the load-curvature curve

(A;e = 1) and it will be activated after spalling. In the descending branch of the curve,

there will be a point where the transverse steel yields (ke = A;*). Beyond that point in the

, . descending branch, there will be a uniform confining pressure applied by the transverse

,"*| steel. Between spalling and the time of yielding of transverse steel, coefficient of effective-

ness is assumed to be varying between 1 and A;*. In this study it was decided that smaller

of the values given by Equations (4.11) and (4.12) will give the most suitable indication

.7 of the confinement effectiveness.
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4.4.3 Effect of strain gradient

Effect of strain gradient has to be included in the stress-strain model for confined concrete

columns as it is basically developed based on the tests on concentrically loaded columns.

If the cross section of the column is divided into a number of slices, the lateral strain in

each slice is varied when there is a strain gradient (Figure 4.8).

For a particular axial strain distribution, the lateral strains in each slice can be cal-

culated using the constitutive model for concrete. Using the summation of the original

and final lengths of all the strips (Figure 4.8), the average strain in transverse reinforce-

ment can be estimated. The corresponding confining pressure exerted by the ties is then

calculated using the stress-strain curve for steel. Confining pressure increases with the

increasing lateral dilation of concrete and reaches a maximum corresponding to the yield

of transverse reinforcement.

N.A. "-•

£2

£3

en

£21

H
I I
I—H
I I

H
I I
H—I
I I
U-J

Axial strain Lateral strain

Figure 4.8: Lateral confining pressure.

4.5 Stress-strain model for steel

Poh (1997) has defined the relationship between steel stress (fs) and steel strain (E3) as,

{Est-Ep)es
fs =

1 +
(E3t-Ep)£s

- + Ep (4.21)

where, Est is modulus of elasticity of steel, Ep is plastic modulus, UQ is a reference plastic

stress and mi is the shape parameter of the stress-strain curve. When establishing the

load-curvature curves of Attard and Foster (1995) and Saatcioglu et al. (1995), these
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parameters are changed in order to get the same experimental stress-strain curves for

steel obtained by each of them.

Lloyd and Rangan (1995) assumed an idealised elasto-plastic stress-strain relationship

for steel as follows:

E3t£s if 0 < es < ey,
= (4.22)

fsy if es > ey

' *"l

where fs is the steel stress, es is the steel strain, Eat is the modulus of elasticity of steel,

fSy is the yield strength of steel and ey is the corresponding steel strain.

4.6 Load-deformation analysis

Load-deformation relations for square columns subjected to combined axial load and

flexure are obtained assuming that the plane sections remain plane after bending. Perfect

bond'between the longitudinal steel and the concrete is assumed. Thus it is possible to

get the strain of the longitudinal steel as that of the surrounding concrete at the same

distance from the neutral axis. In the tensile zone of the cross section, it is assumed that

only tension steel resists the tensile forces and concrete does not resist any tensile force.

The stress-strain relationship for concrete is assumed to be as described in Chapter 3.

Equations (4.21) and (4.22) are used for the stress-strain curve for steel.

The cross section- is discretised into a number of slices. Each slice is composed of

either cover concrete only or cover and core concrete. With the assigned strain distri-

bution, which is defined by curvature (0m) and strain in extreme compression side (£t)j

stresses in cover concrete in each slice and in each layer of reinforcement are calculated

using corresponding stress-strain curves. Stress calculation in core concrete requires the

estimation of the confining pressure exerted by the lateral reinforcement due to lateral

dilation of concrete. Method described in Section 4.4.3 is adopted in doing this. Therefore

stress in core concrete is calculated using this confining pressure in the stress-strain curve

for confined concrete.

In order to calculate points on the load-curvature curve (Pm, <pm) for a specified

eccentricity (e*), the strain on the extreme compression side is iterated to satisfy the

condition, \especified(e*) — Zcaicuiatedl < tolerance. The procedure used in establishing

moment-curvature relationships is summarised in Figure 4.9.
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Given eccentricity e*

Laterat strains for N
strips

Final lengths of all N
strips (Q)

Original lengths of all
N strips (R)

| Stirrup strain ((Q- R)/R)
Stress in stirrup

Confining pressure for
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Force in confined
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Change £t

Yes

End

"1
Figure 4.9: Procedure used in drawing moment-curvature curves for laterally confined
concrete.
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According to the experiments carried out by Attard and Foster (1995), eccentricity at

peak load is always higher than initial eccentricity (Table 4.1). This happened due to the

lateral deflections of the specimens near failure. Therefore in the analysis of the columns

reported by them it is assumed that eccentricity varies linearly from the initial eccentricity

to the eccentricity at peak load and then remains constant. In both the column test series

conducted by Saatcioglu et al. (1995) and Lloyd and Rangan (1995), the specified level

of eccentricity was maintained throughout the .experiments.

4.6.1 Ductility measurement

Ductility of the columns tested by Attard and Foster (1995) were evaluated using the two

definitions given below.

1. Commonly used definition for ductility factor is the ratio of curvature corresponding

to 80% of the moment capacity on the descending portion of the moment-curvature

curve and the curvature corresponding to 80% of moment capacity on the ascending

portion of the moment-curvature curve. It is described in Section 2.2.2 in Chapter

2.

2. Foster and Attard (1997) suggested a definition for combined ductility ratio by

considering the work done by a force applied at an eccentricity. It used P versus £

curve (Figure 4.10). P is the load applied and £ is (average strain (eav) + curvature

x eccentricity). eav is the average strain at the centroid of the section. Combined

ductility ratio (Dc) (Figures 4.10) is defined as,

D -§*• (4.23)

where, £u is the combined strain at the ultimate point which is defined as the point

in the descending branch of the curve in which the load is equal to 85% of the peak

load. £y is defined by the 3/4 rule as shown in Figure 4.10.

4.6.2 Analysis of slender columns

An equivalent standard pin-ended column as shown in Figure 4.11 can be used in analysing

slender concrete columns (Lloyd and Rangan 1995). The procedure used to obtain the
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Actual curve

0.85/*

Average strain+curvature*eccentricity

Figure 4.10: Combined ductility ratio in eccentrically loaded column.

mid-height deflection is the one reported by Rangan (1990). It is described here in detail.

The moment at mid-height of the column, M is,

M = P{e + 5) (4.24)

where S is the mid-height deflection of the column and e is the eccentricity of the applied

load, P. In order to use the procedure explained earlier in this section (Figure 4.9), it

is necessary to find the mid-height deflection. In doing that, the deflected shape, v(x) is

assumed to be represented by a sine function as follows:

vlx) = 5sin I — 1

where, Le is the effective length of the column. Thus the curvature is given by,

(4.25)

dx2

ft2 . . fxiTX

=nSsm [z
(4.26)

At mid-height, x = Le/2. Therefore,

(4.27)

\i
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Figure 4.11: Standard pin-ended column (Lloyd and Rangan 1995).

Mid-height deflection, 5 obtained from Equation (4.27) can thus be substituted in Equa-

tion (4.24) to calculate e, which is then compared with the specified value. The iteration

is then performed until the calculated e value and the specified value converge. The

procedure described in Figure 4.9 can now be used for the analysis of slender concrete

columns.

Load-deformation analysis described in Figure 4.9 was conducted for eccentrically

loaded column results made available in the literature. These are:

1. high and normal strength concrete short columns (Attard and Foster 1995),

2. NSC short columns (Saatcioglu et al. 1995), and

3. slender HSC columns (Lloyd and Rangan 1995).

n

i

feM&
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4.7 Analytical findings

4.7.1 Comparison with experimental results of Attard and Fos-
ter (1995)

Attard and Foster (1995) investigated 68 square specimens but only 30 had the complete

ascending and descending branches. They have stated that this happened due to the

limitations of the experiment. Therefore in the present study, only those 30 experimental

observations were compared with the analysis results. Among the 30 tests, 6 of the

results showed no variation of experimental stress-strain curves with the variation of

spacing of lateral reinforcement, when the longitudinal reinforcement details and the

eccentricity were kept constant. There is obviously some faulty in these experimental

results. Therefore these six tests also were not included in the analysis for comparisons.

Consequently experimental results of 24 specimens were compared with analytical results.

The comparisons are shown only for 12 specimens. But the reliability of the analysis

was assessed using 24 specimens. The 12 comparisons shown here were selected to be

representative of the sample in terms of the eccentricity, strength etc. rather than on the

basis of the agreement between the analytical and experimental results.

Saatcioglu et al. (1995) developed an analytical method for the behaviour of eccen-

trically loaded confined concrete columns. The method was based on confined concrete

model proposed by Saatcioglu and Razvi (1992) for concentrically loaded columns. The

model is described in detail in Section 4.2.1. Analytical model for confined concrete was

based on average confining pressure and the descending branch was a straight line. They

reported same rate of strength decay after the peak load regardless of the reinforcement

arrangement. It incorporated the significance of strain gradient in their analysis for eccen-

trically loaded columns. Therefore their procedure is also used in this study to compare

the experimental results.

Figures 4.12-4.17 show the experimental load versus (average strain + curvature x

eccentricity) curves for the eccentrically loaded columns reported by Attard and Foster

(1995). Predicted behaviour using Saatcioglu et al. (1995) method and the analytical

procedure described in this chapter is also presented in these figures.

Experimental and computed peak load and ductility values are given in Table 4.4 and

Table 4.5 respectively. A quantitative comparison has been done in terms of peak load
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Specimen 2L2030
800

600

400D
CO
O

200

800

600

CO

o

400

200

Experimental (Attard and Foster 1995)
—*- Model Prediction

Model (Saatcioglu et al. 1995)

0.002 0.004 0.006 0.008 0.01
Average strain + Curvature * Eccentricity

Specimen 2L2060

0.012

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

0.002 0.004 0.006

Average strain + Curvature * Eccentricity

0.008

Figure 4.12: Load versus average strain 4- curvature x eccentricity for 2L2030 and 2L2060
specimens.
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Specimen 2L5030
500

400

T3
CO
O

500

400

300

200

100

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

0.002 0.004 0.006 0.008 0.01

Average strain + Curvature * Eccentricity

Specimen 2L50120

0.012

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

0.002 0.004 0.006 0.008

Average strain + Curvature * Eccentricity

0.01

Figure 4.13: Load versus average strain + curvature x eccentricity 2L5030 and 2L50120
specimens.
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Specimen 4L860
1200

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

1000

0.002 0.004 0.006 0.008

Average strain + Curvature * Eccentricity
Specimen 4L20120R

0.01

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu etal. 1995)

0.002 0.004 0.006 0.008

Average strain + Curvature * Eccentricity

0.01

Figure 4.14: Load versus average strain + curvature x eccentricity 4L860 and 4L20120R
specimens.
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Specimen 4L5060
600

500-

400-

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

1200

0.002 0.004 0.006 0.008 0.01

Average strain + Curvature * Eccentricity

Specimen 2M2030

0.012

— Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

0.002 0.004 0.006

Average strain + Curvature * Eccentricity

0.008

Figure 4.15: Load versus average strain + curvature x eccentricity 4L5060 and 2M2030
specimens.
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Specimen 2M5030

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

0.002 0.004 0.006

Average strain + Curvature * Eccentricity

Specimen 2M50120R

Experimental (Attard and Foster 1995)
Model Prediction
Model (Saatcioglu et al. 1995)

0.002 0.004 0.006 0.008 0.01 0.012

Average strain + Curvature * Eccentricity

0.014

Figure 4.16: Load versus average strain + curvature x eccentricity 2M5030 and 2M50120R
specimens.



Chapter 4- Development of load-deformation characteristics of columns

Specimen 4M5030
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400
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• KHMIOI KM

— Experimental (Attard and Foster 1995)
- « - Model Prediction

Model (Saatcioglu et al. 1995)

0.002 0.004 0.006 0.008

Average strain + Curvature * Eccentricity

Specimen 4H5030

0.01

— Experimental (Attard and Foster 1995)
- * - Model Prediction

Model (Saatcioglu etal. 1995)

0.002 0.004 0.006

Average strain + Curvature * Eccentricity

0.008

Figure 4.17: Load versus average strain + curvature x eccentricity 4M5030 and 4H5030
specimens.
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and ductility levels (Tables 4.4 and 4.5). It is evident that the methodology adopted by

Saatcioglu et ai. (1995) gives a reasonable prediction for experimental load-deformation

curves of low strength concrete columns whereas analytical behaviour for high and medium

strength concrete columns gives much higher ductility than the experimental values (Fig-

ures 4.12-4.17). This can be attributed to the inadequacy of accounting for the reduction

of lateral dilation under axial load with increase in compressive strength, when using an

average confining pressure as done by Saatcioglu et al. (1995). The average confining

pressure corresponds to the yielding of transverse reinforcement. But in reality, confin-

ing pressure changes with the increasing lateral dilation of concrete and finally reaches a

maximum value.

Table 4.4: Peak loads of eccentrically loaded reinforced concrete columns reported by
Attard and Foster (1995).

Specimen fc Peak load (kN)
(MPa) Experimental Analytical

Proposed Saatcioglu
model etal. (1995)

2L20-30

2L20-60

2L50-30

2L50-120

4L8-60

4L20-120R

4L50-60

2M20-30

2M50-30

2M50-120R

4M50-30

4H50-30

40

43

40

40

43

53

40

74

74

73

74

88

750

700

440

440

1150

945

550

1160

630

672

656

780

732

742

405

392

1083

936

485

1158

603

560

604

718

743

735

433

376

1006

894

524

1190

623

593

647

781

From Figures 4.12-4.17, it can generally be observed that the experimental curves

and analytical curves match well in terms of peak load, shape of the curve and ductility

for most of the medium strength concrete. However, the experimental behaviour of the

one HSC column does not agree well with the analytical behaviour. It is noted that the

reported experimental curve has a straight portion just after the peak stress, which may
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indicate that the loading machine has been unable to follow the specimen for a short while.

In such a situation, loss of some data points may lead to a sharp change in direction of the

measured load strain curves. With the increasing eccentricity, the strength of concrete

columns decreases. This decrease in strength is higher for HSC (columns 2M2030 and

2M5030) than that for NSC (columns 2L2030 and 2L5030).

Table 4.5: Ductility of eccentrically loaded reinforced concrete columns reported by Attard
and Foster (1995).

YSpecimen
Yc Combined ductility * Ductility r

(MPa) Experimental Analytical
Proposed Saatcioglu Proposed Saatcioglu

model et al. model et. al.

* Definition No.l, Section 4.6.1
Definition No.2, Section 4.6.1

(1995) (1995)

2L20-30

2L20-60

2L50-30

2L50-120

4L8-60

4L20-120R

4L50-60

2M20-30

2M50-30

2M50-120R

4M50-30

4H50-30

40

- 43

40

40

43

53

40

74

74

73

74

88

1.50

3.95

4.36

2.76

2.5

1.86

3.26

2.00

2.45

2.09

1.72

2.06

2.61

3.17

3.65

2.79

4.77

2.41

4.25

1.99

2.32

2.48

2.32

2.04'

2.8

2.6

2.4

2.3

2.7

3.4

2.3

2.9

2.1

1.8

2.0

1.8

3.91

2.41

2.8

4.15

6.48

3.93

6.74

2.53

2.94

3.14

2.94

2.51

4.2

3.6

3.2

3.1

5.2

5.8

3.1

5.8

2.8

2.3

2.6

2.3



Chapter 4-' Development of load-deform.ation characteristics of columns 91

4.7.2 Comparison with experimental results of Saatcioglu et al.
(1995)

Saatcioglu et al. (1995) tested 12 eccentrically loaded columns. Figures 4.18 and 4.19

show the moment-curvature curves for the selected specimens from the 12 column tests

conducted by Saatcioglu et al. (1995). The figures include the experimental curves

reported by them and the analytical curves predicted by using two different methods

namely, (1). method proposed by Saatcioglu et al. (1995) and (2). method proposed in

this chapter.

Comparison of analytical findings and experimental results of Saatcioglu et al. (1995)

column tests validates their proposed model for NSC. However, when that analytical

method is applied for the medium and high strength concrete columns of Attard and

Foster (1995), the predicted curves show a more ductile behaviour than the experimental

curves.

The analytical findings using the method developed in this chapter are in reasonable

agreement with the experimental results for eccentrically loaded NSC as well as HSC short

columns.
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Figure 4.18: Comparison of moment-curvature relationships for C4-2 and C5-2 columns.
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Figure 4.19: Comparison of moment-curvature relationships for C8-1 and C10-2 columns.
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4.7.3 Comparison with experimental results of Lloyd and Ran-
gan (1995)

Prom the 36 slender columns tested by Lloyd and Rangan (1995), 9 square columns

have been selected to compare with the model predictions. The experimental and the

computed peak loads and deflections at peak load are shown in Table 4.6. Moment-

curvature relationships for all the slender columns considered in this study are shown in

Figures 4.20-4.28.

Table 4.6: Peak loads of eccentrically loaded reinforced concrete columns reported by
Lloyd and Rangan (1995).

Specimen /< Peak load (kN) Deflection at
Peak load (mm)

(MPa) Experimental Analytical Experimental Analytical

VA
VB
VC
VIIA
VIIB
VIIC
XIA
XIB
XIC

92,
92

92

92

92

92

97

97

97

1693
1013

795

1733

906

663

1928

965

748

2160
1151

838

2104

1058

719

2188

1104

737

6.2

9.7

12.3

7.6

11.1

15.4

5.6

10.7

13.9

4.6

8.0

11.4

4.6

8.6

12.0

4.6

8.6

11.4

The analytical procedure was capable of predicting the ascending branch as well as

the descending branch for all the curves whereas it is observed that the experimental

curves are only for the ascending branch. Lloyd and Rangan (1995) commented that the

descending branches of the curves were difficult to measure and it may be due to the

stiffness of the testing machine.

Model predictions are in reasonable agreement for the low curvature values. However,

it is impossible for the author to make a judgement about the descending branches of the

curves. The predicted peak load is always higher than that in the experimental results

(Table 4.6). On the other hand predicted deflections at peak loads are always lower than

those in the experimental results. These discrepancies between the experimental results
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Figure 4.20: Moment-curvature relationships for series V specimen A.
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Figure 4.21: Moment-curvature relationships for series V specimen B.
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Figure 4.22: Moment-curvature relationships for series V specimen C.
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Figure 4.23: Moment-curvature relationships for series VII specimen A.
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Figure 4.24: Moment-curvature relationships for series VII specimen B.
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Figure 4.25: Moment-curvature relationships for series VII specimen C.
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Figure 4.26: Moment-curvature relationships for series XI specimen A.
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Figure 4.27: Moment-curvature relationships for series XI specimen B.
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Figure 4.28: Moment-curvature relationships for series XI specimen C.

and the model predictions may be due to the assumed sine wave function for the deflected

shape of the column.

4.8 Conclusions

The proposed analytical procedure to model load-deformation behaviour of eccentrically

loaded NSC and HSC short columns compares well with the experimental results reported

by Attard and Foster (1995) and Saatcioglu et al. (1995). However, the model predictions

do not compare well for the slender columns tested by Lloyd and Rangan (1995). The

conclusions resulted from this chapter are summarised as follows:

• The stress-strain model developed in the; previous chapter is effective in the analysis

of eccentrically loaded columns, as it reflects both axial and lateral strain of confined

concrete.

• Proposed analytical procedure is more realistic than the previous methods where

confinement effectiveness is estimated by assuming an effective area of confinement.
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Proposed method uses the confining pressure applied by lateral steel which changes

with lateral dilation of concrete.

• With the increasing eccentricity, the strength of HSC columns decreases more rapidly

than that of NSC.

• Proposed analytical procedure is proven to be valid for NSC and HSC short columns.

• The proposed analysis has both of academic interest and practical implications.

The academic interest is mainly to develop a constitutive model based on triaxial

tests, which are fundamentally more solid than models that are back calculated from

columns testsr The practical implications are that this model, based on triaxial tests,

is more likely to work for a wide range of columns configurations and sizes than the

models back calculated from columns tests, which may not work for columns which

are significantly different from the original test configurations.

• Proposed analytical method does not provide good agreement with the experimental

results for slender columns. The results of slender columns not only depend on the

moment-curvature of cross section, but also on curvature-deflection relationship of

the column. The simplified sine-curve relationship is likely to have contributed to

the lack of good agreement between the results. Therefore it may be necessary to

consider the assumption about the deflected shape of the column.

In the columns considered in this study, lateral reinforcement has been used as the

method of confinement. However, the proposed methodology can also be used for ec-

centrically loaded HSC columns with different methods of lateral confinement such as

steel tubes and FRP composites. Behaviour of column-slab joints where jc t concrete is

confined by surrounding slab concrete is another potential application of the constitutive

model.



Chapter 5

MONOTONICALLY INCREASING
LOADS:
Application of the constitutive model
to estimate the strength of high
strength concrete column-slab joints

5.1 Introduction

In high-rise buildings a significant cost saving can be achieved with the use of high strength

concrete in columns and normal strength concrete in slabs. Since the column load has to

transfer through a weaker layer of slab concrete, the compressive strength of concrete to

be used in design of the column is an important issue. It is termed as the "effective column

strength". It is the uniaxial cylinder strength of hypothetical joint concrete which has the

combined characteristics of slab and column concrete. Reported experimental works to

date indicate that the effective strength of an interior column is greater than the strength

of slab concrete due to the confinement provided by the surrounding slab concrete. It

is also established that at larger ratios of concrete compressive strengths of column and

slab, the effective strength of the column is less than the compressive strength of the

column. The triaxial constitutive model developed for high and normal strength concrete

in Chapter 3 is used in this chapter to model the behaviour of the weaker layer of slab

concrete within an interior HSC column.

Using an iterative procedure to estimate the confining pressure applied by the sur-

rounding slab on column concrete, the stress-strain behaviour and failure stress of the

101
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slab layer within the column can be established. The analytical findings are compared

with the reported experimental work. When the slab is loaded, taking the stress gradient

applied on the column into account in calculating the confining pressure, a better estimate

of the failure stress can be obtained.

The outcomes of this chapter are published in Lokuge et al. (2002b).

5.2 Background

In present day construction of multi-storey reinforced concrete buildings, considerable

economy may be achieved by designing the columns with HSC (/c > 50 MPa) and the

floor slabs with NSC. The preferred construction technique for such buildings is to cast

the columns up to the soffit of the slab they will support and then to cast a continuous

slab. The columns of the next storey are then cast, resulting in a layer of slab concrete

intersecting the HSC columns at each floor level. The axial load on a column must

therefore transverse a layer of weaker floor concrete. Under some circumstances, this

layer may cause a decrease in the load carrying capacity of the column. Therefore it is

difficult to estimate the compressive strength that should be used in the design of the

column.

Current design practices in Australia and overseas in respect to the transmission of

column loads through slabs consist of three approaches. The first approach, commonly

referred to as "puddling", involves placing column concrete within the joint region and

then designing the joint based on the cylinder strength of the column concrete. This

method carries with it unwanted logistical problems as two different grades of concrete

are required to cast the slab, thus extensive planning and a high level of on-site supervision

is required. Some designers avoid the difficulties associated with puddling by opting to

cast the entire slab with HSC, even though there is no need for the extra strength or the

additional associated costs which may lead to an overall less economical building design.

The second approach is based on an assumption that the strength of column concrete

is the same as the uniaxial strength of slab concrete, with the addition of vertical and

lateral reinforcement to the joint region.

The third provision is to design the column using an "effective" concrete strength,

f'ce, which is equal to or greater than the slab concrete strength, /^ , but limited by the
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column concrete strength, /^.. The value of effective concrete strength of the column-slab

joint has been found by previous researchers to be predominantly dependant on the ratio

of column concrete strength to slab concrete strength, the aspect ratio of the joint, i.e.,

the ratio of slab thickness to column side dimension, and the degree of lateral confinement

offered to the joint region by the surrounding slab which will differ for each of the three

types of columns: interior, edge and corner (Figure 5.1).

Corner
column

Normal strength
concrete slabInterior column

(High- strength)

Tributary area

l Normal strength
j concrete beams

Edge Column

Figure 5.1: Column-slab connection.

5.2.1 Reported work on the behaviour of column-slab joints

A summary of previous research on transmission of column axial loads through weaker

slabs are given in Table 5.1. As seen from Table 5.1, investigations on transmission of

HSC column loads through NSC slabs, both locally and internationally have been very

limited.

Based on the test results of Bianchini et al. (1961), the American Concrete Institute

Code 318 (1999) has defined equations for the effective strength of interior and edge

columns. These are given in Table 5.2. These provisions have not been revised for more

than 30 years. Except these three Codes mentioned above, none of the other major codes

cover transmission of axial loads through a weaker layer.



Chapter 5: Estimate the strength of high strength concrete column-slab joints 104

Table 5.1: A summary of previous research.

Investigators Range of,

(MPa)

Range of

(MPa)

Comments

Bianchini et al. (1961) 23 to 51

Gamble and Klinar
(1991)

Kayani (1992)

Siao (1994)

Ospina and Alexander
(1997)

Mcliarg (2000)

72 to 97

13 to 22 Tested 11 column-slab joint
specimens without beams.
Tested 3 column-beam joint
specimens.

17 to 43 Tested 6 column-slab joint
specimens.

A design equation was
proposed based on the
available test data for
interior column-slab joint
specimens.

24.4 to 29.61 39.4 to 50.42 Tested 6 column-beam
specimens.

89 to 120 15 to 46

80.7 to 85.7 30 to 39
or

33.4 to 41.53

A total of 12 column-slab
joint specimens were
tested. Investigated the
effect of the aspect
ratio h/c, where
h = the slab thickness and
c = column dimension.

Tested 6 column-slab
specimens. Steel fibre
reinforced concrete was used
in four of six slab
column specimens.

P
2

Notes:
1 and 2: cube strength of concrete
3: oompressive strength of slab concrete with fibres



Chapter 5: Estimate the strength of high strength concrete column-slab joints 105

Table 5.2: Provisions of design codes.

Interior Columns

ACI 318 (1999) if & / & < 1.4 ; fce = fo

^ f'JfL > 1-4 ; /4 = 0.
ee

CSA A23.3 (1994) if f'JfL < 1-4 ;

* / « / / « > 1-4;

AS3600(2001) if f'Jf'C3 < 2.0 ;

1.05/i4

It is important to note that AS3600 (2001) adopts a critical / 4 / / 4 r a ^ ° °f 2, which

exceeds the commonly accepted value amongst previous investigators and other codes of

1.4. Some work conducted at the University of Alberta (Ospina and Alexander 1998)

on HSC column-slab joints and at the University of Melbourne (Portella et al. 1999)

on corner HSC column-slab joints have shown that the recommendations given in the

American Concrete Code, ACI 318 (1999) and the Australian Concrete Structures Code,

AS3600 (2001) are unconservative. Therefore urgent attention is required to address and

resolve this important issue.

The results of an analytical procedure to model the concrete in the column-slab inter-

face accounting for the confinement provided by the slab concrete are presented in this

chapter. The method uses the triaxial constitutive model developed for confined concrete

and an analytical iterative procedure to estimate the actual confinement provided by the

slab concrete.

5.3 Experimental program

Ospina and Alexander (1997) tested thirty specimens, in four series to observe the be-

haviour of reinforced concrete column-slab joints. Eight interior column-slab connections

have been selected in this study. The constitutive model developed in Chapter 3 is used

to anplyse the joint concrete behaviour.

Details of the tested interior column specimens are shown in Table 5.3 and Figure 5.2.

Dimensions a, b and c are 1380, 1100 and 200 mm respectively for all specimens. Table 5.3

also shows the uniaxial compressive strengths of slab and column concrete separately. The
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Table 5.3: Details of the specimens.

Specimen

Al-A

A2-A

A3-A

A4-A

A2-C

A3-B

A4-B

A4-C

h in Fig.5.2

(mm)

100

100

150

150

100

150

150

150

Slab load

(kN)

0

0

0

0

86

100

93.2

135.2

Concrete

Column

105

112

89

106

112

89

106

106

strength (MPa)

Slab

40

46

25

23

46

25

23

23

slab loads given in the Table 5.3 is the total slab load. It is reported that the dimensions

of the slabs are selected so that the location and the magnitude of the applied slab load,

will result in moments and shear forces at column face representing a prototype joint.

High strength
concrete column

Normal strength
concrete slab

Figure 5.2: Details of specimens (Ospina and Alexander 1998).



Chapter 5: Estimate the strength of high strength concrete column-slab joints 107

5.4 Application of the constitutive model for the con-
fined column-slab interface

When the axial load on column is increased, the slab concrete will apply a confining

pressure on the joint concrete as a reaction for the expansion of the joint concrete. The

estimation of the confining pressure depends on the lateral expansion (strain) of joint

concrete. Therefore the stress-strain model for joint concrete should have the capability

of predicting the lateral strains as well, in order to find the confining pressure from the

slab concrete accurately. The constitutive model developed in Chapter 3 is used in this

chapter to model the behaviour of column-slab joint as it can establish axial stress, axial

and lateral strain relationships.

5.5 Analytical procedure

The layer of weaker slab concrete at the column-slab interface is considered as plain

concrete laterally confined by surrounding slab concrete. When the axial load of the

column increased, the concrete at the interface will try to expand and will be resisted

by the surrounding slab concrete. If the slab is not loaded, the confinement provided by

the slab concrete will be approximately uniform whereas in a loaded slab the confining

pressure will change with the strain gradient in the slab due to bending moment. The

two scenarios are considered separately and are described below.

5.5.1 Unloaded slab

When a column load is applied, there will be a lateral expansion of the joint concrete,

which is restrained by the surrounding slab concrete. Therefore the slab concrete provides

a passive confining pressure to the joint concrete. Figure 5.3 illustrates this for a column-

slab joint with unloaded slab. For this case, the confining pressure is distributed uniformly

over the height of the joint. For a particular axial strain of joint concrete, the lateral

expansion can be estimated using the constitutive model described in Chapter 3. Using

an iterative procedure, the actual confining pressure applied on the joint concrete by the

slab concrete can be calculated. Joint concrete is analysed using this confining pressure

in the constitutive model. Thus the axial column stress corresponding to the particular

axial strain can be deduced. The confining pressure applied by the surrounding concrete
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increases gradually. However, once the slab concrete cracks, the confining pressure applied

on the joint concrete by the slab will either remain same or reduce. Ospina and Alexander

(1997) reports that the slab cracked when the stress on column is about 60% of the peak

stress. Therefore in this study, it is assumed that the confining pressure will not increase

after the joint concrete has reached 60% of the peak siress.

Column load

Slab

Joint expansion

HSC
Column

Joint

Column reactionion T

Confining pressure
over full joint depth

Slab

Figure 5.3: Behaviour of joint concrete in an unloaded slab.

5.5.2 Loaded slab

Stress-strain relations for square columns subjected to combined axial load and flexure are

obtained assuming that plane sections remain plane after bending. Perfect bond between

steel and concrete is assumed thus it is possible to get the strain of steel as that of the

surrounding concrete. It is assumed that the concrete does not resist any tensile force.

The point slab load is applied at the beginning of the test and held constant throughout

the progress of the experiments, while the column load is increased to failure. When the

slab is loaded, bending of the slab places the top region of the joint in tension and the

bottom region in compression as shown in Figure 5.4. Therefore the joint concrete above

neutral axis of bending is not confined by the surrounding concrete, whilst concrete below

the neutral axis is actively confined by the slab concrete. In addition to this active

confinement, the slab concrete applies a passive confinement on joint concrete. This is
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due to the lateral expansion of joint concrete due to the increasing column load.

The joint concrete is divided into a number ni horizontal slices through slab thickness

for the modelling purpose. Each slice is subjected to constant axial strain due to the

column load. Same as for unloaded slabs, there will be a lateral expansion, which ulti-

mately results in a confining pressure application on this joint concrete. This confining

pressure is further increased by the effect due to bending of the slab. Due to the bending

of the slab, the bottom portion of the joint will be under compression. This results in a

compressive force (confining pressure) application on the joint concrete by the surround-

ing slab. Joint concrete is analysed with this added confining pressure and stress-strain

relationship is established. It is assumed that the confining pressure will not increase

beyond that corresponding to 50-60% of the peak stress of joint concrete.

Column load

Slab load

Slab

Confining pressure over
joint bottom region

Tension in slab top
region due to bending

Slab load

Slab

Column reaction

Figure 5.4: Behaviour of joint concrete in a loaded slab.

5.6 Comparison of the model predictions with re-
ported experimental results

Ospina and Alexander (1998) reported experimental results for the behaviour of twenty

interior column-slab joints. It consisted of two series. Series "A" had 12 interior sandwich

plate specimens and the aim of that series was to study the effect of slab loading on the
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joint compressive strength. Eight test specimens from series "A" have been considered

in this study which represent a sample of different slab loads, different slab and column

strengths. Model predictions are compared with the experimental observations reported

by Ospina and Alexander (1998). Figures 5.5-5.8 show the comparisons as stress in the

joint in the vertical direction versus column strain through slab for unloaded and loaded

slabs.

As shown in Figures 5.5 and 5.6, analytical findings are in close agreement with the

experimental observations for unloaded slabs. Ascending branch of specimen A4-A devi

ates from that of the experimental curve. It is observed that the experimental and the

predicted curves match well in terms of the shape and peak load. The only discrepancy

observed is that steeper ascending branch shown in all the predicted curves. A possible

reason for this may bo the assumption made about the cracking stage. That is, in this

study, it is assumed that the slab concrete cracks before the joint concrete reaches its

peak. After this point, the confining pressure exerted by the surrounding slab concrete

will not increase.

The model comparisons with the experimental observations for loaded slabs are shown

in Figure 5.7 and Figure 5.8. Effect of slab load can be analysed, if the specimens A4-A,

A4-B and A4-C are considered (Figure 5.9), where the slab load increases gradually. The

higher the slab load is, the lower the peak stress and the strain at peak stress. This shows

that even with a high slab load, the joint benefits from some confinemont. However, the

confining pressure reduces with the increase in slab load.
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Figure 5.5: Stress-strain curves for unloaded slabs Al-A and A2-A.
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Figure 5.6: Stress-strain curves for unloaded slabs A3-A and A4-A.
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Figure 5.7: Stress-strain curves for loaded slabs A2C and A3B.
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Figure 5,8: Stress-strain curves for loaded slabs A4B and A4C.
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5.7 Conclusions

The analytical method developed is shown to predict the behaviour of reinforced concrete

column-slab interface when a weaker layer of slab concrete is embedded in a HSC column.

Several conclusions are drawn from this analysis.

• The stress-strain model developed in Chapter 3 is effective in structural analysis of

column-slab joints, as it reflects lateral strain of confined concrete. Thus the confin-

ing pressure exerted by the surrounding slab concrete can be accurately estimated.

• The developed method is shown to give good comparisons in modelling the behaviour

column-slab joint of interior columns with or without slab load.

• When the slab load is increased, the maximum compressive strength is decreased.

• In the analytical procedure presented it is assumed that

- slab concrete cracks before column concrete reaches its maximum strength and
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- confining pressure applied by the surrounding slab concrete after this cracking

stage will remain the same.

However, these assumptions need careful investigations to develop the analytical

procedure further.

• Modelling the behaviour of reinforced concrete column-slab joint when a weaker

layer of slab concrete is embedded in a HSC column, is an issue, which has previously

only been addressed by empirical methods. It is advantageous to use analytical

methods, such as the one presented in this chapter, to estimate the strength of

column-slab joint because they would be applicable to a wide range of situations

than the empirical methods presented in Table 5.2.



Chapter 6

CYCLIC LOADS:
Previous works on constitutive
models of concrete and steel

6.1 Introduction

The first part of this thesis, from Chapters 2-5 focused on the behaviour of high strength

concrete (HSC) under monotonically increasing loads. The second part of the thesis

extends the underlying concept of the constitutive model presented in Chapter 3, to

develop a model for the cyclic behaviour of confined HSC. This chapter describes the

previous research work for the behaviour of uuconfined and confined normal strength

concrete (NSC) and confining steel subjected to cyclic loading.

During an earthquake, the structures are subjected to cyclic lateral forces. In per-

forming a structural analysis in a, seismic region, the effect of earthquake loadings on the

structure needs to be analysed. Therefore understanding of the behaviour of concrete and

confining material (typically steel) subjected to cyclic loading is necessary in such anal-

ysis. The stress-strain relationships for concrete under cyclic loading have been studied

from well over four decades. The experimental studies for the behaviour of unconfined

NSC subjected to cyclic axial compression by Sinha et al. (1964), Karsan and Jirsa (1969)

and Desayi et al. (1979) were the first ones to be published. Similar studies were reported

for confined NSC (20-49 MPa) by Desayi et al. (1979), Shah et al. (1983), Mander et al.

(1988a), Watanabe and Muguruma (1988) and Sakai and Kawashima (2000).

The stress-strain curve for both confined and unconfined concrete subjected to cyclic

loading has a general shape as shown in Figure 6.1. It consists of several key components.

117
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Figure 6.1: Stress-strain curve for cyclic loading of concrete.

Terminology and the description for each component or point of the stress-strain curve

(Figure 6.1) are tabulated in Table 6.1.

The envelope curve for cyclic loading of concrete is "ABEFHIM". It is well accepted

among the research community that the stress-strain curve corresponding to monotoni-

cally increasing load forms the envelope curve for cyclic loading. Unloading curve (BC)

represents the behaviour of concrete during unloading and it initiates from the unloading

point (B). Unloading stress and unloading strain are the coordinates of this point (B).

The unloading may proceed upto point "C", where the axial stress becomes zero. This

point is called the residual strain, non-recoverable strain or the plastic strain. If unloading

reaches the plastic strain point, it is called the full unloading (BC and IJ). In the progress

of unloading, if reloading initiates before unloading curve reaches the plastic strain, it is

called partial unloading (FG and KL).

Reloading curve (CDE) represents the behaviour of concrete during reloading. It

initiates from the reloading point (C) and reaches the envelope curve at point "E" which

is named as return point (E,H and M). The coordinates of the last point of unloading

curve or the first point of reloading curve (C,G,J and L), are termed as reloading stress

and reloading strain. In the case of full unloading, reloading point is the same as plastic

strain point (C and J). If reloading reaches the envelope curve, it is called full reloading

(CDE,GNH and LM). If another unloading starts before it reaches the envelope curve, it
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Table 6.1: Terminology used in the stress-strain curve for cyclic loading of concrete.

:B

3
I

Component
or point

ABEFHIM

B,F,I,K

AC
AJ

BC,FG,IJ,KL

C,(jr,J,L

CDE,GNH,JK,LM

BD
FN

E,H,M

BC,IJ

FG,KL

CDE,GNH,LM

JK

X

Terminology and description

Envelope curve

Unloading point

Plastic strain (strain at C)
Plastic strain (strain at J)

Unloading curve

Reloading point

Reloading curve

Damage due to cycle BCD
Damage due to cycle FGN

Return point

Full unloading

Partial unloading

Full reloading

ParLa' reloading

Common point

is called partial reloading (JK). In a particular loading cycle in concrete (BCDE), during

reloading, the stress corresponding to the unloading strain (PD) is always lower than the

initial unloading stress (PB). This loss of stress is termed as deterioration or damage in

concrete due to loading cycle (BD).

Several different definitions have been reported in the literature for the above explained

key components of the stress-strain curves for unconfined as well as confined NSC sub-

jected to cyclic loading. This chapter describes the experimental programs and different

definitions for those key components namely, envelope curve, unloading curve, reload-

ing curve, plastic strain point and the damage in concrete due to each cycle. It finally

identifies the need for a simple constitutive model for confined HSC subjected to cyclic

loading.
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6.2 Previous work on models for cyclic loading of
concrete

Experimental programs to study the constitutive behaviour of unconfined or confined

NSC subjected to cyclic loading date back to the early 1960s. Major objectives of these

experimental programs can be summarised as follows:

• To compare the stress-strain curve for monotonically increasing load arid the enve-

lope curve for cyclic loading of concrete.

• To find the behaviour of unloading and reloading curves.

• To estimate the plastic strain.

• To estimate the damage in concrete due to each cycle of loading.

6.2.1 Experimental work
Unconfined concrete

The research works for cyclic loading of unconfined concrete were published before that

for confined concrete. Sinha et al. (1964) found that the response of concrete to loading

and unloading cycles has not been reported in the literature. As a result, they conducted

an experimental program on twenty four 6 x 12-in cylinders of 28 MPa ccmpressive

strength and twelve 3 x 6-in cylinders of 25 and 20 MPa compressive strengths. Studying

the behaviour of plain concrete under cyclic loading was the aim of the experimental

investigation. There were several points of interest.

1. Shape of the unloading and reloading curves for different loading histories and the

possibility of representing them as a family of curves

2. A comparison of the monotonic loading curve with the envelope curve obtained from

the cyclic loading of concrete

3. Investigation of the uniqueness of stress-strain relationships

Similar to Sinha et al. (1964), Karsan and Jirsa (1969) tested 46 short rectangular columns

subjected to cyclic loading to establish stress-strain curves for plain concrete. Later Desayi

et al. (1979) also conducted few cyclic loading tests on unconfined concrete for the purpose



Chapter 6: Cyclic loads, Previous works on constitutive models of concrete and steel 121

of comparison with confined concrete. Instead of the circular, square or rectangular cross

sections of the specimens as carried out by other researchers, Zhang et al. (1984) tested

58 prismatic concrete specimens (10 x 10 x 30 cm). The compressive strengths used were

50 and 30 MPa and they were tested under three different loading conditions; monotonic

loading, cyclic loading with equal strain increments and repeated cycles of loading in each

strain increment.

Confined concrete

The experimental programs were then extended to observe the behaviour of confined

concrete subjected to cyclic loading. Desayi et al. (1979) performed repeated loading

tests on 150 mm diameter x 300 mm high concrete cylinders with 13-23 MPa compressive

strength and circular steel spirals confining the concrete. The loading and unloading was

performed for 6 to 10 cycles increasing the unloading strain at each cycle until the load

reached 70% of the maximum load after reaching the peak. In their experimental program,

it was decided to have 2-3 cycles before peak stress, 1 or 2 cycles near peak and 2-3 cycles

in the descending branch after the peak stress. Sakai and Kawashima (2000) tested larger

confined concrete cylinders (600 mm high and 200 mm in diameter) than those used by

Desayi et al. (1979). The compressive strengths considered varied from 23 to 36.7 MPa

while the volumetric ratio varied from 0.67 to 2.67%. The specimens were subjected

to uniaxial loading under displacement control. Otter and Naaman (1988) tested 32

cylindrical specimens of fibre reinforced concrete. The compressive strengths had a range

of 25-46 MPa.

Based on these experimental programs, several definitions were proposed for the key

components shown in Figure 6.1. They are explained in detail in the following sections.

6.3 Envelope curve

A definition of the envelope curve is given in Figure 6.1 and Section 6.1. Sinha et al.

(1964) were the first group of researchers to publish research work about the envelope

curve. Their definition is shown in Figure 6.2. They defined it as the locus of broken

lines connecting the start of unloading curve (B or F) and the end of reloading curve (E

or H). Desayi et al. (1979) and Shah et ai. (1983) superimposed stress-strain curves for

monotonically increasing load onto those for cyclic loading of concrete for comparison.
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Figure 6.2: Envelope curve for cyclic loading of concrete.

From the p> oviously published research programs, the envelope curve was defined as the

stress-strain curve obtained under monotonically increasing load to failure for unconfined

concrete (Karsan and Jirsa 1969; Desayi et al. 1979; Perry and Cheong 1991) as well

as for confined concrete (Karsan and Jirsa 1969; Desayi et al. 1979; Maher and Darwin

1980; Shah et al. 1983; Zhang et al. 1984; Yankelevsky and Reinhardt 1987; Mander

et al. 1988b; Otter and Naaman 1988; Cheong and Perry 1993).

6.4 Plastic strain

The definition of plastic strain is provided in Figure 6.1 and in Section 6.1. However,

different estimations of plastic strain are available in the literature. They are presented

here in detail.

6.4.1 Plastic strain based on unloading strain only

The plastic strain was considered to be a function of the unloading strain by many re-

searchers (Karsan and Jirsa 1969; Darwin and Pecknold 1977; Maher and Darwin 1980;

Zhang et al. 1984). Darwin and Pecknold (1977) established an empirical relationship

between the unloading strain in the envelope curve (eun), and the plastic strain (epi), as

follows:

^ - = 0.145 ( ^ ) +0.13
J

(6.1)

lift
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e^ is the ultimate strain in concrete. Similar power function was introduced by Zhang et

al. (1984) for the plastic strain (epi) as follows:

Xp =

Xn = — and Xun = Sun

(6.2)

• e e ( a 3 )

£cc is the axial strain corresponding to peak stress, G and H are material parameters.

Otter and Naaman (1989) suggested that plastic strain for plain and fibre reinforced

concrete is a function of unloading strain. It was approximated by a generalised expo-

nential expression as shown in the Equation (6.4).

(6.4)- Ku\^i e ccj

£pi is the plastic strain, eun is the unloading strain, e^ is the strain at the peak stress of

monotonic curve and ku is an unloading constant which was estimated to be 0.8.

6.4.2 Plastic strain based on unloading stress and strain

et al. (1988b) defined the plastic strain, epi based on the coordinates at the

unloading point (£un, crun), in order to establish the unloading curve from the compressive

loading curve. The procedure used by them is similar for both confined and unconfined

concrete. According to their study, the plastic strain (ep/) depends on the strain ea at the

intersection of the initial tangent and the plastic unloading secant slopes (Figure 6.3).

£a = (6.5)

The value of a will be,

a =
-cc 0.09&

or
un whichever is greater. (6.6)

£cc T" Sun S^

£cc is the axial strain corresponding to peak axial stress. Plastic strain on the secant line

between ea and £un is given by,

[Sun "+" Sa)0~u

where, aun is the axial stress at unloading point and Ec is the modulus of elasticity of

concrete.
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Figure 6.3: Stress-strain curves for unloading and reloading.

6.4.3 Plastic strain based on unloading strain and number of
cycles

Sakai and Kawashima (2000) defined the plastic strain in a different way by arguing that

it increases as the number of cycles increases. They defined the term £pi>n for plastic strain

after n cycles. For the first cycle (n=l) it is given by,

0 if 0 < eun < 0.001,

0.40(eun - 0.001) if 0.001 < eun < 0.0035,

0.94(£un - 0.00245) if 0.0035 < eun < 0.03.

(6.8)

For two consecutive loading cycles from the same unloading point there are two different

corresponding plastic strains (£Pi,n-i and £p/,n). / relationship between these two plastic

strain and the unloading strain (eun), is termed as increasing ratio of plastic strain (7n).
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It is given as,

where,

—n —

7n =
0.945 if n = 2

0.965 + 0.0Q5(n - 3) if n > 3

(6.9)

(6.10)

and n is the number of cycles.

6.4.4 Summary of plastic strain works

Majority of the researchers defined plastic strain using only the unloading strain (Karsan

and Jirsa 1969; Darwin and Pecknold 1977; Maher and Darwin 1980; Zhang et al. 1984).

Few others (Mander et al. 1988b; Sakai and Kawashima 2000) defined plastic strain using

unloading stress or the number of cycles together with the unloading strain. If plastic

strain depends only on the unloading strain, there cannot be different plastic strains

corresponding to many cycles originating from the same unloading strain. In this sense,

plastic strain based on unloading strain and stress and/ or unloading strain and number

of cycles seem to be more realistic than that based on only the unloading strain. As a

summary, plastic strain depends on the the following parameters.

• Unloading stress and strain

• Number of cycles.

6.5 Unloading curve

The shape of the unloading curve is normally characterised by its concavity and single cur-

vature. The mathematical expressions used to describe unloading curve include parabolic

(Sinha et al. 1964; Karsan and Jirsa 1969; Sakai and Kawashima 2000), bilinear (Park

et al 1972; Elmorsi et al. 1998), trilinear (Darwin and Pecknold 1976; Yankelevsky and

Reinhardt 1987), power (Zhang et al. 1984) functions, combined linear and parabolic

functions (Watanabe and Muguruma 1988) and combined linear and power functions

(Otter and Naaman 1989). Each of these proposed types are discussed in detail in the

following sections.

' ; J • ; • ' ;
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6.5.1 Unloading curve as a parabolic function

Sinha et al. (1964) defined unloading curve as a different curve which will be traced in the

stress-strain plane v/hen the strain was decreased from a value above the elastic limit of

concrete. A set of unloading curves were obtained by varying the strain at the unloading

point. It was found that this set can be represented by a mathematical family of curves

named as "family of unloading curves". The family of unloading curves obtained from

the experimental program could be approximated by a second order curve as shown in

Equation (6.11).

a1 + H = ±(e1-X)2 (6.11)

H and / are experimental constants, (ei,cri) are the coordinates of any point in the

unloading curve and X is a parameter which is different for different members of the

family. For an unloading curve passing through a known point (e, <r), these coordinates

are substituted in Equation (6.11) to determine the value of the parameter X.

2 (6.12)

However, the known point (e, a) was not clearly defined by Sinha et al. (1964). It may

be the unloading point or the plastic strain point. Unloading curves obtained from the

above equations compared reasonably well with the experimental results.

Similar to Sinha et al. (1964), a second degree parabola was selected by Karsan and

Jirsa (1969) to represent unloading curve. The findings of Karsan and Jirsa (1969) study

was that the shape of the loading and unloading curve is a function of plastic strain ratio.

The coordinates of the unloading point at the envelope curve (£un,<7un), the common

point (£cp,o-cp) and the plastic strain point (£pi,0) defined the second degree parabola for

unloading curve.

A novel method was adopted by Sakai and Kawashima (2000) in defining the unloading

curve. They first obtained a relationship between normalised stress (<fi) and normalised

strain (ei).

a, = ^- £X = ^ ^ 5 L . (6-13)
0~un tun £pl

ox and ci are axial stress and strain respectively, (oun,eun) are the coordinates of the

unloading point and £pi is the corresponding plastic strain. Therefore for an assigned
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axial strain, e\, axial stress for unloading curves is given by,

2

— av

£l - €pl (6.14)

using the plastic strain defined in Equation (6.8).

A combination of a parabolic function and a straight line was used as the unloading

curve by Watanabe and Muguruma (1988). In their study, unloading curve is a straight

line until it intersects common point of the unloading and reloading curves and after that

it is a parabola.

6.5.2 Unloading curve as a bilinear function

Park et al. (1972) used the idealised behaviour shown in Figure 6.4 for repeated loading

of concrete. At the beginning of unloading, it is assumed that 0.75 of the previous stress

is lost without a decrease in strain and then it follows a linear path with a slope of 0.25JE7C.

Ec is the tangent modulus of concrete. It is noted that the average slope of the idealised

loop is parallel to the initial tangent modulus of the stress-strain curve.

Idealised
response

Figure 6.4: Stress-strain behaviour of concrete with cyclic loading (Park et al. 1972).

A different form of bilinear unloading curve was proposed by Elmorsi et al. (1998).

They defined the typical stress-strain relationship for cyclic compression of reinforced

concrete as shown in Figure 6.5. It is based on the findings of previous experimental

and analytical studies. The unloading curve is composed of two regions, initial unloading

region and the zero stiffness region. The initial unloading region is a straight line which
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starts from unloading point (eun, aun) and has a slope of Eun. The unloading stiffness,

Eun is defined in terms of unloading strain and the strain at the peak stress as given in

Equation (6.15).

(6.15)
Jun

Er
= 1 - 0.3 un - 1

Ec is the tangent modulus of elasticity of concrete and is given by,

Ec > Eun < 0.25Ec. (6.16)

According to the studies by Elmorsi et al. (1998), the initial unloading region ends, when

concrete stress becomes zero. This zero stress is then continued until another reloading

initiates.

Compressive
Stress

Envelope Curve

Compressive Strain

Figure 6.5: Proposed cyclic stress-strain curve for concrete in compression (Elmorsi et al.
1998).

6.5.3 Unloading curve as a trilinear function

Darwin and Pecknold (1977) showed that a model developed to simulate the cyclic re-

sponse of concrete should be capable of accounting for strength degradation, stiffness

degradation and hysteretic behaviour under loading cycles. The proposed model was

based on the experimental data on uniaxial loading of Karsan and Jirsa (1969). Typical

hysteresis curve for the proposed model is shown in Figure 6.6.
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Figure 6.6: Scheme of focal points model (Darwin and Pecknold 1977).

Straight lines are used for hysteresis loops. The size and shape of the loops were based

on several of the findings of Karsan and Jirsa (1969). At high uniaxial strains, Darwin

and Pecknold (1977) approximated the unloading curve by three straight lines: the first

with slope Eo, the second parallel to the reloading line; and the third with zero slope.

The unloading curves initially follow the line with slope Eo between the parallel unloading

and reloading lines. However in the model explanations of Darwin and Pecknold (1977),

it is not clear what should be the slope of these parallel unloading and reloading lines.

Another form of a trilinear unloading curve was proposed by Yankelevsky and Rein-

hardt (1987). They introduced several geometrical points in the uniaxial stress-strain

plane in order to define the unloading and reloading curves. The unloading curve is con-

cave from the unloading point and has a high stiffness. With the progress of unloading,

the slope of the unloading curve decreases gradually at low stress levels. A non dimen-

sional uniaxial stress-strain coordinate system was defined. The non-dimensional stress

coordinate in compression was defined as,

Jc
(6.17)
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where o-\ is the stress and fc is the compressive strength of concrete. The non-dimensional

strain coordinate in compression was defined as,

S=^- (6.18)
'CC

where z\ is the axial strain and ecc is the strain corresponding to the peak stress in

envelope curve, In this coordinate system, the envelope curve is plotted having peak

point coordinates (1,1). As shown in Figure 6.7, the focal points E, F, G, H and I are

placed along the tangent at the origin to the envelope curve with the following coordinates.

UE = -3.0 x Umax

UF = -Umax

UG ~ -0 .75 X Umax

UH = -0.47 X Umax

Ul = -0 .2 X Umax

The coordinates of focal point J are

5/ = -1.0; Ui = 0

(6.19)

(6.20)

(6.21)

(6.22)

(6.23)

(6.24)

For a given unloading point, the following procedure is used to obtain the stress-strain

relationships.

1. Connect the unloading point A(5, U) and the focal point F by a straight line. The

line intersects the non-dimensional strain axis at point B(SB,0). 5 B corresponds to

the plastic strain of that particular cycle.

2. Line connecting the focal point G and known point B intersects at point C(5, Uc)

with a vertical line. Point C is the intersection point of the unloading and reloading

curves.

3. Line connecting the focal point E with the known point C intersects at point D

with the line connecting focal points I and B. Three parts of the unloading branch

is now determined as AC-CD-DB and the initial region of the reloading branch is

also known, BC.
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I
E(SE,UE)t

Figure 6.7: Model for plain concrete under cyclic load (Yankelevsky and Reinhardt 1987).
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4. To complete the reloading curve, remaining part CK is obtained by connecting focal

point J and common point C. K is the intersection point with the envelope curve.

This graphical method was represented by a mathematical formulation in their study.

6.5.4 Unloading curve as a power function

Zhang et al. (1984) defined the unloading curve using the plastic strain explained earlier

in Equation (6.2).

^-(^f)" (6-25)
'un

, <7i) is any strain and stress level in unloading curve, n can be obtained from,

(6.26)

where, Xun is defined in Equation (6.3).

A similar kind of power equation was combined with a linear function by Otter and

Naaman (1989) to form a general polynomial for the unloading curve.

~ = ̂ -p)(~-^ )+P(T—^-) • (6.27)

(o-i,ei) is any point in the unloading curve, (aun,eun) is the unloading point, epi is the

plastic strain, p and nuc are the unloading curve parameters and approximated as 0.9 and

3 respectively.

6.5.5 Unloading curve as a modified form of ascending branch
of monotonic loading curve

A different approach was taken by Desayi et al. (1979) and Mander et al. (1988b) in

defining equations for the stress-strain curves of repeated loading tests. They observed

a similarity between the unloading curve and the ascending branch of the monotonically

increasing loading curve.

The equations proposed by Desayi et al. (1979) were based on the stress ratio (F)

and strain ratio (S) defined as,

and 5 = — (6.28)
Jcc

where (ei,ai) is the strain and stress at any stress level and (eCcJcc) is the peak point

coordinates of confined concrete. Curves were plotted for the unloading F — S values. It
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was found that the general shape of the unloading F — S curve is similar to the rising

branch of the monotonic loading curve. The unloading curve is defined by using the initial

slope of the unloading curve, plastic strain and an intermediate point on the unloading

curve. The unloading curve is thus defined as,

V (P -c tfrr (F -FA
O~\ = (Tun —

Dr(Z)
(6.29)

where,

Dr(3)=(eun-epi)
2aun

+ [(1.353£un(£un - £pi)
2 - 3aun{eun - epl))](eun -

+ \2aun - 0.353£un(eun - epi)]{eun - ePi)2

(6.30)

and

(6.31)Eun = /cc/(0.033£cc + 0.06^)

(<7i, £\) is the stress and strain at any point in the unloading branch, (crun, £Un) is the stress

and strain at the onset of unloading, (/«;, ecc) is the peak axial stress and corresponding

axial strain and epi is the plastic strain.

A similar concept was used by Mander et al. (1988b) in defining the unloading curve.

In their study, it is a modified form of the ascending branch of the stress-strain curve

corresponding to monotonically increasing load. The unloading curve was based on the

plastic strain defined in Equation (6.7).

O\ =

xun and run are given by,

where,

and

O'un^un'^'un
1 JL. inT\

un *• i x i n

E — E

•t/ser. —

un J-'sec

un

*EiLn —

Eun is the initial modulus of elasticity at the onset of unloading and given by,

(6.32)

(6.33)

(6.34)

(6.35)

(6.36)
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6.5.6 Summary of models for unloading curve

The unloading curve of unconfined and confined NSC is defined in many simple equa-

tions (parabolic, bilinear and trilinear) and complex equations (power). An interesting

approach was used by few researchers, who found a similarity in the shape of the un-

loading curve and the ascending branch of the monotonically increasing loading curve for

concrete. The parameters defining the unloading curve can be summarised as follows:

• Unloading point

• Common point

• Reloading point or plastic strain point

6,6 Damage due to each cycle

When concrete is unloaded from the point (aun, eun) and reloaded again, in the reloading

curve the stress value corresponding to unloading strain is always lower than the unload-

ing stress (aun). This stress loss is called damage due to this loading cycle and this is

illustrated in Figure 6.8.

a.

£un Axial strain

Figure 6.8: Damage due to loading cycle.
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Mander et al. (1988b) defined the damage in concrete in terms of the unloading stress

(o~un) and reloading stress (crro).

'new = 0.92aun + 0.08crro- (6.37)

anew is the new stress level reached at the end of reloading. In order to estimate the

deterioration of stress at unloading strain, eun after unloading and reloading, a stress

deterioration ratio, /?n was introduced by Sakai and Kawashima (2000) as given below:

Pn = — • (6-38)
0~un

aun is the unloading stress and anew is the new return stress. Deterioration ratio depends

on the number of cycles, n and unloading strain, sun. If 1 < n < 2, then

= <

1 if 0<£un< 0.001

l - ( 1 0 n + 22)(ettn-0.001) if 0.001 < eun < 0.0035

0.92 + 0.025(n - 1) if 0.0035 < eun < 0.03.

(6.39)

If n > 3, then

1 if 0 < e u n < 0.001

1 - (2n + 8)(eun - 0.001) if 0.001 < eun < 0.0035 (6.40)

0.965 + 0.005(n - 3) if 0.0035 < eun < 0.03.

In summary, the damage due to each unloading reloading cycle has been termed as a

function of unloading stress and reloading stress (Mander et al. 1988b) or as a function

of unloading strain and the number of cycles (Sakai and Kawashima 2000).

6.7 Reloading curve

The shape of the reloading curve is more complex than that of the unloading curve.

Existing models use straight line (Sinha et al. 1964; Darwin and Pecknold 1976; Aoyama

and Noguchi 1979; Yankelevsky and Reinhardt 1987; Otter and Naaman 1989; Elmorsi

et al. 1998), bilinear (Park et al. 1972; Yankelevsky and Reinhardt 1987), parabolic

(Karsan and Jirsa 1969; Desayi et al. 1979), combination of a straight line and a parabolic

function (Mander et al. 1988b; Watanabe and Muguruma 1988; Sakai and Kawashima

2000) and a power function (Zhang et al. 1984). Each type is discussed in detail in the

following sections.
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6.7.1 Reloading curve as a straight line

Sinha et al. (1964) reported that after unloading, if the strain is increased then another

curve is traced in the stress-strain plane which will be called as a reloading curve as

described in Figure 6.1. Due to the hysteresis effect, reloading curve is different from the

unloading curve. Reloading curves starting from different stages of unloading forms a set

of reloading curves. If this set of reloading curves can be represented by a mathematical

family of curves it is called "family of reloading curves" by Sinha et al. (1964). From the

experimental results, the family of reloading curves could be represented by straight lines

as follows:

a1-'rK = Yfa + L). (6.41)

K and L are experimental constants and Y is a parameter which could be found similar

to parameter X in Equation (6.11).

Y=G-±4. (6.42)
e + L K J

By comparing with the experimental results, Sinha et al. (1964) concluded that the

analytical curves are sufficiently realistic.

Both Darwin and Pecknold (1977) and Yankelevsky and Reinhardt (1987) approxi-

mated the reloading curve by a straight line from the plastic strain (epi, 0) point through

the common point. Same idea was supported by Elmorsi et al. (1998) and replaced the

plastic strain point by the general reloading point (ero, aro)- In the proposed model, com-

mon point (Ecp, £7cp) is assumed to be the intersection of the initial unloading curve and

the reloading curve and a^ is assumed to be 0.7o"un. In their study, reloading point or

the plastic strain point and common point were used in defining the reloading curve.

Instead of the common point used by Darwin and Pecknold (1977), Yankelevsky and

Reinhardt (1987) and Elmorsi et i. (1998), return point coordinates were used by Otter

and Naaman (1989) in defining the reloading curve. Otter and Naaman (1989) selected a

linear expression for the reloading curve by arguing that it provides a good approximation

to the actual behaviour and it is a continuous function throughout. It is given by,

EL = (flZln) (6.43)

where (<Ti, £I) is any point in the reloading curve, (are, eTe) is the return point (ie. point at

which the reloading curve reaches the envelope curve) and epi is the plastic strain. Otter
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and Naaman (1989) defined the return point as a function of unloading strain as shown

in Equation (6.44).

— = 1- kr. (6.44)

ere is the return strain, £•«. is the strain at the peak stress of monotonic curve and constant

kr can be taken as 0.1 for both plain and fibre-reinforced concrete.

6.7.2 Reloading curve as a parabolic function

Karsan and Jirsa (1969) defined a second degree parabola for reloading curve using the

coordinates of the reloading point (epi,0), the common point {ecp^cp) and the point at

which the reloading curve reaches the envelope curve (ere, are).

Desayi et al. (1979) defined the reloading branch using stress ratio (F) and strain ratio

(5) defined in Equation (6.28). It starts from the plastic strain of the previous unloading,

intersects the unloading branch and meets the envelope curve. F — S curve for reloading

was approximated by a second degree parabola. The reloading curve was defined by using

the initial slope of the reloading curve and an intermediate point on the reloading curve.

It was thus defined as,

"0.8aun-Eri(eun-£pi)'
£pl)

where,

(6.45)

(6.46)

6.7.3 Reloading curve as a combination of straight line and a
parabolic function

Mander et al. (1988b) reported tha.t the coordinates of the reloading point (ero,^ro) may

be from either the unloading curve or from the cracked state where eT0 = (epi - £ts) and

oro — 0 as shown in Figure 6.3. eis is the tensile strain and is given by,

E ~ f t£ts ~ W
(6.47)

A linear stress-strain relationship which accounts for the degradation due to cyclic be-

haviour is assumed between reloading strain and unloading strain,

o~\ = crro + Er (ei — ero) (6.48)
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to a revised stress magnitude which is denoted by anew, defined in Equations (6.37) and,

(6.49)
£ro

Mander et al. (1988b) introduced a parabolic transition curve between the linear reloading

relation and the monotonic stress-strain curve return coordinates {ere,Vre)- The common

return strain is given by,

— £, 4-

~ °~new) X I
V

—

Er
(6.50)

Parabolic transition curve is defined as,

Erex + Ag2

where,

A =

9 — ^1 ^re>

(o~new — O"re) ~ Er(£un - £re)

(6.51)

(6.52)

Ere and are are the common return point tangent modulus and the stress calculated using

return strain, ere using the monotonic stress-strain curve.

Sakai and Kawashima (2000) defined the axial stress for reloading curves for an as-

signed axial strain, £i as,

(71 = <

2.5aun ( g l £p''n ) if 0 < ej < 0.2

Erl\£\ ~ Sun) "i" ̂ new if 0»2 < 5j < 1.0

(6.54)

where epi>n is the plastic strain in cycle n. £\ is the normalised strain defined in Equation

(6.13) and ETi is the averaged modulus of the reloading and given by,

O'new ~ (6.55)

Watanabe and Muguruma (1988) used a combined parabola and a straight line to define

the reloading curve. According to their study, reloading curve is a straight line until it

meets the common point and from that point it is a parabola till it intersects monotonic

curve.
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6.7.4 Reloading curve as a power function

Zhang et al. (1979) defined the reloading curve from zero stress (epi, 0) to a tangent point

(ere, are) to the envelope curve. The relationship between ere and epi was proposed as,

where

= LX™

and Xp =

(6.56)

(6.57)
&CC

L and M are material parameters. Reloading curve was thus defined as,
/ . _ \ 1.2

cri ( ei - epi \
(6.58)

(ei,o'i) is any strain and stress level in reloading curve.

6.7.5 Common points

From the experimental results of Sinha et al. (1964) it is concluded that the stress-strain

relationship for concrete under repeated loading histories has a band of points which

are defined as the point of intersection of the unloading curve and the reloading curve.

Stresses above the common point curve result in additional strains while strains below

common point curve result in a loop of stress and strain during a loading/unloading

cycle. This idea was supported by Karsan and Jirsa (1969) using the tests results of 46

rectangular short columns. For the model developed by Darwin and Pecknold (1977), this

band of points was reduced to a single curve called locus of common points (Figure 6.9).

The number of cycles to failure was said to be controlled by the location of the common

points with respect to envelope curve. When the locus of the common points was lowered,

fewer cycles are needed to intersect the same stress level in envelope curve. Watanabe

and Muguruma (1988) proposed a hysteresis model for cyclic loading, defining a common

point curve by scaling down the monotonic curve by 0.9 times about stress and strain

axes.

Darwin and Pecknold (1977) reported that the energy dissipation in each cycle is

controlled by the location of the turning point. The lower the turning point is the higher

the energy dissipated per cycle. They pointed out that the model dissipates less energy

than it is for real specimen for low strains which is a common defect of many hysteresis

models and higher energy for higher strains.
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Figure 6.9: Control points for hysteresis loops (Darwin and Pecknold 1977).

6.7.6 Summary of the models for reloading curve

According to all the reported stress-strain curves for the reloading curve for NSC, there

are several points of interest in defining the reloading curve. They are,

• Plastic strain

• Reloading point

• Return point

• Unloading point

• Common point

6.8 Partial unloading and reloading

Otter and Naaman (1989) discussed the response of concrete to random load histories by

considering partial unloading and reloading.
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6.8.1 Location of reloading point for partial unloading

The actual reloading strain for partial unloading with full reloading is a function of the

amount of unloading. An interpolation function is proposed for the actual reloading strain

(Figure 6.10),

Figure 6.10: Interpolation of reloading point for partial unloading.

— &un i
O'un ~ •ipu

(6.59)
'un

-rp is the reloading strain for partial unloading and full reloading, ero is the reloading

strain for full unloading and reloading, aT0 is the lowest strain reached during unloading

and ripu is the partial unloading parameter. Consider the example shown in Figure 6.11

of a specimen, which had a previous loading up to point A, but now fully unloaded up to

point B. If it is fully reloaded and unloaded, it will follow the path BCD. The following

expression is proposed for the new envelope unloading point,

ipu

O V e -
(6.60)

where euoid and eunew are the old and new values of the envelope unloading strain eun,

(£re,o-re) is the return point on the envelope curve if full reloading occurred, cr^ is the

highest stress level attained during reloading, crro is the stress at which reloading began

and nrp is the partial reloading parameter.
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Figure 6.11: Interpolation of plastic and envelope strains for partial reloading.

6.9 Unloading/reloading cycles in the elastic region

Darwin and Pecknold (1977) defined at low uniaxial strains (in the elastic region) reloading

follows a single line with a slope of Ei, tangent modulus of elasticity at zero stress. This

idea was supported by Elmorsi et al. (1993) who proposed that if the reloading occurs

in the initial unloading region, it follows the same unloading curve until it meets the

envelope curve. They did not comment on the slope of the unloading or reloading curves.

However, they defined the initial unloading region which is the same as the elastic region

defined by Darwin and Pecknold (1977). The initial unloading region terminates when the

stress reaches zero during unloading and then continues with zero slope and zero stress

level upto the origin.

6.10 Validation of the models

Some of the models reported in the literature for cyclic loading of concrete have been

validated using either the previously published or new experimental results.

Model proposed by Yankelevsky and Reinhardt (1987) was compared with several uni-

axial cyclic tests carried out by previous researchers and shown to have a good agreement.

Similarly, the model proposed by Elmorsi et al. (1998) was compared with the experi-

mental results of Karsan and Jirsa (1969) and they concluded that although the model is

quite simple it compares fairly well with the experimental results.
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Darwin and Pecknold (1976) presented numerical solutions for two shear panels tested

by previous researchers and concluded that proposed model agrees well with the experi-

mental results. They further presented model comparisons for a shear wall-frame system

loaded monotonically and a shear wall loaded cyclically. Desayi et al. (1979) concluded

that the proposed model for the cyclic loading of confined concrete represented the exper-

imental curves satisfactorily. Thirty one nearly full size reinforced concrete short columns

of circular, square or rectangular wall cross section and with different configurations of

lateral and longitudinal steel were tested by Mander et al. (1988a) in order to validate

the proposed stress-strain model for confined concrete (Mander et al. 1988b).

6.11 Previous work on models for cyclic loading of
reinforcing steel

In the literature, several models have been used to depict the Bauschinger effect in cyclic

loading of steel, by using the Ramberg-Osgood or Menegotto-Pinto relationships (Dodd

and Restrepo-posada 1995). Ramberg-Osgood relationships were used by Park et al.

(1972) and Lim (1986). Dodd and Restrepo-posada (1995) proposed a closed form re-

lationship for any set of end conditions for steel behaviour under cyclic loading. Kwan

and Billington (2001) pointed out that a model for steel can have a significant influence

on the hysteresis behaviour of structural elements. Not having the Bauschinger effect in

steel constitutive model can lead to an overestimating energy capacity.

The hysteresis model used for steel stress-strain behaviour has a general shape shown

in Figure 6.12. Loading prior to any unloading follows the monotonic loading curve with

slopes of Est, modulus of elasticity of steel in the elastic region, 0 modulus of elasticity

in the plastic region and Esh, strain hardening modulus in the strain hardening region.

Unloading path follows the initial elastic slope, Est. During unloading, after first yield

excursion, the curve becomes non linear due to Bauschinger effect. Reloading after non

linear unloading follows the initial elastic slope and it becomes non linear again.

The non linear unloading and reloading parts of the steel stress-strain curves are

represented by the Ramberg-Osgood relationship as follows:

/ . 1 +
'st

A
fch

(6.61)
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Figure 6.12: Hysteresis behaviour of steel.

es is the steel strain, eSi is the steel strain at the beginning of loading run, fs is steel stress,

Est is steel modulus of elasticity, ri is "Ramberg-Osgood" empirical parameter and fch is

defined by,

Jch — Js
0.744 0.071 0.241 (6.62)

) 1 - exp(1000efp)

where fsy is the yield stress of steel and £{P is the plastic strain produced in previous

loading run.

If first yield occurs at n = 0, then n = 1 is the first post yield stress reversal, n = 2 is

the second post yield reversal . . . etc. "Ramberg-Osgood" parameter is defined for "odd"

and "even" cycles separately, "odd" cycles are odd numbered loading runs (n = 1,3,5,...)

and "even" cycles are even numbered loading runs (n = 2,4,6,...). Ramberg-Osgood

parameter is different for odd and even cycles and are given as follows:

4.489 6.026
ln(n + 1) exp(n) — 1

and

'PAtp.n —
2.197 0.469

+ 0.297

+ 3.043.

(6.63)

(6.64)
ln(rc -f-1) exp(n) — 1

Since the investigation of the behaviour of steel subjected to cyclic loading is beyond the

scope of this study, it was decided to approximate it by the Ramberg-Osgood relationship.
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6.12 Conclusions

A number of experimental programs have been carried out for the behaviour of unconfined

and confined NSC subjected to cyclic axial compression. Based on the results, envelope

curve, unloading curve, reloading curve, plastic strain and deterioration in axial stress due

to each cycle have been empirically proposed. They provide a good understanding and

the background information necessary to model the cyclic behaviour of unconfined and

confined NSC. However, the reported research works to-date do not address the following

issues:

• High strength concrete

None of the experimental programs carried out so far has considered the behaviour

of unconfined or confined HSC subjected to cyclic loading.

• Lateral strain

- All the published models established axial stress, axial strain relationship for

unconfined and confined NSC subjected to cyclic axial compression. None of

them was capable of modelling the lateral dilation (strain) of concrete which is

essential in the confining pressure calculations, especially in HSC where lateral

dilation is expected to be less.

- None of the reported research work has addressed the effect of unloading on

lateral confining steel and the resulting effect on the behaviour of confined HSC

columns.

The issues which need to be carefully investigated for the behaviour of unconfined or

confined HSC subjected to cyclic axial compression are as follows:

• Validity of using the stress-strain curve for monotonically increasing load as the

envelope curve for cyclic loading.

• When unloaded in the elastic region, whether the unloading curve and the reloading

curve follows the same straight line as in the case for NSC.

• The validity of extrapolating stress-strain curves from column test results.

The stress-strain models were back calculated from the column results and therefore

subjected to many assumptions about the effectiveness of the confinement.
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• Complexity of using the stress-strain models for analysing reinforced concrete struc-

tures.

Elmorsi et al. (1998) have pointed out that most of the previous analytical models

for cyclic loading of concrete give better comparisons in element level but their use

is limited due to the complexity in analysing actual reinforced concrete structures.

As shown in Chapters 3-5, fundamental constitutive model for confined concrete devel-

oped based on tests with controlled active confinement is extremely powerful in predicting

the behaviour of confined HSC subjected to monotonic loading. It is hypothesised that a

similar approach would lead to a good understanding of the behaviour of HSC columns

under cyclic loading. Such a constitutive model can be used in conjunction with hystere-

sis behaviour of confining steel to give a realistic prediction of the behaviour of laterally

confined HSC column under cyclic loading.

£
• ,<\

i. ,'r ^



Chapter 7

CYCLIC LOADS:
Experimental program

7.1 Introduction

As identified at the conclusions of the previous chapter, there is a significant gap in

knowledge about the behaviour of laterally confined HSC subjected to cyclic loading.

Whilst column tests on NSC give an insight to the general behaviour, fundamental mate-

rial behaviour and specially the change in lateral or volumetric strains of concrete under

cyclic loading is poorly understood. The experimental program developed by the author

addresses this gap in knowledge.

This chapter describes a testing program carried out to obtain relationships between

axial stress, axial strain and lateral strain for HSC under cyclic loading and subjected

to constant lateral confining pressures. Compressive strengths of concrete tested were

44, 58, 83 and 106 MPa. Uniform confining pressures applied were 4, 8 and 12 MPa.

An introduction of the triaxial testing equipment which accommodates the specimen, an

in-house built clip gauge that is used to measure the lateral strain, experimental set up,

problems encountered in the trial tests, measures taken to overcome them and an outline

of the experimental procedure carried out are explained in detail in this chapter.

The experimental findings which resulted from this chapter are published in two re-

search papers, Lokuge et al. (2002a) and Lokuge et al. (2003c).

147
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7.2 Test variables

The major variables investigated were the compressive strength of concrete, the confining

pressures maintained on the specimen and the two different loading regimes.

7.2.1 Compressive strength

Four compressive strengths were used as testing variables, which demonstrate the be-

haviour of a range of HSC (Grade 60, 80 and 100) and Grade 40 was also used for com-

parison with NSC. The four compressive strength grades of concrete were designated as

Grade 40, Grade 60, Grade 80 and Grade 100 and they resulted in compressive strengths

of 44, 58, 83 and 106 MPa respectively.

7.2.2 Confining pressure

A review of available literature on experimental studies of confined NSC and HSC was

conducted to make a decision about the range of confining pressures. For the reported

column tests, an equivalent confining pressure was calculated using the method suggested

by Mander et al. (1988b) which is similar to that proposed by Sheikh and Uzumeri (1980).

The calculated equivalent confining pressure can be divided by the strength of concrete

under uniaxial compression to obtain the normalised confining pressure. Candappa (2000)

conducted triaxial tests on confined HSC using 4, 8 and 12 MPa confining pressures.

Majority of the column tests reported in the literature were passively confined. However,

a few studies have been conducted on column tests using active confinement.

Active confinement versus passive confinement

Where testing of laterally confined concrete is concerned, researchers tend to have a prefer-

ence in using passive confinement such as spiral reinforcement in columns. The advantage

of these kinds of column tests is that the specimens need not to be accommodated in a

Hoek type triaxial cell to apply confining pressure. As a result, measurement of strains is

straight forward in these tests. The disadvantage of using passive confinement is that the

stress-strain models have to be back calculated from the column test results and there-

fore subjected to many assumptions. Constitutive models based on column tests use an

1 ji.; -::
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estimate of the level of confinement. In tests with active confining pressure, level of con-

finement is determined by the test and is accurately known. The confinement provided by

spirals or ties (in passive confinement) is not uniform and hence an effective confinement

area has to be assumed. In active tests the entire test specimen is uniformly confined. In

this sense, the triaxial tests presented in this chapter are "pure" as they directly measure

the behavior of confined concrete. Constitutive models based on active tests tend to be

more repeatable and less case dependent than models based on passive test results.

Therefore it was decided to use 4, 8 and 12 MPa as the confining pressures. They

were selected to be consistent with Candappa (2000), so that cyclic loading results can

be compared with Candappa (2000)'s monotonic loading results. The confining pressures

applied are significantly higher than the pressures experienced in many columns found in

practice. The experimental program is aimed to study the effect of confining pressure on

ductility, rather than to repeat the current practice that is usually inadequate to provide

sufficient ductility.

7.2.3 Loading regime

For a particular strength and confining pressure, 2 different loading regimes were adopted.

One loading regime consisted of 3 to 4 cycles of loading at different unloading points before

arid after the peak stress (Figure 7.1 (a)). The other loading regime consisted of a large

number of cycles at the same unloading strain (Figure 7.1 (b)).

7.3 Concrete mixes and specimen preparation

7.3.1 Details of concrete mixes

General purpose Portland cement (Type GP) is used in the laboratories by previous re-

searchers (Candappa 2000) as well as in majority of the construction projects in producing

HSC. Therefore Type GP Portland cement was selected for all mixes. Fine aggregate used

had a fineness modulus of 2.9 and crushed basalt of maximum aggregate size of 14 mm

was used as coarse aggregate. Gradings of the fine and coarse aggregate are presented in

Table 7.1.

Superplasticiser (Rheobuild) was also used in Grade 80 and Grade 100 concrete. In a

concrete mix design, the ingredients have to be proportioned optimally and economically
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Table 7.1: Gradings of fine and coarse aggregate.

Aggregate type Sieve size (mm) % passing

Coarse aggregate

Fine aggregate

19
12.7
9.5

4.76

4.75
2.36
1.18

0.600
0.300
0.150
0.075

100
88
38
1

100
96
77
56
40
12
1

to produce concrete with required strength and workability. Mix proportions for each

grade of concrete is given in Table 7.2.

Table 7.2: Mix proportions.

Material (for 1 m3) U40 U60 U80 U100

Cement (kg)

Water (kg)

Coarse aggregate (kg)

Fine aggregate (kg)

Superplasticiser (kg)

W/C ratio

Slump (mm)

300

150

1307

690

-

0.5

100

360

180

1266

645

-

0.5

100

400

140

1292

633

2.2

0.45

100

550

138

1243

621

8.7

0.3

150

7.3.2 Specimen preparation

A pan type mixer with a capacity of 0.08 m3 was used to prepare all the concrete mixes.

Inside surface of the pan was properly moistened before mixing commenced, so that

water from the concrete mixture does not get absorbed by the pan. The steps involved in

preparing the concrete mixes are described below, which are according to AS 1012, Part

2 (2000).

(a) A sample of fine aggregate and coarse aggregate were dried for 24 hours to find out
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the moisture content.

(b) Water content was adjusted by taking into account the moisture content

(c) Fine aggregate and the coarse aggregate were mixed for half a minute in the mixer.

(d) Cement was then added to the aggregate and mixed for 2 minutes. Water and the

Superplasticiser were added within the first minute.

(e) Allowed to rest for 2 minutes.

(f) Mixed again for another 2 minutes.

(g) A standard slump test was performed within the next 3 minutes to make sure achiev-

ing the expected slump. The slump test was carried out according to AS1012, Part

3 (2000).

Steel moulds (100 x 200 mm cylinders) were used to cast all specimens. The size of the

specimens cast was 98 mm x 200 mm. The 98 mm diameter of the specimen was obtained

by inserting a 1 mm thick sheet of plastic sleeve in a 100 mm diameter mould. The ratio of

the height and the average diameter of the specimen was in accordance with that proposed

in AS1012, Part 8 (2000). This reduction in the diameter eased the removal of the tested

specimens from the membrane in triaxial testing. The cylinders v/ere filled in three layers

while being placed on a variable speed vibrating table. The tops of the cylinders were

smoothed with a trowel. The specimens were covered with a polythene sheet to minimise

the loss of moisture from the specimen. The specimens were de-moulded in 24 hours after

casting and placed under standard moist-curing conditions (23°C) according to AS1012,

Part 8 (2000).

Two different end preparation methods were used in these tests. The cylinders to

be tested for 28-day compressive strengths were capped using sulphur and the cap was

more than 2 hours old at the time of testing (AS1012 Part 9, 2000). The cylinders

to be tested in the triaxial cell had to be ground properly at both ends to obtain a

smooth surface. The grinding was done at a location away from the laboratory using a

commercial steel polishing machine. Therefore drying of cylinders could not be prevented

during transportation to the grinder. All cylinders used in triaxial tests were air dried

one week before being tested. Any lose particles in the curved surface of the cylinders



Chapter 7: Cyclic loads, Experimental program 153

were removed using sand blasting. The specimen pores were filled with casting plaster

to prevent membrane damage. The diameter of the specimen was measured. Two strain

gauges of 67 mm gauge length were fixed at the middle third of the height of the specimen

longitudinally in two diametrically opposite sides. Similarly another two strain gauges

were placed laterally at the middle third in two diametrically opposite sides. All specimens

were prepared according to these procedures and one such specimen ready to be tested is

shown in Figure 7.2.

'tJL. S..I \

Figure 7.2: Specimen before testing.

7.3.3 Uniaxial compressive strengths

Table 7.3 gives the 28-day strengths and the strength and the age at time of testing for

all grades of concrete.

Figure 7.3 shows the tested NSC and HSC specimens for the uniaxial compressive

strengths.
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Figure 7.3: Tested specimens for uniaxial compressive strengths.
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Table 7.3: Uniaxial strengths at 28 days and at time of testing.

U40 U60 U80 U100

28-day strength (MPa) 35.8 48.7 79.8 101.4

Strength at testing (MPa) 43.6 57.5 83.0 105.9

Age at testing (days) 150 158 113 91

7.4 The test equipment

This section describes triaxial testing equipment used in the cyclic loading experiments.

It then gives a detailed description of the methods used to measure the strains including

the clip gauge, an in house built lateral strain measuring device.

7.4.1 Triaxial cell

The set-up constitutes & triaxial cell, which can accommodate a 98 mm diameter and

200 mm high concrete cylinder encased in a polyurethane membrane. These dimensions

are consistent with the widely accepted view that larger specimens better simulate the

behaviour of full-scale columns. In Australia, the standard tests on compressive strength

of concrete were performed using the same size of cylinders (100 diameter and 200 mm

high). The triaxial cell had a cell body thickness of 25 mm and a top cover thickness of

30 mm. It can withstand confining pressures upto 30 MPa. It was made of mild steel

with a yield strength of 250 MPa. A schematic diagram of triaxial cell is shown in Figure

7.4. The photo of triaxial cell is shown in Figure 7.5.

7.4.2 Application of confining pressure

The required confining pressure was applied to the concrete specimen using oil through

a flexible polyurethane membrane (Figure 7.4). The prefabricated membrane was 2 mm

thick. It was manufactured by machining a solid polyurethane cylinder to the required

shape. It was designed to fit loosely over the specimen so that membrane did not con-

tribute towards the lateral confinement of the specimen. The application of the full

confining pressure was done before the application of the axial stress. An Enerpac hy-

draulic pump was used to apply confining pressure. Maintaining a constant confining

pressure during loading and unloading was achieved by connecting a precharged pressure
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Figure 7.4: Schematic diagram of triaxial cell.
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Figure 7.5: Photo of triaxial cell,

accumulator to the system.

7.4.3 Measurement of axial and lateral strains

Linear Variable Displacement Transducers (LVDTs) were used to measure the axial de-

formation of concrete. They are relatively easy to set up and can be reused after testing.

They can also be used to measure the descending branch of the stress-strain curves. How-

ever, this method required the calibrations for the loading components as LVDTs would

measure the platen to platen displacement. The method used in this experimental pro-

gram was to use two LVDTs placed diametrically opposite to measure the axial strain

between platens. Although LVDTs were used to measure axial strain, each tested sample

had two strain gauges mounted across a diameter to verify the LVDT readings until the

peak stress was achieved. After the peak stress, the strain gauge readings were unreliable.

A strain measuring system developed in-house (clip gauge), which constitutes a piano

wire connected to two strain gauged arms was used to monitor the lateral strains during

cyclic loading. The wire was attached around the concrete specimen, touching at stud
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points penetrating the membrane. The strain measuring system was designed to function

while immersed in fluid under pressure. A schematic diagram of this device is shown

in Figure 7.6 together with a photo in Figure 7.7. The accuracy of the lateral strain

measurement was confirmed using lateral strain gauges fixed to concrete until the strain

gauges reached their limits.

7.5 Experimental setup

The specimens were prepared by grinding both ends flat and parallel and filling out any

holes on the surface so that they do not damage the membrane. The specimen was

then accommodated in the triaxial cell. The cell was mounted between the platens of

the compressive testing machine by using two steel arms. The cell was connected to

the hydraulic pump through a hole in the middle of the cell body, which was used to

apply the confining pressure. A precharged pressure accumulator connected parallel with

this was utilised to maintain the required confining pressure. A servo-controlled Amsler

Compression Testing Machine, which has a maximum load capacity of 5000 kN, was used

to provide the axial load. The compressive load was applied using two spherically seated

cylindrical loading blocks that were designed to fit either end of the triaxial cell. The

advantage of the testing method was the ability to do several tests at one setting. A

commercially available data logging system named "Data Taker, DT100" was used as the

data acquisition system, which required a host computer for entering commands, reading

the returned data and for managing the output channels. Experimental setup is shown

as a schematic diagram in Figure 7.8 and a photo in Figure 7.9.

7.6 Test procedure

Once the triaxial cell was in place in the 5000 kN capacity hydraulically operated Amsler

testing machine, a small vertical load was applied to make sure the cell was secured,

before applying confining pressure. The testing machine was then set to displacement

control at the rate of 0.125 mm vertical displacement per minute. The full confining

pressure was applied at the very beginning and maintained constant while the axial load

was increased and decreased through the loading unloading cycles. It is hypothesised that

the major parameters influencing the load-deformation behaviour under cyclic loading are
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Figure 7.6: Schematic diagram of lateral strain measuring device.
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Figure 7.7: Photo of lateral strain measuring device.
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Figure 7.8: Schematic diagram of experimental setup.
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Figure 7.9: Photo of experimental setup.

loading and unloading stiffness in the directions of major and minor principle stresses.

An initial experimental program was planned based on this hypothesis. The effect of

the rate of loading was not considered in this test program. Several parameters were

aimed to be studied in this experimental program. They were the change in ductility

with confining pressure, the stress reduction in each hysteresis loop, the thickness of the

loops and Poisson's ratio.

The experimental program included four grades of concrete, three different confining

pressures applied and two loading regimes. After the uniaxial compressive strength was

determined, the peak axial stress for a particular strength with known confining pressure

was calculated using equations presented in Chapter 3 (Section 3.2.6). The expected

unloading points are shown in Tables 7.4-7.7.

7.7 Trial tests

In order to identify any problems with either the testing equipment r,\; \ he methodology,

trial tests were performed on Grade 80 concrete specimens. The specimens were tested for
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Table 7.4: Planning of testing for Grade 40 (44 MPa) concrete.

Confining Expected Loading Regime 1
pressure (MPa) peak load (kN)

Loading Regime 2

534 Ascending branch

Cycle Unloading load Cycle Unloading load

1 250

2 520

Descending branch

Cycle Unloading load

1 250

2 520

Cycle Unloading load

3

4

5

530

520

510

520

8 668 Ascending branch

Cycle Unloading load Cycle Unloading load

1 350

Descending branch

Cycle Unloading load

1 350

Cycle Unloading load

2

3

4

5

6

655

650

640

630

610

655

12 815 Ascending branch

Cycle Unloading load }ycle Unloading load

1 400

Descending branch

Cycle Unloading load

1 400

Cycle Unloading load

2

3

4

5

800

790

780

770

655
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Table 7.5: Planning of testing for Grade 60 (58 MPa) concrete.

Confining Expected
pressure (MPa) peak load (kN)

Loading Regime 1 Loading Regime 2

630

8 760

12 840

Ascending branch

Cycle Unloading load Cycle Unloading load

1 300

Descending branch

Cycle Unloading load

1 300

Cycle Unloading load

3

615

600

580

615

Ascending branch

Cycle Unloading load Cycle Unloading load

1 380

Descending branch

Cycle Unloading load

1 380

Cycle Unloading load

2

3

4

750

730

700

750

Ascending branch

Cycle Unloading
1 450

Descending branch

Cycle Unloading

load

load

Cycle Unloading

1 450

Cycle Unloading

load

load

2
3

4

5

835
815

780

750

835
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Table 7.6: Planning of testing for Grade 80 (83 MPa) concrete.

Confining Expected
pressure (MPa) peak load (kN)

Loading Regime 1 Loading Regime 2

824 Ascending branch

Cycle Unloading

1 420

Descending branch

Cycle Unloading

load

load

Cycle Unloading

1 420

Cycle Unloading

load

load

2

3

4

800

780

740

800

982 Ascending branch

12 1120 Ascending branch

Cycle Unloading load

1 600

Descending branch

Cycle Unloading load

Cycle Unloading
1 550

Descending branch

Cycle Unloading

load

load

Cycle Unloading
1 550

Cycle Unloading

load

load

975

950

925

900

655

Cycle Unloading load

600

Cycle Unloading load

2
3

4

5

1115

1080

1050

1000

1115

!••(-;
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Table 7.7: Planning of testing for Grade 100 (106 MPa.) concrete.

Confining Expected
pressure (MPa) peak load (kN)

Loading Regime 1 Loading Regime 2

8

12

990 Ascending branch

Cycle Unloading load Cycle Unloading load

1 500

Descending branch

Cycle Unloading load

500

Cycle Unloading load

2

3

4

900

800

700

900

1155 Ascending branch

Cycle Unloading

1 600

Descending branch

Cycle Unloading

load

load

Cycle Unloading

1 600

Cycle Unloading

load

load

2

3

4

1150

1000

800

1150

1295 Ascending branch

Cycle Unloading load Cycle Unloading load

1

2

3

680

700

1000

Descending branch

Cycle Unloading load

4

5

1295

1220

1 700

1

1

Cycle Unloading load

2 1290
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28-day compressive strength. Initially, the monotonically increasing axial compression test

for one specimen was conducted to ensure that the systems work well. Then two specimens

were tested with cyclic axial loading while it was subjected to lateral confinement. In these

preliminary tests, the axial strain was measured by using strain gauges and LVDTs; and

for measuring lateral strains, strain gauges and the in-house built clip gauge system were

used.

A good comparison was observed between the average strain gauge readings and the

clip gauge reading until the peak stress (Figure 7.10). The two readings start to separate^

after the peak point indicating the failure of strain gauges. Therefore it was decided to use

LVDTs and strain gauges for axial strain measurement and clip gauge and strain gauges

for lateral strain measurement. As explained below a number of problems were identified

and corrected before proceeding with the major triaxial testing program.
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Figure 7.10: Comparison of average strain gauge and clip gauge readings.

7.7.1 Problems encountered

• Preparing Grade 100 concrete

The first trial mix was tested and the required 28-day compressive strength could

not be obtained. A second trial mix was prepared with the required amount of

coarse and fine aggregate sealed the day before, to minimise moisture loss. Using
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this mix, required 28-day compressive strength could not be achieved. Therefore

another trial mix was prepared and the compressive strengths were measured at

days 1, 3, 7, 14, 21 and 28. It was observed that the compressive strength at day 1

of this mix was as high as 73 MPa but it was about 92 MPa in 28 days. Therefore it

was decided that the concrete mixes were of high early strength type. This is likely

due to the variation in the cement supply in cold and hot weather. The cement

suppliers informed that the Type GP cement supplied in winter is of high early

strength type to avoid construction delays.

• Maintaining constant pressure

There was a fluctuation in confining pressure during unloading and reloading due

to the lateral expansion and contraction of the specimen. A precharged pressure

accumulator was used to overcome this difficulty. It allowed keeping the oil pressure

at a constant value throughout the experiments.

• Lack of smoothness in the stress-strain curves

The compression testing machine (Amsler) caused this problem. The proportional

gain setting of the machine was determined by the stiffness of the test specimen. The

gain value is normally set for a specimen based on its elastic stiffness. However, when

the test progresses into the inelastic regions, the gain values do not match the change

in the stiffness of the test specimen. This causes load fluctuations prominently visible

after the peak stress is reached. Therefore in these experiments it was decided to

change the gain value during the progress of the experiments in order to minimise

the lack of smoothness in the stress-strain curves. A certain level of experience was

needed to perform this exercise which was obtained by trial and error.

• Stopping test before the specimen fails

In the trial test conducted for cyclic axial compression, the tested specimen did not

have any cracks. When the data was carefully analysed it was realised that the

unloading reloading cycles were carried out only before the peak stress. Therefore it

was arranged to plot the axial stress and axial strain curve during the test in order

to make sure that unloading was done from the descending branch as well. A photo

of this user interface of the da.ta acquisition program is shown in Figure 7.11.
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$

Figure 7.11: User interface of the data acquisition program.

• Strain gauges becoming dead when confining pressure is applied

Initially when the confining pressure was applied, all the strain gauges become dead

and once the confining pressure was released, the strain gauges were normal. A coat

of insulation was applied over the surface of the pasted strain gauges as a remedial

measure. Furthermore, testing of a specimen was conducted after about 3-5 days of

strain gauge fixing. These two methods were used to overcome this difficulty.

7.8 Conclusions

• Measurements of axial stress, axial strain and lateral strain in cyclically loaded

concrete specimens were successfully completed in this experimental program.

• There were number of problems encountered in the experimental program, and all

of them were systematically overcome.

• The strain measurements were compared using alternative methods of measure-

ments. These comparisons confirmed the results and provided confidence in the
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methods.

• The experimental procedures, including test specimen preparation and test method

and measurement system, were carefully developed and systematically tested to

ensure that the results obtained are very reliable and repeatable.

• Envelope curves were compared with the experimental curves of Candappa (2000)

for monotonically increasing loads, to ensure that the results axe of correct order.



. ; . " . ! •

Chapter 8

CYCLIC LOADS:
Experimental results and analysis

8.1 Introduction

The raw data obtained in the previous chapter had to be processed and filtered in order

to get smooth curves for the constitutive behaviour of confined HSC subjected to cyclic

loading. In this chapter, firri the calibrations of the instruments are described. Then the

experimental results are presented and the effects of cyclic loading and confinement on

the constitutive behaviour of HSC are described. Finally several observations about using

monotonic loading curve as the envelope curve, ductility, stress loss due to hysteresis loops

and Poisson's ratio are presented.

8.2 Calibrations

A number of calibrations were performed to interpret the experimental data correctly.

The important ones are calibration of LVDTs and the lateral strain measuring uevice,

clip gauge. The use of LVDTs required another calibration accounting for the compliance

of all the loading components including the loading machine that influences the LVDT

readings.

8.2.1 Calibration of LVDTs

A purpose built LVDT calibrating instrument was used in doing this. LVDT was con-

nected to the output channel as well to record the readings. The readings were in milli

volts. The instrument had a micrometer from which it was possible to give a known

170
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displacement to the LVDT. The readings from the output channels of the LVDT were

recorded with a known displacement starting from 0.5 upto 10 mm with an increment of

0.5 mm. Three sets of readings were taken at the same displacement. A graph was plotted

for the actual displacement versus the relative average of these readings (Figure 8.1). The

best-fit curve was found for these data points with a correlation factor of 0.999996. The

second LVDT was also calibrated using the same method. LVDTs were setup to mea-

10i 1 1 1 1 1

9

8

E 7

0) rE 6
CD

3 5

y = 3.2211 x

Correlation factor = 0.999996

0 2.51 1.5 2
x = LVDT reading (mV)

Figure 8.1: LVDT calibration.

sure the platen-to-platen displacement whereas the interest of this experimental program

was to find axial displacement in concrete specimen. Therefore careful calibrations for

all the loading components that influence the LVDT readings were necessary. Deforma-

tions of the four spherically seated loading blocks will affect the LVDT readings. The

compliance of the loading blocks was determined by placing them in series without the

specimen and obtaining the load-deformation curve. It was used to make adjustments for

the contribution of the loading blocks to the actual axial strain readings.

8.2.2 Calibration of clip gauge

Extensometer calibrator was used in clip gauge calibration. Clip gauge was first connected

to the instrumentation amplifier and checked whether it recorded strains other than the
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direct strain. Known displacement was given to the clip gauge starting from 0 upto 0.2

inches in steps of 0.025 inches and the output readings were recorded from the output

channels. Three sets of readings were taken for the same. A graph was plotted for the

actual displacement versus the relative average of these readings (Figure 8.2). The best-fit

curve was found for these data points with a correlation factor of 0.99988.

|
f 3
TO

15

y =-0.00191 X

Correlation factor = 0.99988

-3000 -2500 -2000 -1500 -1000

x = Clip gauge reading (mV)

-500

Figure 8.2: Clip gauge calibration.

8.3 Experimental results

Typical stress-strain curve obtained in the experiments is shown in Figure 8.3. It can

be observed that these curves lack smoothness and difficult to read. This is due to the

fluctuations caused by Amsler testing machine under displacement control. Therefore

it was decided to remove the small cycles caused by the test machine. By filtering the

results, stress-strain curve obtained as shown in Figure 8.4 becomes more readable than

the unfiltered curves.
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8.3.1 Grade 40 test series

Grade 40 concrete specimens at the end of testing are shown in Figure 8.5. The tests

were terminated once 2-3 cycles could be established in the descending curve. Therefore

Grade 40 test specimens appear to be undamaged.

The axial stress-axial strain and axial stress-lateral strain curves for Grade 40 concrete

are shown in Figures 8.6-8.8 for both Loading Regimes 1 and 2. It is apparent from

the figures that significant strength gains has been achieved with the increasing lateral

confinement. Each 4 MPa increment in the lateral confinement has increased the peak

strength by 15-20 MPa. Axial strain corresponding to the peak axial stress, increases

with the increasing lateral confinement. Grade 40 concrete shows a good ductility for all

the three confinement levels.

In Loading Regime 1 of the experiments, it can be observed that after each cycle,

the curves do not return to the original unloading point. This loss of stress is termed

here as damage. The curves for Loading Regime 1, show that this damage varies for

different unloading points (stress and strain) and the cycle number. However the curves

for Loading Regime 1, depict that the damage cannot be a function of the unloading

strain only.

The thickness of each cycles seems to be increasing with the progressing of unloading

and reloading. In the "initial elastic region", reloading curve follows the same unloading

curve and this seems to be a straight line. This observation can be made only in the axial

stress-lateral strain relationships. However in the axial stress-axial strain relationships, it

can be observed that in the "initial elastic region" unloading and reloading cycles follow

different loading paths.
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(a). Loading Regime 1

L*«#i_ w r_ . • ~~ » X

(b). Loading Regime 2

Figure 8.5: Tested specimens for Grade 40 concrete.
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Figure 8.6: Grade 40 concrete with 4 MPa confining pressure.
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Figure 8.7: Grade 40 concrete with 8 MPa confining pressure.
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Figure 8.8: Grade 40 concrete with 12 MPa confining pressure.
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8.3.2 Grade 60 test series

Figure 8.9 shows the tested Grade 60 concrete specimens. Except minor cracks, Grade

60 test specimens appear to be undamaged.

Figures 8.10-8.12 show the axial stress-axial strain and axial stress-lateral strain curves

for Grade 60 concrete. The increase in peak strength is proportional to the level of

confinement. Similar to Grade 40 concrete, 4 MPa increase in the lateral confinement has

increased the peak strength by 15-20 MPa. Axial strain corresponding to the peak axial

stress, increases with the increasing lateral confinement.

Ductility of the specimen with 12 MPa confining pressure in Grade 60 concrete is

higher than that of the specimen with 8 MPa confining pressure as expected.

The damage due to each cycle changes with the unloading stress as shown by the

Loading Regime 2 test series.

The thickness of the hysteresis loop increases with the increasing unloading strain for

Grade 60 concrete. When unloaded in the "initial elastic region", a different curve is

traced in the axial stress-axial strain plane while this is not the case in the axial stress-

lateral strain plane.
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(a). Loading Regime 1

1

180

(b). Loading Regime 2

Figure 8.9: Tested specimens for Grade 60 concrete.
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Figure 8.10: Grade 60 concrete with 4 MPa confining pressure.
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Figure 8.12: Grade 60 concrete with 12 MPa confining pressure.
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8.3.3 Grade 80 test series

The tested Grade 80 concrete specimens are shown in Figure 8.13. Cracks were visible in

most of Grade 80 test specimens. When the specimens were tested with 4 MPa confining

pressure, it was impossible to get a cycle around the peak stress. When the specimen in

Loading Regime 1 was unloaded just beyond the peak point, a significant strain increment

was observed before unloading thus allowing to get only one cycle. Therefore in an attempt

to obtain few cycles in the specimen used for Loading R.egime 1 with 8 MPa confining

pressure, the specimen fractured before ending the test. The failure plane for this specimen

passed through the coarse aggregate. It was observed in this specimen that the cracking

has passed through the strain gauges as well which proves the unreliability in the strain

gauges after the peak point.

Figures 8.14-8.16 show the axial stress-axial strain and axial stress-lateral strain curves

for Grade 80 concrete. The increase in peak strength is proportional to the level of

confinement. 4 MPa increase in the lateral confinement has increased the peak strength

by around 20 MPa.

From Figure 8.15, it is evident that the lateral strains do not sound correct. This

must be due to a malfunction in the clip gauge. Therefore the clip gauge was tested again

before proceeding to the next tests.

Ductility of the specimen with 8 MPa confining pressure in Grade 80 concrete is higher

than that of the specimen with 4 MPa confining pressure as expected.

The damage due to each cycle changes with the unloading stress as shown by the test

series. The observation about the thickness of the hysteresis loops is similar to that made

for Grade 40 and 60 concrete.
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Loading Regime 1

piiiil

(b). Loading Regime 2

Figure 8.13: Tested specimens for Grade 80 concrete.
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Figure 8.14: Grade 80 concrete with 4 MPa confining pressure.
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Figure 8.15: Grade 80 concrete with 8 MPa confining pressure.
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8.3.4 Grade 100 test series

Figure 8.17 shows the tested Grade 100 concrete specimens at the end of testing. Special

care was taken in testing these specimens to make sure they do not explode inside the tri-

axial cell damaging the membrane. However, cracks propagated in some of the specimens

thus damaging the strain gauges.

The axial stress-axial strain and axial stress-lateral strain curves for Grade 100 concrete

are shown in Figures 8.18-8.20. The increase in peak strength is proportional to the level

of confinement.

In Loading Regime 1 with 4 MPa confining pressure, attempting to unload around the

peak point resulted in a dramatic increase in the axial strain thus only one cycle could

be obtained. Therefore, the experimental program was modified for Grade 100 concrete

such that a number of cycles are attempted before the peak point is reached. This was

successful in several of the specimens.

When the stress-strain curves for Grade 100 concrete are considered, a significant

ductility improvements are not found when the confining pressures are increased.

It was observed that the observations made about the damage in concrete, thickness

of the hysteresis loop and the behaviour of unloading and reloading in the "initial elastic

region" are still valid for Grade 100 concrete.
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(a). Loading Regime 1

(b). Loading Regime 2

Figure 8.17: Tested specimens for Grade 100 concrete.
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Figure 8.18: Grade 100 concrete with 4 MPa confining pressure.
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Figure 8.19: Grade 100 concrete with 8 MPa confining pressure.
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Figure 8.20: Grade 100 concrete with 12 MPa confining pressure.
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8.4 Discussion

Several observations about ductility, shape of hysteresis loops, envelope curve, stress re-

duction due to unloading and reloading cycle and Poisson's ratio, were made from the

experimental results reported in this section.

S

8.4.1 Envelope curve

"It is commonly believed that the monotonic loading curve forms the envelope for cyclic

loading curves." This form of modelling has been developed by previous researchers for

unconfined concrete (Sinha et al. 1964 and Karsan and Jirsa 1969). Later Karsan and

Jirsa (1969) and Mander et al. (1988b) showed that it is a reasonable assumption for

confined concrete as well. However, the experimental program carried out by the author

for NSC and HSC and presented in this chapter, shows that this is valid for the ascending

branch but is invalid for the descending branch (Figures 8.21-8.24).

V

: *

8.4.2 Hysteresis loops

There is a small difference in the thickness of the loops depending on the unloading stress

and the number of cycles. This is similar to the experimental results reported for NSC

(Desayi et al. 1979; Sakai and Kawashima 2000). However, some of the experimental

results for NSC show that the thickness of the loops increases with increasing unloading

strain (Sinha et al. 1964; Karsan and Jirsa 1969).

8.4.3 Stress loss during hysteresis loops (damage)

The damage can be seen to vary depending on the strain and stress value of the unloading

point. This is compatible with the experimental results reported in the literature for NSC

(Sinha et al. 1964; Karsan and Jirsa 1969; Desayi et al. 1979; Sakai and Kawashima

2000). This stress reduction increases with the number of cycles. Similarly in Loading

Regime 2 of the experiments, when there are a number of cycles from the same unloading

strain, the stress reduction increases with the increasing number of cycles. This has also

been proven to be true by previous researchers for NSC (Sakai and Kawashima 2000).
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Figure 8.21: Comparison of monotonic and cyclic loading curves for 44 MPa concrete.
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Figure 8.22: Comparison of monotonic and cyclic loading curves for 58 MPa concrete.
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Figure 8.23: Comparison of monotonic and cyclic loading curves for 83 MPa concrete.
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Figure 8.24: Comparison of monotonic and cyclic loading curves for 106 MPa concrete.
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8.4.4 Poisson's ratio

Poisson's ratio is an important parameter specially when lateral confinement is involved.

When the monotonically increasing loading is considered, initial Poisson's ratio was a

constant for a particular concrete strength (Candappa et al. 2001) at the "initial elastic

region". This "initial elastic region" was defined using /?/ (axial stress to peak stress

ratio), which is 0.7 for compressive strengths less than 40 MPa and 0.8 for compressive

strengths greater than 60 MPa (Candappa et al. 2001). When loaded beyond the initial

elastic region, Poisson's ratio rapidly increases to high values (Candappa et al. 2001).

Prom the experimental results in this study, it is found that the Poisson's ratio de-

creases when the unloading occurs in the initial elastic region. This can be observed in

Figures 8.25-8.28 where the unloading of axial strain curves and lateral strain curves out-

side the initial elastic region show significantly different behaviour to the ones unloaded

in the initial elastic region.

1
3
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Figure 8.25: Behaviour of Poisson's ratio for 44 MPa concrete.
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Figure 8.26: Behaviour of Poisson's ratio for 58 MPa concrete.
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Figure 8.27: Behaviour of Poisson's ratio for 83 MPa concrete.
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8.5 Conclusions

The following conclusions can be made from the experimental results reported in this

chapter.

• It is a generally agreed among the researchers that the monotonic loading stress-

strain curve can be assumed to form the envelope curve for the cyclic loading stress-

strain response. According to the experimental results, this needs modifications.

• When the monotonically increasing loading is considered, initial Poisson's ratio is

a constant for a particular concrete strength (Candappa et al. 2001) in the "initial

elastic region". If unloading occurs in this "initial elastic region", axial strains

decrease more rapidly than the lateral strains, hence resulting in a reduction in

Poisson's ratio. When reloading occurs after this unloading, the axial and lateral

strains and Poisson's ratio values will return to the same values as those prior to

the unloading occurred, in the "initial elastic region".

• An interesting observation in the initial elastic region is that the axial strain curves

unload parallel to the initial tangent modulus whereas the lateral strain unloads

along the same loading curve.

• The shape of the hysteresis loops in Loading Regime 1 of the experimental program

is in agreement with those reported for normal strength concrete in the literature

(Desayi et al. 1979; Sakai and Kawashima 2000).

• In Loading Regime 1 of experiments, the thickness of the loop, stress reduction

(damage) in each unloading reloading cycle and the slope of the unloading curves

(p]astic strain) vary depending on the unloading point (strain and stress), uniaxial

strength of concrete and applied confining pressure.

• In Loading Regime 2 of experiments about 20% decrease in stress occurs with about

2-3 cycles in specimens subjected to 4 MPa confining pressures whereas the same

occurs in about 10 cycles in specimens subjected to 12 MPa confining pressures.

The experimental data presented in this chapter forms the basis for the development of a

constitutive model for confined HSC subjected to cyclic loading.



Chapter 9

CYCLIC LOADS:
Development of a constitutive model
for confined concrete

9.1 Introduction

This chapter presents a constitutive model developed for high strength concrete with

uniform lateral confinement subjected to cyclic axial compression. It is based on the

results of an experimental program carried out for normal and high strength concrete as

described in the previous two chapters. Unconfined compressive strengths of concrete were

44, 58, 83 and 106 MPa. Uniform confining pressures applied were 4, 8 and 12 MPa. The

stress-strain model presented in this chapter is developed using triaxial test results, which

are conducted under well-controlled conditions, where direct measurement of axial and

lateral strains has been possible. Ability to estimate the axial as well as lateral strains

in confined concrete is a superior attribute of the proposed model. When concrete is

analysed for passive confinement (such as the one provided by reinforcement), estimating

the lateral strain is important because the lateral confinement directly depends on it. The

proposed model can be used for modelling HSC in seismic analysis of structures, where

confining of concrete by reinforcement is essential for ductility.

During an earthquake, the structures are subjected to cyclic lateral forces. In per-

forming a structural analysis in such a region, the effect of earthquake loadings on the

structure needs to be analysed. Therefore understanding of behaviour of concrete and

confining material (steel) with cyclic loading is necessary in such analysis. There are

205
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experimental studies reported in the literature for the behaviour of unconfined NSC sub-

jected to cyclic axial compression (Sinha et al. 1964, Karsan and Jirsa 1969, Desayi et al.

1979). Similar studies were reported for confined NSC (20-49 MPa) subjected to cyclic

axial compression (Desayi et al. 1979, Shah et al. 1983, Mander et al. 1988b, Watanabe

and Muguruma 1988, Sakai and Kawashima 2000). No experimental observations as such

were reported for HSC in the literature. The available stress-strain curves for unconfined

and confined NSC represent the variation of axial stress with axial strain only.

In the seismic design of reinforced concrete structures, ensuring sufficient level of

ductility is important for energy absorption. With the increased use of HSC in structures,

the issue of ductility improvements has become a critical issue. It is a common practice to

use confining reinforcement in both earthquake resisting structures and other structures,

to increase the ductility of the structural members. Since the confinement provided by

lateral steel reinforcement changes with cyclic loading, developing a methodology for

the behaviour of columns under cyclic loading is difficult based on column tests only.

Therefore it is necessary to establish a complete deformational behaviour including both

axial and lateral deformation of laterally confined HSC with cyclic axial compression. The

author aimed at developing a constitutive model for the behavior of HSC with lateral

confinement subjected to cyclic axial compression.

The outcomes of this chapter are to be published in a research paper, Lokuge et al.

(accepted for publication in 2003 in Journal of Materials in Civil Engineering, ASCE).

9.2 Comparison of the experimental results with the
existing models

The model proposed by Mander et al. (1988b) is the most widely used model among the

research community for cyclic loading of concrete and the model proposed by Sakai and

Kawashima (2000) is the most recent model reported in the literature for the same analy-

sis. The results from these two models are compared with the experimental observations

by the author for NSC and HSC. Appendix A reports these comparisons. Although these

models are applied for HSC, they are originally developed based on NSC. It is observed

from the study of cyclic axial load on NSC (confined or unconfined) that the experimental

curves are in reasonable agreement with the estimated curves from the models. But, if
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unloading starts from the latter part of the descending curve there is a difference in the ex-

perimental and estimated hysteresis loops. The comparison of experimental results from

this study with the estimated curves from the two models explained earlier (Appendix A)

are summarised for each strength grade in the following sections.

9.2.1 Grade 40 concrete

In Loading Regime 1 of Grade 40 concrete with 4 MPa confining pressure, it is observed

that the thickness of the hysteresis loops \ ere almost the same as those corresponding

to experimental results. However, it is interesting to note that the plastic strains are

overestimated in both the compared models. In Mander et al. (1988b) model, the esti-

mation of plastic strains become closer to the experimental plastic strain with increasing

axial strain. In Loading Regime 1 of Grade 40 concrete with 8 MPa confining pressure,

the estimated loop thickness using Mander et al. (1988b) model is higher than that for

experimental results. But the plastic strains were almost the same. When the results

obtained from Sakai and Kawashima (2000) model are considered, the loop thickness was

compatible but plastic strains were overestimated. In Loading Regime 1 of Grade 40

concrete with 12 MPa confining pressure, the loop thicknesses obtained from Mander et

al. (1988b) model were higher than those for experimental results. However, the loop

thicknesses corresponding to Sakai and Kawashima (2000) model were compatible. In

both models plastic strains were overestimated.

9.2.2 Grade 60 concrete

In Loading Regime 1 of Grade 60 concrete with 4 MPa confining pressure, Mander et

al. (1988b) model compares well with the experimental results. For the same Sakai and

Kawashima (2000) model overestimated the plastic strpins. This was the same for Loading

Regime 1 of Grade 60 concrete with 8 MPa confining pressure. When the confining

pressure was increased to 12 MPa, the loop thickness proposed by Mander et al. (1988b)

was higher than that for experimental results. In this case Sakai and Kawashima (2000)

model overestimated the plastic strains.
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9.2.3 Grade 80 concrete

In Loading Regime 1 of Grade 80 concrete with 4 MPa confining pressure, Mander et al.

(1988b) model estimated the plastic strains to be similar to experimental results while

Sakai and Kawashima (2000) overestimated the same. This was the same for Loading

Regime 1 of Grade 80 concrete with 8 MPa confining pressure. The experimental results

for Loading Regime 1 of Grade 80 concrete with 12 MPa confining pressure do not seem

correct and therefore not compared.

9.2.4 Grade 100 concrete

In Grade 100 concrete Mander et al. (1988b) model estimated the plastic strains to be

close to those in the experimental results. However, the loop thickness was predicted to

be higher from that model than the experimental results. Sakai and Kawashima (2000)

overestimated the plastic strains in all cases.

In all the compared results, the ascending branch of the envelope curve compares well with

those corresponding to experimental results. However for all the experiments carried out,

it is noted that the descending branch of the envelope curve does not match with those

in the experimental results.

9.3 Preliminary modelling process

The stress-strain models available in the literature for the static loading of HSC, can

model only the axial stress and axial strain relationships. All of them were based on

column tests. Therefore several attempts have been made in developing axial stress, axial

strain and lateral strain relationships for confined HSC subjected to cyclic loading. They

are described in detail in the following section.

9.3.1 Different attempted approaches

With the processed data for the 4 compressive strengths, 3 confining pressures and 2

loading regimes, the author searched for possibilities in establishing axial stress, axial

strain and lateral strain relationships for unloading and reloading cycles. At this point

it was aimed to use the stress-strain model developed by the author in Chapter 3 for

monotonically increasing loading to predict the envelope curve for cyclic loading. The
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first obvious concern was to extend the available stress-strain models for NSC to model

the axial stress and lateral strain relationship of HSC subjected to cyclic axial compression.

The second approach was to attempt extending Candappa (2000)'s model as it can predict

both axial and lateral strains. Then an attempt was made to search for a common pattern

in all the unloading and reloading curves separately. As a result, total energy was analysed

with axial strain as the third attempt. It was possible to model the required behaviour

using this method. However, an issue came up about the meaning of total energy versus

axial strain relationships and concluded that it would be more meaningful if a relationship

of total energy versus volumetric strain is considered.

Finally it was possible to find a common pattern in shear stress versus shear strain

curves for unloading and reloading respectively. The theory that concrete failure is a

Mohr-Coulomb type shear failure has been put forward by Nielsen (1999). Therefore the

final approach was compatible with the theory proposed by Nielsen (1999). The same

conce.pt was used earlier to develop the constitutive model for confined HSC subjected

to monotonically increasing loadings. However, all the four attempts made are described

below.

Extending the available NSC stress-strain models

There are several models reported in the literature (Desayi et al. 1979; Watanabe and

Muguruma 1988; Mander et al. 1988b; Sakai and Kawashima 2000) to establish the axial

stress axial strain relationship for confined NSC subjected to cyclic loading. They are

based on column tests and are described in detail in Chapter 6. The axial stress-axial

strain relationships obtained for confined HSC from the experimental program described in

the previous chapter can therefore be compared with these models. These comparisons are

shown in Appendix A. If the same models are to be extended to model the lateral strains,

there must be a relationship for the behaviour of Poisson's ratio. Therefore Poisson's ratio

values were plotted against axial strain values for all 4 compressive strengths of concrete

and 3 confining pressures used by Candappa (2000) and presented in Figure 9.1.

The curves were different in each grade of concrete for each confining pressure applied.

Therefore a common pattern could not be observed. Due to these reasons the idea of

extending the available stress-strain models for confined NSC to model the constitutive

behaviour of confined HSC with cyclic loading was abandoned.
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Figure 9.1: Poisson's ratio versus axial strain for monotonically increasing loads.
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Extending Candappa (2C00) model

Candappa (2000) developed axial stress, axial strain and lateral strain relationships for

HSC subjected to lateral confinement. This model is the first and the only model among

the many models available, which can model axial stress lateral strain relationships. Fur-

thermore this model was based on the triaxial tests on HSC. The author investigated

all the stress-strain models for static loading available in the literature and found that

Candappa (2000)'s model is a possible model which can be considered to extend in es-

tablishing the constitutive behaviour of HSC with lateral confinement subjected to cyclic

axial compression. The major reason for this selection was its ability to model the lat-

eral strains. However, it is a stress-based model and therefore iterations are needed in

the calculation of stress-strain behaviour and it is unnecessarily complicated. Further,

Candappa (2000) used basic nonlinear elastic relationships as the main equations in es-

tablishing stress-strain behaviour under static loading. The validity of these relationships

in unloading and reloading cycles is uncertain. Candappa (2000) used Poisson's ratio and

secant value of Young's modulus to model statically loaded confined concrete. Using the

experimental results reported in previous chapter it is possible to model the Poisson's

ratio behaviour for the unloading reloading cycles but finding secant value of Young's

modulus for this is a problem. Therefore the idea of extending Candappa (2000)'s model

to estimate the behaviour of confined concrete subjected to cyclic loading was abandoned.

Energy approach

Energy dissipation in concrete has been addressed by many researchers in the literature

(Mander et al. 1988b). It is interesting to note that the normalised total energy versus

normalised strain curves for unloading branches had a similarity for a particular grade of

concrete irrespective of the confining pressure applied (Figures 9.2-9.3).

Normalised total energy, E and normalised strain, e are defined as,

and e —
eun ~

(9.1)

where E is the energy at any stress and strain state in the unloading branch, e\ is the

corresponding axial strain, Epi is the total energy at the plastic strain point (area under

the loading curve ABC - area under the unloading curve CD), epi is the plastic strain , and

Eunl and eun are the total energy and strain at the unloading point. These parameters
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Figure 9.2: Normalised total energy versus strain for unloading branches.
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Figure 9.3: Normalised total energy versus strain for unloading branches.
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are defined in Figure 9.4.

c/)

3
to

Axial strain

Figure 9.4: Definitions used in energy approach.

Figure 9.5 shows a stress-strain curve including an unloading branch. "A" is the

unloading point, "C" is the plastic strain point and "B" is any stress and strain point in

the unloading branch.

Normalised total energy versus normalised strain curves for unloading branches are

shown in Figures 9.2-9.3. This relationship can be found in a form shown in Equation

(9.2) for a particular concrete grade regardless of the confining pressure applied.

= f(e). (9.2)

Substituting for normalised total energy, E and normalised strain, e from Equation (9.1),

(9.3)

Rearranging Equation (9.3), a re)* Monship between E and e\ can be found which may be

of the form,

E = F(ei). (9.4)

Energy released in concrete during unloading will be the area under the unloading stress-

strain curve as shown in Figure 9.5.

E = g{ci)dei x volume. (9.5)
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Figure 9.5: Energy during unloading.

g(ei) is the axial stress-strain function for unloading curve. Energy at a point in the

unloading branch, E is obtained by subtracting the energy released during unloading

from the energy absorbed during loading until unloading starts. It can be defined as,

/•£un

E = Eunl - I g{ei)dei x V

= Eunl - [G(eun) - G(ei)] x V

(9.6)

where,

or
(9.7)

IE!

In Equation (9.6), Euni is the energy at the point of unloading which is a constant for a

particular unloading curve and G{eun) is the area under the unloading stress-strain curve

which again is a constant for a particular concrete grade and a confining pressure (Figure

9.6). Differentiating Equation (9.6) with respect to e\,

dE _ d
<tei dex

 1 (98)

= Vg(e1)

where V is the volume of concrete and g{e\) is any stress level in the unloading branch.
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Differentiation of Equation (9.3) will result in,

1 dE

EUnl —

A.
de"

(9.9)

Substituting Equation (9.8) in Equation (9.9)

ni — Epi
g(ei) =

V x — x
1

,, £tm Epi,
(9.10)

In Equation (9.10), Euni is the energy at point of unloading which can be calculated from

the envelope curve, eun is the unloading strain and epi is the plastic strain. Ev\ is the

energy at plastic strain point that can be obtained by subtracting the energy released

during unloading from the energy at the point of unloading. Therefore stress-strain curve

for the unloading is completely defined by Equation (9.10).

Area under curve AB =J g{e{)de\ — G{e\) + C
co

s
to

Axial strain

Figure 9.6: Dissipated energy during unloading.

Several problems were identified in this approach. Energy was calculated using axial

stress and axial strain only disregarding the lateral stress and lateral strain. However, the

work done by the lateral forces cannot be neglected for high confining pressures (Figure

9.7). Mander et al. (1988b) showed <hat total strain energy per unit volume required

to "fail" concrete would be the area under the stress-strain curve of confined concrete.

Nevertheless total energy will be the total work done due to axial stress, strain and lateral

stress and strain. The interpretation of the energy calculated using only axial stress and

strain is not complete. Finally it was decided thafc the total energy versus volumetric
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Figure 9.7: Stress-strain state of a laterally confined concrete cylinder.

strain curves are more meaningful than the curves for total energy versus axial strain.

This approach was attempted first for the monotonically increasing axial load on confined

HSC.

9.3.2 Shear failure approach

The theory that concrete failure is a Mohr-Coulomb shear failure is widely held by many

researchers in this field. Nielsen (1999) provides the background to this theory and ap-

plications of this theory for structural analysis.

When the Mohr circle for concrete stresses as shown in Figure 9.8 touches the boundary

line corresponding to sliding failure, the failure takes place. When the shear stress \T\

in a section exceeds the sliding resistance, shear failure is assumed to occur. Cohesion,

denoted by c and the internal friction denoted by <j) form the sliding resistance. Due to

symmetry, the Mohr circle touches the boundary lines corresponding to sliding failure

at two points. Therefore sliding failure will occur in two sections that form the angle

(90° - <j>) with each other (Figure 9.9).

In the shear approach in modelling the unloading branches of cyclically loaded confined

concrete, maximum shear stress and maximum shear strain at any stress-strain state were

considered. Direction of these maximum shear stress and strain will change during the

test progress. The planes they act are different from one stress-strain state to another.

For all the unloading branches in four grades of concrete and three confining pressures,

the maximum shear stress factor versus maximum shear strain factor graphs were plotted.



Chapter 9: Cyclic loads, Development of a constitutive model for confined concrete 218

r,7 t
Sliding failure r = c-f <r tan </>

Figure 9.8: Mohr's circle for a stress/ strain field.

These factors are defined as in Equation (9.11) with respect to maximum shear stress and

strain at unloading point and plastic strain point.

_ T — Tpl _ £\ — Epi

Tun = -f— and eun = — .
Tun Tpl &un £pl

(9.11)

Irrespective of the confining pressure applied, the curves converged to one line for each

grade of concrete as can be seen in Figures 9.10-9.13. Therefore it was decided that shear

failure approach would be a reasonable method to model the unloading branches in cyclic

loading of confined concrete.

9.4 Description of the proposed model

Model formulation is based on the experimental program carried out by the author which

is described in the previous chapter. It is usually assumed that the monotonic loading

stress-strain curve forms the envelope curve for the cyclic loading stress-strain response.

This was proposed by Sinha et al. (1964) and Karsan and Jirsa (1969) for unconfined

concrete. Later Karsan and Jirsa (1969) and Mander et al. (1988b) showed that it is a

reasonable assumption for reinforced concrete as well. However, the experimental program

carried out by the author for NSC and HSC and presented in Chapter 7, shows that this

is valid for the ascending branch but needs to be modified for the descending branch. Key

components outlining the model are shown in Figure 9.14. The aim of the study is to find
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Figure 9.9: Failure sections in concrete under compression.
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Figure 9.10: Shear stress factor versus shear strain factor for unloading branches of Grade
40 concrete.
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Figure 9.11: Shear stress factor versus shear strain factor for unloading branches of Grade
60 concrete.
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Figure 9.12: Shear stress factor versus shear strain factor for unloading branches of Grade
80 concrete.
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Figure 9.13: Shear stress factor versus shear strain factor for unloading branches of Grade
100 concrete.

axial stress (c^), axial strain (ei), confining p ensure (fi) and lateral strain (£2) for each

of the curves described below:

1. Ascending branch of monotonic loading curve (AB)

2. Unloading curve (BC, GH)

• Determination of plastic strain (ept)

3. Reloading curve (DE, HJ)

4. Parabolic transition curve (EF, JK)

5. Modified envelope curve for the descending branch (FG, KL)

9.4.1 Ascending branch of monotonic loading curve (AB)

Figure 9.14 shows the main parameters of the stress-strain curves used for modelling.

The modelling of the ascending branch (AB) is based on experimental work carried out

by Candappa et al. (2001) to model the constitutive behavior of HSC subjected to

lateral confinement under monotonically increasing axial load. Candappa et al. (2001)

carried out 24 tests consisting of 4 different uniaxial compressive strengths and 3 different
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K (e:re,crre)

figure 9.14: Key components in cyclic stress-strain model.

confining pressures. The tests were conducted in duplicate. The ascending branch of

the axial stress, axial strain curves depends on the uniaxial strength (/c) and confining

pressure of concrete (ft).

The author looked for a common pattern in all these results. Interestingly it was

found that the shape of the normalised shear stress factor versus normalised shear strain

factor of the ascending branch were all the same for a particular strength of concrete

regardless of the confining pressure (Figure 3.8 of Chapter 3). This is explained in detail

in Chapter 3. The relationship between the shear stress versus shear strain factors can

be approximated by the following exponential function for the ascending branch,

f = (1 - (9.12)

where vni is a material parameter. Substituting r and 7 in terms of O\ and £i, the
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"M

m

following equation was obtained for the ascending branch.

= 2r,mp 1 - e 27:mp (9.13)

£i and €2 are axial and lateral strains respectively, o\ is the axial stress, // is the confining

pressure. rmp and j m p are the maximum shear stress and strain at peak stress defined as,

/cc ^ and

where fcc is the peak axial stress of confined concrete, Ecc (compression positive) and e^

(expansion positive) are the corresponding axial and lateral strains respectively. m2 is a

material perimeter which depends on the uniaxial strength of concrete.

TH2 = -0.0427/c + 7.7381. (9.15)

Peak axial stress of confined concrete (/cc) is defined as (Attard and Setunge, 1996),

fee ffl , - \
(9.16)

where A; is a constant given by,

k = 1.25^1 + 0.062^ V / c ) "

and ft is the tensile strength. The tensile strength is given by,

\-0.21 (9.17)

ft = 0.288(/cf
67. (9.18)

Attard and Setunge (1996) suggested equations for axial strain corresponding to peak

axial stress ecc,

where // is the confining pressure and eco is the axial strain corresponding to peak uniaxial

compressive strength (generally assumed to be 0.002). It is derived in Section 3.6.4 of

Chapter 3 that,

4 = 0.5e«.. (9.20)

and ecc are the axial and lateral strains corresponding to peak axial stress (fcc)-
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I
4

In order to find a relationship between axial strain and lateral strain, curves were

plotted for normalised lateral strain (with respect to lateral strain at peak stress), versus

normalised axial strain (with respect to axial strain at peak stress). The curves were found

to have a similar shape for a particular compressive strength irrespective of the confining

pressure applied. Gradient of these curves is related to the Poisson's ratio. Initially it

has a constant gradient which is compatible with Hooke's law. Candappa et al. (2001)

proposed that initial Poisson's ratio (is?) is a constant.

v? = 0.15 (9.21)

The constant Poisson's ratio, ie. lateral strain is proportional to axial strain, is only valid

for low axial strains. For high axial strains, the lateral strains increased at a higher rate

than for low axial strains, thus increasing the Poisson's ratio. It can be approximated by

a pair wise equation.
( f F , \

e'cc

^) if
-cc.

(9.22)

2-) if , : > , ' .

e' can be obtained by equating the right hand side of this equation at e\ = e. mi is a

material parameter which depends on the uniaxial concrete strength.

mi = 0.0177/c+1.2818. (9.23)

For an assigned axial strain (ei), lateral strain (£2) can be found using Equation (9.22).

Therefore these equations together with the material parameters (mi,m2), completely

define the ascending branch of the stress-strain curve for confined concrete.

9.4.2 Determination of plastic strain (epi)

In order to establish the unloading curve from the compressive loading curve, a plastic

strain (epi) based on the coordinates at the unloading point (eun, aun) needs to be de-

termined. The procedure used here is a modified version of the one proposed by Mander

et al. (1988b) for both confined and unconfined concrete. Axial plastic strain (eilP/) and

lateral plastic strain (£2,?/) are defined in a similar way. The plastic strain evi depends
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on the strain ea at the intersection of the initial tangent and the plastic unloading secant

slopes (Figure 9.14).

™e«- (9-24)£a =

The value of a will be the greater of either

4£cc

a =
Sec ~r

or
0.09£i,u (9.25)

for axial plastic strain (eilPi). But for lateral plastic strain (e2,rj value of a will be

the smaller of the two alternatives in Equation (9.25) with corresponding lateral strains

instead of the axial strains ie. £«. replaced by e'^ and £i,un replaced by £2,«n- Plastic strain

on the secant line between ea and eun is given by,

'un (9.26)
"pl (aun + Ecea)

where (eun,<sun) is the unloading point and Ec is modulus of elasticity of concrete. Ec is

defined in Australian Standards, AS3600 (2001),

Ec = MPa (9.27)

where, p is the density of concrete in kg/m3, fan is the mean value of the compressive

strength of concrete, in MPa. ACI 363 (1984) has recommended the following equation

for HSC:

Ec = (3320\/£ + 6900) ( ^ n ) M P a (9-28)

where fc is the uniaxial strength of concrete in MPa. Equation (9.28) has been taken from

the work of Carrasquillo et al. (1981). However Attard and Setunge (1994) compared the

elastic modulus of concrete using experimental results and predictions from Equations

(9.27) and (9.28). They concluded that Equation (9.27) gives reasonable values for Ec for

mixes with the aggregates used in Australia. Therefore throughout this study. Equation

(9.27) has been used in calculating elastic modulus of concrete.

9.4.3 Unloading curve (BC, GH)

Figure 9.14 shows the parameters used to define the unloading curves. Formulation of the

unloading curves is based on the experimental program carried out by the author for 24

tests with 4 different compressive strengths, 3 different confining pressures and 2 loading
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regimes. One loading regime has 3-4 unloading curves while the other loading regime has

a number of unloading curves. There are all together 72 unloading curves in all these 24

tests. The author looked for a common pattern in all the curves. It is found that shear

stress factor and shear strain factor relationship has a similar behaviour regardless of the

concrete strength and confining pressure applied (Figure 9.15). Results from all strength

grades and confining pressures are included in the figure.

Best-fit curve
Experimental

0.2 0.4 0.6

Shear strain factor

0.8

Figure 9.15: Shear stress factor versus shear strain factor for 72 unloading branches.

Various other methods such as total energy with volumetric strain etc. were attempted,

but none of these provided such a close pattern as the shear stress versus shear strain

factor. It is the innovative feature of the model formulation of unloading curves. Shear

stress factor versus shear strain factor relationship is found to be as in Equation (9.29).

fun = 0.43(e12^" - 1). (9.29)

The correlation factor is used to estimate the closeness of the best fit curve (Equation

9.29) to the test data. It is defined as the covariance of two data sets divided by the

product of their standard deviations. The correlation factor for the 72 curves is 0.9943.

fun is the shear stress factor and %n is the shear strain factor for unloading curves. These

factors are defined as,

Tun — and 7un =
Tun Ipl

(9.30)
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where r and 7 are the maximum shear stress and strain at any axial and lateral stress

state.

r = — - — and 7 = — ^ — . (9.31)

Tpi and 7P; are the maximum shear stress and shear strain at plastic strain point, run and

7un are the maximum shear stress and strain at the point of unloading. These are defined

similar to Equation (9.31).

and (9.32)

run and 7un are the maximum shear stress and shear strain at the point of unloading.

and 7 im = (9.33)

Since the envelope curve is known, coordinates at unloading point are known. Axial stress

(c"i), axial strain (£1) and lateral strain (£2) are the unknowns in the above equations

(Equations 9.29-9.31).

Axial strain lateral strain relationship

The graphs of normalised axial strain (iiiUn) and normalised lateral strain (i2,un) for a

particular concrete strength (/c) have close similarity irrespective of the confining pressure

applied. There were 21 unloading curves for 44 MPa concrete for all 3 confining pressures

applied. Similarly there were 22, 9 and 20 unloading curves for 58, 83 and 106 MPa

concrete respectively. Curves are shown in Figures 9.16-9.19.

Different relationships of normalised axial strain (eitUn) and normalised lateral strain

(̂ 2,un) for the unloading curves were established for the four grades of concrete. The

relationship between these two parameters is found to be as in Equation (9.34). The

correlation factors for the 21, 22, 9 and 20 curves in 44, 58, 83 and 106 MPa concrete

were 0.9909, 0.9968, 0.9973 and 0.9970 respectively.

* - P 1 /

C2,un — tl.u
(9.34)

q is a concrete material parameter and found to be,

q = -0.0035/c + 1.445. (9.35)
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Figure 9.16: Normalised lateral strain versus normalised axial strain for 21 unloading
curves in Grade 40 concrete.
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Figure 9.17: Normalised lateral strain versus normalised axial strain for 22 unloading
curves in Grade 60 concrete.
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Figure 9.18: Normalised lateral strain versus normalised axial strain for 9 unloading curves
in Grade 80 concrete.
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Figure 9.19: Normalised lateral strain versus normalised axial strain for 20 unloading
curves in Grade 100 concrete.
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£1<un is normalised axial strain and £2,un is normalised lateral strain. They axe defined as,

£l,un = and £2,un = (9.36)

where £1, €2 are the axial and lateral strains in the unloading branch, £iiUn and 62,1m are

the axial and lateral strains at the unloading point and £\>pi and £2,pi are the plastic axial

and lateral strains. For a given unloading axial strain (ei), Equation (9.34) is used to find

the corresponding lateral strain (£2). Substituting values for (£1) and (£2) in Equation

(9.29) will give the remaining parameter, axial stress (ai).

9.4.4 Reloading curve (DE, HJ)

Figure 9.14 shows the parameters used to define the reloading curves. The point of

reloading (£ro,crro) can be either from the unloading curve (loop GHJK) or from the

cracked state (loop BCDEF). If it is from the cracked state, £ro = {ev\ - £ts) and aro = 0

as shown in Figure 9.14. £ts is the tensile strain and is given by,

£ts = Y (9.37)

where ft is the tensile strength of concrete (given by Equation 9.18) and Ec is the modulus

of elasticity of concrete. After the coordinates of the reloading point are determined,

establishing reloading curves are the same for both situations. A stress-strain relationship

which accounts for the degradation due to cyclic behavior is derived between reloading

strain (£ro) and unloading strain (eUn), to a reduced axial stress (crnew) which is defined

by Mander et al. (1988b),

anew = 0.92aun + 0.08aro. (9.38)

Formulation of reloading curves is based on the 24 test results of the experimental program

carried out by author. There are 65 reloading curves considered in the analysis. Number

of reloading curves is less than that of unloading curves because experiments were usually

terminated with the unloading. Figure 9.20 shows shear stress factor versus shear strain

factor for 65 reloading branches. Similar to the ascending branch of monotonic loading

curve (AB) and unloading curve (BC and GH), author found that relationship between

shear stress factor, r r e and shear strain factor 7 re for reloading curves was independent of

the compressive strength of concrete and confining pressure applied similar to unloading
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curves. It is found to be as in Equation (9.39). The correlation factor for the 65 curves is

0.9954.

fre = \/21oge(7re + 1). (9.39)

This equation is a form of mirror image of the equation for unloading, Equation (9.29).

fre is shear stress factor and %e is shear strain factor for reloading curves.

7 -r -
Tre = _

and 7 r e =
(9.40)

new Jpl

T and 7 are the maximum shear stress and strain at any axial and lateral stress state

(defined in Equation 9.31), rpi and 7P; are the maximum shear stress and strain at plastic

strain point (point C in Figure 9.14) and rnew and j n e w are the maximum shear stress

and strain at the returning point of the reloading branch (points E or J in Figure 9.14).

Equation (9.39) defines the reloading branch. However, the relationship between axial

strain (ei) and lateral strain (e2) is necessary for Equation (9.39) to be complete.

Axial strain lateral s train relationship

The graphs of normalised axial strain (£"i)re) and normalised lateral strain (£2,re) for reload-

ing curves for a particular concrete strength (/c) are similar irrespective of the confining

pressure applied. There were 21 reloading curves for 44 MPa concrete for all three confin-

ing pressures applied. Similarly there were 18, 8 and 18 unloading curves for 58, 83 and

106 MPa concrete respectively. These curves are shown in Figures 9.21-9.24 and are sim-

ilar to the curves shown in Figures 9.16-9.19. Different relationships of normalised axial

strain (e^re) and normalised lateral strain (£2,re) for the reloading curves were established

for the four grades of concrete. The relationship between these two parameters is a mirror

image of the similar relationship defined for unloading curves as in Equation (9.34).

It is found to be as in Equation (9.41). The correlation factors for the 21, 18, 8 and

18 curves in 44, 58, 83 and 106 MPa concrete were 0.9934, 0.9969, 0.9913 and 0.9961

respectively.

£~2,re = £?,„• (9.41)

Material parameter q is the same defined in Equation (9.35) and £\tre is normalised axial

strain and €2,™ is normalised lateral strain defined as,

£l,new ~
and e*. = ( 9 . 4 2 )
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Figure 9.20: Shear stress factor versus shear strain factor for 65 reloading branches.
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Figure 9.21: Normalised lateral strain versus normalised axial strain for 21 reloading
curves in Grade 40 concrete.
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Figure 9.22: Normalised lateral strain versus normalised axial strain for 8 reloading curves
in Grade 60 concrete.
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Figure 9.23: Normalised lateral strain versus normalised axial strain for 8 reloading curves
in Grade 80 concrete.
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Figure 9.24: Normalised lateral strain versus normalised axial strain for 18 reloading
curves in Grade 100 concrete.

where £i, £2 are the axial and lateral strains in the reloading curve, £]inew and £2,new are

the returning axial and lateral strains (corresponding to point E or J in Figure 9.14) which

are the same as unloading strains (eiiUn and £2,un)- £i,Pi and £2,pi are the plastic axial and

lateral strains. For a given axial strain in reloading curve, Equation (9.41) is used to find

the corresponding lateral strain. Substituting values for £\, £2 and // in Equation (9.39)

will calculate the remaining parameter axial stress (a\).

If the unloading happened during the reloading before reaching the reduced axial stress

(cnew), it is called partial unloading (Otter and Naaman 1989). In this case, there are

two extremes for the plastic strain. The lower limit is the plastic strain corresponding

to previous unloading point. The upper limit is the plastic strain corresponding to the

full reloading. Therefore plastic strain during partial reloading can be calculated by

interpolation. Once the plastic strain is known, establishing reloading branch is the same

for full and partial unloading. This has been addressed in the literature by Otter and

Naaman (1989) for concrete composites.

• *m
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9.4.5 Parabolic transition curve (EF, JK)

The point where the reloading curve joins the envelope curve (F or K in Figure 9.14) is

defined by (ere, are)- The common return strain (e,.e) is defined by Mander et al. (1988b),

X \2 + ^
Ere — Sun

Er
(9.43)

where ET0 is the reloading point tangent modulus and is given by,

®TO O~new (9.44)
&ro Sun

Corresponding axial stress, are is the return point axial stress calculated from the envelope

curve. If the return point is in the ascending branch of the envelope curve, axial stress

(01) can be calculated directly from Equation (9.13). If it is in the descending branch,

axial stress (oye) at the return point has to be calculated from the modified envelope

curve. The author analysed the test results of the 24 specimens for cyclic loading and

found that are is a function of the number of hysteresis loop, n and given by,

are = (1 - 0.0ln)au (9.45)

where, CTIJP is the axial stress of envelope curve. The model formulation for the descending

branch of the envelope curve is based on the 24 tests carried out by Candappa (2000).

The author found that the shear stress factor versus shear strain factor was the same for

a particular strength irrespective of the confining pressure applied. That relationship is

found to be as in Equation (9.46).

\
TJ13

27,mp / _

\

(9.46)

Tmp and 7mp are the maximum shear stress and strain at peak stress defined in Equation

(9.14), 7U3 is a material parameter,

= -0.0003/c - 0.0057. (9.47)

A parabolic transition curve (Mander et al. 1988b) is then introduced between the reload-

ing curve and the return coordinates (ere,oye) of the modified envelope curve.

Ag1
(9.48)
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where,

A =

9 - £ l -

[O'new — Ore) ~ ~ £re)

f£un — sre)
2

and Ere is the common return point tangent modulus.

(9.49)

(9.50)

9.4.6 Modified monotonic loading curve for the descending
branch (FG or KL)

For a given axial strain (EI) in the envelope curve, axial stress (o"i) can be found as,

= (1 - 0.01n)cri)P. (9.51)

This is used in estimating the axial stress (ai) values from the return point to the next

unloading point if the return point is in the descending branch, where Equation (9.46)

defines <7IJP. If the return point is in the ascending branch, axial stress (a\) can be

calculated directly from Equation (9.13).

9.5 Poisson's ratio

Poisson's ratio is an important parameter specially when lateral confinement is involved,

since the confining pressure provided by steel depends on it. In studying monotonically

increasing loads, Candappa et al. (2001) found that Poisson's ratio remained constant

in the "initial elastic region" then starts to increase rapidly. The initial elastic region

is defined by Candappa et al. (2001) as the region where the ratio of axial stress/peak

axial stress is less than about 0.7 to 0.8. The value of 0.8 was found to be applicable

to concretes with compressive strengths greater than 60 MPa while the value of 0.7 was

found to be appropriate to concretes with less than 40 MPa compressive strengths.

Figures 8.25-8.28 of Chapter 8 are typical examples of non linearity index versus

Poisson's ratio curves for a specimen with cyclic axial compression. As can be seen

from the figures, when unloading occurs in the initial elastic region, the Poisson's ratio

decreases. This phenomenon has not been reported before in the literature and will have

significant implications to confining pressures during cyclic loadings. Figure 9.25 also

shows the curves predicted by the model, which is capable of predicting the decreasing

Poisson's ratio phenomenon.
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Figure 9.25: Variation of Poisson's ratio during hysteresis loops.

The decreasing Poisson's ratio phenomenon was investigated in all the test results

from this study. It was found that the decreasing Poisson's ratio occurred only in cases

where the unloading occurred in the initial elastic region. This can be confirmed by casual

observations of Figures 8.25-8.28 of Chapter 8, where the unloading of axial strain curves

and lateral strain curves show significantly different behaviour in the initial elastic region.

The axial strain curves unload parallel to the initial tangent modulus whereas the lateral

strain unloads along the same path as the loading curve.

9.6 Results

The procedure used in drawing stress-strain curves for confined concrete subjected to

cyclic loading is summarised in Figure 9.26.

9.6.1 Comparison of the proposed model with the experimental
results

Proposed model is developed from the experimental results obtained by the author for

24 specimens as described earlier. The stress-strain curves proposed by the model for

all the concrete specimens tested are shown in Figures 9.27-9.38. These comparisons are

not meant for validation of the model. However, they indicate how close the developed

model follows the data it is based upon. Validation from independent data could not be

performed because there are no HSC data available on cyclic loading.
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Cycle = Cyc!e+1

-No-

Cycle = 1

Unloading point
stress aun

strain £un

Change axial strain e
from Cinitial tO £final in £step

Stress- strain model
Calculate <j

Calculate s , <7
Unloading curve
Reloading curve
Transition curve

Store (e, a)

End

Figure 9.26: Procedure in drawing stress-strain curves for cyclically loaded concrete.
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Figure 9.27: 44 MPa with 4 MPa confining pressure.
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Figure 9.28: 44 MPa with 8 MPa confining pressure.
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9.6.2 Comparison of the proposed model with experimental re-
sults reported in the literature

From available experiments reported in the literature for cyclic axial load on either con-

fined or unconfined NSC, circular specimens were tested with the analytical model pro-

posed. The model is developed based on the experimental results for concrete compressive

strengths in 40-100 MPa range. But when it was compared for a concrete strength out of

this range (17-23 MPa), still it shows a good agreement. Experimental curves are from

the work reported by Desayi et al. (1979) (Figures 9.39-9.42).

50
Model Prediction

— Experimental (Desayi et al. 1979)

"0 0.01 0.02 0.03 0.04 0.05 0.06
Axial strain

Figure 9.39: Model comparison with previous v/ork (Desayi et al. 1979) for concrete with
/c=22.3 MPa.
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Figure 9.40: Model comparison with previous work (Desayi et al. 1979) for concrete with
/c=23 MPa.

Model Prediction
Experimental (Desayi et al. 1979)

0 0.005 0.01 0.015 0.02 0.025 0.03 0.035 0.04
Axial strain

Figure 9.41: Model comparison with previous work (Desayi et al. 1979) for concrete with
/c=17.8 MPa.
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Figure 9.42: Model comparison with previous work (Desayi et al. 1979) for concrete with
/c=18.7 MPa.

9.7 Conclusions

• The model for concrete subjected to cyclic loading, proposed in this paper comprises

four components; namely, (1). envelope curve (for both ascending and modified

descending curves), (2). unloading curve, (3). reloading curve and (4). parabolic

transition curve.

The envelope curve of the proposed model is based on the 24 experimental results

reported by Candappa et al. (2001) ss well as previous work presented by Attard and

Setunge (1996)Attard and Setunge 1996. Unloading and reloading branches were

developed based on the 24 tests carried out by the authors. Parabolic transition

curve is the one proposed by Mander et al. (1988b)Mander et al. 1988a and plastic

strain is a modified version of that proposed by Mander et al. (1988b).

• Envelope curve, unloading and reloading curves are derived using shear stress versus

shear strain relationships.

- Proved by previous researchers for unconfined and confined NSC

- For HSC, it is valid only for the ascending branch

:••::«'i\ - i
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- For HSC, descending branch is modified by scaling down the corresponding

stresses.

• Model is proposed using 24 test results for NSC and HSC with active lateral con-

finement subjected to cyclic axial compression. Using an iterative procedure, it can

easily be applied to model the same with passive confinement.

• The Poisson's ratio is constant in the initial elastic region, and rapidly increases

when loaded beyond this region.

• When unloading occurs in the initial elastic region, the Poisson's ratio decreases;

and increases back to the same value when reloading occurs. The model proposed

in this study is capable of modelling the phenomenon of decreasing Poisson's ratio.

A constitutive model is proposed in this chapter for the behaviour of HSC subjected

to active lateral confinement and cyclic loading. It can easily be extended for HSC with

passive confinement. The proposed model is to be applied for column analysis in the next

chapter.



Chapter 10

CYCLIC LOADS:
Prediction of load-deformation
characteristics of columns

10.1 Introduction

The use of high strength concrete (HSC) in columns in high seismic regions requires

additional care in the design due to its lower level of ductility than the ductility available

in NSC. Proper confinement or using the high yield strength lateral reinforcement is

capable of increasing the ductility of HSC.

Most of the structural failures during recent earthquakes were attributed to poor

column behaviour. In concrete structures, the ability to withstand strong earthquakes

depends mainly on the formation of plastic hinges and their capability of energy absorption

and dissipation without a major loss of strength capacity. Within the plastic hinge, all

the inelastic deformations are assumed to occur. The region outside the hinge is assumed

to remain elastic at all times.

It is preferable to design structures with strong columns and weak beams with plastic

hinges forming in the beams and not in columns. However, it may not always be possible

to design structures like this, and hinges may develop in columns. Therefore the possibility

of plastic hinge formation at HSC column ends demands a sufficient level of ductility to

safeguard the structures in seismic areas. This is an added ductility requirement to the

already existing ductility need in HSC than that in NSC.

This chapter identifies the necessity to investigate the column behaviour for earthquake

loadings. It then presents several experimental programs carried out around the world

255
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to observe the behaviour of concrete columns under ^ vial load and cyclic lateral loads

simulating the ground motion in an earthquake. Having identified the gaps in knowledge

in this area, an analytical procedure is described in detail to estimate the behaviour

of HSC columns subjected to combined axial load and cyclic flexure. It uses the novel

concrete constitutive model developed in Chapter 9 for the cyclic behaviour of HSC. A

computer program coded in Visual Basic is developed in implementing this. The predicted

behaviour of HSC columns under axial load and cyclic flexure, is compared with the

reported experimental results.

10.2 Examples for poor design of columns

Columns are the most essential elements in the moment-resistant frame of buildings.

Structural behaviour during recent earthquakes has indicated that majority of the struc-

tural failures are due to poor column behaviour. Hachinohe City Library damaged during

the 1968 Tokachi-Oki earthquake in Japan has good examples of structural failures due

to poor column behaviour (Saatcioglu and Ozcebe 1989). During the 1971 San Fernando

earthquake, Olive View Hospital damaged due to the plastic hinging concentrated in the

columns of the bottom storey (Park and Sampson 1972). Most of the column failures were

caused by high shear stresses, lack of concrete confinement and bidirectional load effects.

Saatcioglu and Ozcebe (1989) reported some examples for each effect. The short columns

at the Macuto-Sheraton Hotel damaged during the 1967 Caracas, Venezuela earthquake

is a good example of column failure due to high shear stress reversals. During the 1985

Mexico City earthquake, many column failures were caused due to poor concrete confine-

ment. The failure of columns of the Imperial County Services Building during the 1979

Imperial Valley earthquake is a good example for structural failures due to bidirectional

loading effects. Figure 10.1 shows three photos of column failures during Kobe 1995 earth-

quake. These failures are due to few confining reinforcement and bad detailing resulted

in improper confinement.

Therefore in performing a structural analysis for earthquake loadings, it is of great

importance to design columns with sufficient level of ductility in order to minimise the

chances of a possible failure.
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Figure 10.1: Column failures in Kobe 1995 earthquake (EQE 1995).

10.3 Previous work on the behaviour of columns un-
der cyclic flexure and constant axial load

Studies on the behaviour of NSC (Watson and Park 1994; Priestley and Park 1987) and

HSC columns (Ozcebe and Saatcioglu 1987; Saatcioglu and Ozcebe 1989; Muguruma and

Wataiiabe 1990; Bing et al. 1991; Thomsen and Wallace 1994; Azizinamini et al. 1994;

Sheikh et al. 1994; Bayrak and Sheikh 1998; Saatcioglu and Baingo 1999; Ahn et al.

2000; Legeron and Paultre 2000; Martirossyan and* Xiao 2001) subjected to axial load

and cyclic lateral forces have been progressing from well over 15 years. A large number

of experimental programs have been reported in the literature to study this behaviour.

Each experimental program differs from one another in compressive strength of concrete,

size and shape of columns, configuration of reinforcement and the axial load level. Very

few researchers compared the experimental results with the analytical findings (Thomsen

and Wallace 1994; Assa and Nishiyama 1998; Kwan and Billington 2001).
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10.3.1 Experimental programs

The aims of all the experimental programs carried out were to observe the effects of the

following parameters in the behaviour of concrete columns subjected to axial load and

cyclic flexure.

• Concrete compressive strength

• Axial load level

• Amount, configuration, spacing and yield strength of transverse reinforcement

The following parameters have been used in discussing the behaviour of columns.

• Ductility

• Plastic hinge length

• Spalling of cover

• Comparison with code provisions

10.3.2 Effect of concrete compressive strength

Majority of the researchers investigated the flexural capacity and ductility of square HSC

columns subjected to constant axial load and cyclic lateral loads. Azizinamini et al.

(1994) tested columns with a cross section of 305 x 305 mm, representing 2/3-scale

model of an 457 x 457 mm prototype column. They tested 9 square columns of the

same size and reported that increasing the compressive strength from 54 to 101 MPa

resulted in approximately 25% reduction in the ductility. Many researchers (Muguruma

and Watanabe 1990; Ahn et al. 2000) supported this idea. Muguruma and Watanabe

(1990) tested 8 square columns (200 x 200 mm) using concrete compressive strengths of

85.7 and 115.8 MPa. Ahn et al. (2000) tested 20 square columns (240 x 240 mm) with

concrete compressive strengths of 25, 52 and 70 MPa. Recently, Xiao and Henry (2002)

tested 6 full-scale square HSC columns (510 x 510 mm) with compressive strengths of 63

MPa.

Saatcioglu and Baingo (1999) have conducted experiments on circular columns under

constant axial compression and incrementally increasing lateral deformation reversals.
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They concluded that increasing compressive strength will result in decreasing ductility

unless proper confinement is provided.

Ductility of HSC columns subjected to combined axial load and cyclic flexure, de-

creases with the increasing compressive strength. However, this can be overcome if the

HSC columns are sufficiently confined.

10.3.3 Effect of transverse reinforcement

Azizinamini et al. (1994) reported that decreasing the spacing of transverse reinforcement

from 66.7 to 41.3 mm resulted in approximately 40% increase in ductility. According

to their experimental and analytical studies for square HSC columns, the ductility of

HSC columns is proportional to the volume of transverse reinforcement. Same idea was

supported by Martirossyan and Xiao (2001) using six 1/3-1/2 scale HSC short columns.

Furthermore, Legeron and Paultre (2000) and Ahn et al. (200) concluded that the tie

spacing has significant effect on the behaviour of the columns.

Usage of high yield strength transverse reinforcement is suggested as a promising solu-

tion for the brittle nature of HSC and the problems associated with closer spacing of low

yield strength transverse steel (Saatcioglu and Ozcebe 1989; Muguruma and Watanabe

1990; Azizinamini et al. 1994; Thomsen and Wallace 1994; Saatcioglu and Baingo 1999).

However with the use of high yield strength transverse steel, the increment in spacing may

increase the likelihood of bucking. It is proposed that further research work is needed in

this aspect because the use of high strength transverse reinforcement to increase spacing

is limited due to the potential adverse effects of buckling. On the other hand, Azizinamini

et al. (1994) reported that yield strength of transverse reinforcement had no influence on

the ductility, if the column is subjected to an axial load lower than 20% of the column

axial load capacity.

Ozcebe and Saatcioglu (1987) tested full scale square columns (350 x 350 mm) to

investigate the effect of confinement in the columns when subjected to seismic loading.

The compressive strengths used had a range of 32-40 MPa. They concluded that proper

choice of transverse steel arrangement is more feasible than reducing the tie spacing to

achieve the same level of confinement.

By considering spiral reinforcement and circular hoops, Saatcioglu and Baingo (1999)

concluded that although both columns with spiral steel and circular hoops behaved in a
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similar manner, the spiral reinforcement was more effective in controlling the stability1 of

longitudinal reinforcement than the circular hoops at later stages of inelastic behaviour.

However, the performance of concrete columns during recent earthquakes showed that a

failure in spiral reinforcement would lead to a complete unwinding of the spiral. Therefore

the long believed potential benefits of continuity provided by spiral steel is said to be

questionable when used in high seismic regions.

Ductility of HSC columns under axial load and cyclic lateral forces can be improved

by,

• decreasing the spacing of transverse reinforcement,

• using high yield strength transverse reinforcement,

• choosing proper configuration of transverse reinforcement or

• using circular hoops instead of the spirals.

10.3.4 Effect of axial load

Saatcioglu and Ozcebe (1989) tested full scale square columns to illustrate the effects of

axial load and lateral reinforcement on column ductility. The compressive strengths used

were in the range of 30-50 MPa. They considered 2 levels of axial load, zero and 20% of

concentric design axial load capacity and demonstrated the response as the accelerated

strength and stiffness degradation. Azizinamini et al. (1994) compared the effect of NSC

and HSC columns separately with different axial load levels. Three levels were selected

in their analysis representing 20, 30 and 40% of nominal column load capacity. For NSC

columns increasing axial load level from 30 to 40% reduced the ductility by 30%.

In Azizinamini et al. (1994) study for HSC columns, increasing axial load level from

20 to 30%, reduced the ductility by 17%. They concluded that ductility of HSC columns

is inversely proportional to the level of axial load. Bayrak and Sheikh (1998) used realis-

tically sized HSC and ultra HSC columns with moderate to high axial load levels. They

concluded that a high axial load level increases the rate of stiffness degradation with every

cycle and adversely affect the cyclic performance of HSC columns. Similar observation

was reported by Legeron and Paultre (2000), Legeron et al. (1997) and Paultre et al.

(2001) for HSC using axial load levels of 15, 25, 40 and 52%, Muguruma and Watanabe
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(1990) using comparatively high axial load levels of 25 and 63% and Ahn et al. (2000)

using axi^' load levels of 30 and 50%.

It is documented in the previously published research work, that increase in axial load

level will result in decrease in the ductility for NSC (Watson and Park 1994) and HSC

(Legeron and Paultre 2000; Ahn et al. 2000).

10.3.5 Ductility

Several definitions for ductility and deformability are available in the literature. In seismic

design, the inelastic behaviour is generally quantified by both the ductility parameter and

energy dissipation capacity. The main drawback in using this ductility parameter is the

lack of generally accepted definition among the research community, for the yielding of

a reinforced concrete member. Legeron and Paultre (2000) defined this point as the

intersection of the maximum load and the elastic branch of the idealised curve which is

secant to the real curve at 75% of maximum load.

Bayrak and Sheikh (1998) and Sheikh et al. (1994) defined ductility and toughness

using parameters shown in Figure 10.2. Curvature ductility factor (/z )̂ is defined as,

Figure 10.2: Section ductility parameters.
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(10.1)

Cumulative ductility ratio (Nj,) is given as,

" J

where, 0j is defined by,

(10.2)

(10.3)

Energy-damage indicator (E) is given by,

(10.4)

where, e* is the area enclosed in cycle i of the M — <j) curve, lp is the most damaged region,

B is the section depth of specimen and Si is given by,

1 (10.5)

It is observed that HSC specimens have low deformability, energy absorption and dissi-

pation capacity (Bayrak and Sheikh 1998; Saatcioglu and Baingo 1999).

However in this study, these ductility parameters have not been utilised because of

the unavailability of digital experimental data for comparison.

10.3.6 Length of plastic hinge

A guarantee in the stability of a concrete structure is the ultimate aim in any structural

design. In a seismic design, it depends on the formation of plastic hinges and their capacity

to absorb and dissipate energy without a major strength loss. When the structure is

subjected to earthquake loadings, all the inelastic deformations are assumed to occur

within the plastic hinge length while the outside region remains elastic. As most of

the experimental programs reported the load-displacement relationships instead of the

moment-curvature relationships, plastic hinge length is needed to calculate the deflections

from the curvatures. This is described in detail later in Section 10.6.2.

Plastic hinge length has been approximated by several empirical equations in the

previous studies (Sheikh et al. 1994; Assa and Nishiyama 1998). However, the researchers

tend to us« experimental observations to determine plastic hinge length. For the square
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columns (305 x 305 mm) tested by Azizinamini et al. (1994), the length of plastic

hinge for columns of HSC was approximately 254 mm from the beam stub, and that for

NSC columns was approximately 305 mm. Assa and Nishiyama (1998) approximated the

plastic hinge length with the column section depth, which is the normal approximation

used by many researchers.

In general, Watson and Park (1994) observed that the length of plastic hinge zone

increases with the axial load level for the NSC columns they tested. A similar observation

was reported by Legeron and Paultre (2000) for the HSC columns.

10.3.7 Spalling of cover

Azizinamini et al. (1994) reported that the first crushing of cover concrete for all HSC

columns (compressive strengths greater than 97 MPa), was observed during the first cycle

at displacement ductility ratio of 1. For the other specimens, spalling of cover concrete was

observed at a displacement ductility ratio of 2 or 3. In general with spalling of concrete,

there was a drop in horizontal load carrying capacity of the test columns. However,

Saatcioglu and Baingo (1999) have observed that the cover concrete does not contribute

to sufficient adverse effects to make a prominent difference in ductility.

Legeron and Paultre (2000) reported that for the tested HSC columns, the strength

loss due to cover spalling increases with the increasing axial load.

10.3.8 Code provisions

By investigating the horizontal load versus the horizontal displacement of the tested

columns, Azizinamini et al. (1994) \oi nluded that ACI provisions overestimated the

horizontal load carrying capacity of the test columns with compressive strengths greater

than 97 MPa. They suggested an equivalent rectangular compressive block for HSC. It

has the intensity of 0.63/c rather than 0.85/c and the depth of 0.67 times the depth of

neutral axis. They concluded that HSC columns under axial load levels below 20% of

their axial load capacity and designed in accordance with the seismic provisions of ACI

318-89, have sufficient ductility. However, Watson and Park (1994) found that greater

quantity of lateral reinforcement than tL°.t recommended by ACI 318-89 and NZS 3101

(1989), is necessary when the axial load is high. Bayrak and Sheikh (1998) reported that

a column with 70% more reinforcement than the ACI 318-95 requirements, behaved in a
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very ductile way.

Bing et al. (1991) tested five HSC columns (350 x 350 mm cross section) subjected to

constant axial load and cyclic lateral loads to investigate the New Zealand code provisions

when applied to HSC columns. Investigated compressive strengths ranged from 93-98

MPa. They have modified the constitutive model proposed by Mander et al. (1988b)

to take into account the behaviour of HSC and concluded that the amount of confining

reinforcement required in HSC columns in seismic areas is not reliably given by NZS 3101

(1989) equations. A cyclic moment-curvature analysis was performed by Watson et al.

(1994) for a range of reinforced concrete columns to derive design charts to determine

curvature ductility factors.

It is emphasised the need to include axial load level in the code provisions for transverse

reinforcement requirement.

10.3.9 Behaviour of HSC columns under cyclic loading

Thomsen and Wallace (1994) conducted experiments on reinforced HSC columns and

compared with analytical results. They concluded that lateral load-top displacement

envelopes based on the analytical stress-strain model yielded very similar results for spec-

imens without axial load, while noticeable differences are observed for specimens with high

axial loads. However, the model slightly over-predicts column stiffness as the specimens

approach their peak strengths.

Assa and Nishiyama (1998) and Kwan and Billington (2001) presented analytical

methods based on finite element approach to establish the load-deformation behaviour

of HSC column under seismic loading. Analytical work reported by Assa and Nishiyama

(1998) was validated with the experimental results from the literature (Muguruma and

Watanabe 1990; Bing et al. 1991; Azizinamini et al. 1994).

Most of the analytical procedures developed so far for the behaviour of confined con-

crete columns under axial load and cyclic lateral loads, were based on idealised cyclic

behaviour of concrete. The empirical equations used for that behaviour, provide only the

axial stress and axial strain relationships. The experimental programs for HSC columns,

reveal that proper confinement is essential to obtain a sufficient level of ductility. How-

ever, the confining pressure depends on the lateral dilation or the lateral strain of concrete.

Therefore if the model for cyclic behaviour of concrete has the capability of modelling the
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lateral strains, it is possible to find the actual confinement provided by the lateral re-

inforcement. Such a constitutive model for concrete was developed for HSC in Chapter

9. The computational procedure based on that model, to analyse the behaviour of HSC

columns '-.abjected to axial load and cyclic flexure, is described in the next section.

10.4 Computational procedure

10.4.1 Basic assumptions

Load-deformation relations for columns subjected to combined axial load and flexure are

obtained using the following assumptions.

• Plane sections remain plane after bending.

• Perfect bond between the longitudinal steel and the concrete is assumed thus it is

possible to get the strain of the longitudinal steel as that of the surrounding concrete

at the same distance from the neutral axis.

• In the tensile zone of the cross section, only tension steel resist the tensile forces

and concrete does not resist any tensile force.

10.4.2 Methodology

Figure 10.3(a) shov/s the cross section details of the column considered in the analysis.

The width and depth of the section are B and D respectively. It has m number of layers

of longitudinal steel. The distance to the mth layer from the top of the section is drm.

For the purpose of the analysis, the section is divided into n number of horizontal strips

(slices) as shown in Figure 10.3(b). The thickness of each strip, t will be,

t = - . (10.6)

n

Since the loading history is known, the curvatures are predefined. For a given curvature

4> and an assumed top strain et the strain distribution is known (Figure 10.3(c)). Consider

the iih strip at a distance dj,

di = (i- 0.5)* (10.7)
from the top of the section. The average strain in this ith strip will be,

Si = e t - <f>di- (10.8)
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Figure 10.3 Basis for the column analysis
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Each strip has confined concrete and unconfined concrete. Stresses in confined and uncon-

fined concrete of these strips are calculated using the corresponding constitutive models

that can depict the cyclic behaviour. Therefore force in each strip, Fi will be,

"T" Ji,uncon-^-i,uncon

where /iiCon and fiyUnctm are the confined and unconfined concrete stresses and AitCan and

AitUncOn are the areas of confined and unconfined concrete in the ith strip. Summation of

the forces in all the strips will result in the total force due to concrete, Fcc as,

t = l

The strain corresponding to the j t h layer of longitudinal steel, Ej can be calculated from

the strain distribution,

Ej = et- (fdrj. (10.11)

The stress corresponding to the strain in this layer of longitudinal steel, fStj is then

computed using the constitutive model for steel that has the ability to model the cyclic

behaviour. If the total area of longitudinal steel in the j t h layer is Asj, the force can be

calculated using,

F.J = fsAsj- (10-12)

Summation of all the forces in steel gives the total force due to steel,
m

(10.13)

For force equilibrium shown in Figure 10.3(d),

Pcaic = FCC (10.14)

where Pca\c is the calculated axial force. This calculated P^ic may not be the same as

the actual axial load (P) because it is for a given <f> and the assigned Et. Therefore a

convergence algorithm is used to iterate Et until calculated axial load is sufficiently close

enough to the actual axial load. Moment is then computed as follows:
m

M = + (10.15)

The above procedure is performed for a series of deformation history of the section to

obtain the moment-curvature relationships.
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10.5 Computer program

10.5.1 General description

The computational procedure described in the previous section has been implemented in

° computer program. The objective of the program is to establish the moment versus

curvature relationships of confined concrete columns subjected to constant axial load

and lateral load reversals. The constitutive models used for behaviour of concrete under

monotonically increasing loading (modified to account for the envelope curve) and cyclic

loading are explained in detail in Chapters 3 and 9 respectively. The model used for the

cyclic behaviour of steel was the same as that used by Lim (1986). Chapter 6 gives a

complete description of this steel model. The number of points to be plotted per cycle

and the number of horizontal strips to be considered in the analysis can be specified as

input parameters. The program is coded in Visual Basic. A general flowchart for the

computer program is given in Figure 10.4 and the subroutines involved are described in

the next section.

10.5.2 Program outline

The organisation of the subroutine library for analysis of columns subjected to constant

axial load and cyclic lateral loads is shown in Figure 10.5. This section gives a detailed

description of each subroutine.

M a i n initialises th<3 input data, performs the necessary calculations and saves the final

results to an output file. It includes the following subroutines.

• Initialise

• OptimumForce

• StoreResults

Init ial ise reads the input data for the column section details, properties of concrete,

steel and initialises the parameters involved. The required information for the com-

puter program is given using the user interface as shown in Figure 10.6. The input

data are as follows:

• Section details
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Figure 10.4: Flowchart for the column analysis.
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Figure 10.5: Structure of subroutines for the computer program.
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• Properties of concrete

• Steel reinforcement (longitudinal and lateral) details

• Axial load

• Number of cycles and loading history (Figure 10.7)

• Number of slices in specimen cross section to be considered

• Number of points to be plotted per cycle

• File name for output results

Cycle number

Figure 10.7: Loading history.

Opt imumForce uses a convergence algorithm to calculate the axial load close enough

to the given axial load. The optimisation procedure is explained in Figure 10.8.

There are several other subroutines involved in this subroutine.

• StoreUnloadingReloadingPoints

• Force

StoreUnload ingRe load ingPo in t s stores the stress and strain values after the

optimisation, to utilise in the progress of loading, unloading or reloading of con-

crete. The storing procedure is done for each slice of concrete in the cross section

considered. This subroutine consists of two phases:

• Storing coordinates of unloading point

• Storing coordinates of reloading point
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Pcalc=Forcc($, et)

StoreLoadingUnloadingPolnts

CZJ

Figure 10.8: Convergence algorithm in finding axial load.
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The procedure used to implement this is described in Figure 10.9. "cc" is a value

used to differentiate the relevant loading path ("cc"=l means the unloading path),

(£un, aun) is the unloading point, (ero, aTO) is the reloading point and p is the current

loop considered. For example e(i,p) is the strain in the ith slice in loop p.

Next /

yes

t

\ r

cc(/,p+1)=cc( Ijp)

Figure 10.9: Storing unloading and reloading coordinates.

Fo rce utilises the constitutive models for concrete and steel and calculates the concrete

stress in each slice of the section and steel stress in each layer of steel. There are

few other subroutines inside this subroutine to perform these.

ConfiningPresure
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• StressCalculationConcretel

• StressCalculationConcreteOptimum

• StressCalculationConcrete2

• StressCalculationSteel

Figure 10.10 shows the process of the force calculations, i denotes the ith slice of

concrete, j denotes the j t h layer of steel, fsy(j) and Fsu(j) are the yield and ultimate

stresses corresponding to the j t h layer of steel. ENXConf, ENXUnconf are the

force due to confined, unconfined concrete in each slice. EN Steel and EM Steel are

the force and moment resulting from the j t h layer of steel. EN and EM are the

resultant force and the moment.

ConfiningPresure computes the confining pressure exerted by the lateral reinforce-

ment. Lateral strains in each slice of concrete is calculated from the constitutive

model proposed earlier. Resulting strain in lateral steel is computed using these

strains. The confining pressure corresponding to this strain can be computed using

the constitutive model for lateral steel.

S t r e s s C a l c u l a t i o n C o n c r e t e l calculates the stresses in each slice of concrete us-

ing the constitutive models for monotonically increasing load and cyclic load. Load-

ing, unloading, reloading, parabolic and modified loading are differentiated using

the "cc" values. Figure 10.11 shows "cc" values corresponding to each loading path.

The calculation is based on the "cc" value of the previous loop. It is assumed that

the "cc" value for the current loop will follow the previous loading path. This is

composed of the following subroutines.

• Loading

• Unloading

• Reloading

• Parabolic

• ModifiedLoading

The selection of the loading path according to the "cc" values is given in Figure

10.12.
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Figure 10.10: Axial load calculation.
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cc = 4

Figure 10.11: "cc" values for each loading path in concrete.

StressCalculationConcreteOptimum uses the same subroutines as in sub-

routine StressCalculationConcretel and calculates the stresses in each slice of con-

crete. Calculations are based on the "cc" values of the previous loop but they are

updated for the current loop with the optimised values in this subroutine. The

procedure used in updating the "cc" values is shown in Figure 10.13.

StressCalcu la t ionConcrete2 uses the "cc" values of the current loop defined in

subroutine StressCalculationConcreteOptimum for the optimised values. It calcu-

lates the final optimum stresses in each slice of concrete.

Loading computes the stress in concrete using the constitutive model for monotonically
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Loading

- Unloading
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End

Figure 10.12: Determination of stress in concrete from different loading paths.
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Figure 10.13: Assigning the loading path for each slice of concrete.



Chapter 10: Cyclic loads, Prediction of load-deformation characteristics of columns 279

increasing load, described in Chapter 3. The ascending branch is defined as follows:

= 2r,mp

- m 2

1 - e 27:mp fl

fee ~ fl and £cc ~r
niy n imp n

77i2= - 0.0427/c + 7.7381

fc

k= 1.25 f l+0.062^) (/c)

ft = 0.288(/c)
067

-0.21

- 0.06/c) (|-

4 ='CC

.av?=

0.5£cc

0.15

-cc

4
fi
£
— if ei <

£ L if

ml = 0.0177/c + 1.2818

Unloading uses another subroutine to calculate the plastic strains for each slice. Con-

crete stresses are calculated for each slice using the coordinates of unloading point

(stored in subroutine StoreUnloadingReloadingPoints) and plastic strain. The stress

calculation is performed only for the strains greater than the plastic strain. If the



Chapter 10: Cyclic loads, Prediction of load-deformation characteristics of columns 280

strain is less than the plastic strain, the stress is zero.

^~un —

Tun
r-Tpi

M m

and 7un =
Ifun

r =

a n d
£2 —

= ^

g = - 0.0035/c + 1.445

Plas t i cStra in evaluates the residual strain during unloading using the method pro-

posed by Mander et al. (1988b).

The value of a will be the greater of either

a =
1

Zee 0.0951.
- or '-

'CC

un

and,

ePi
(aun + Ecea)

Ec = 0.

Reload ing determines the reloading stress for each slice of concrete using the corre-

sponding plastic strain. Reloading path is confined to a strain range which should

be greater than plastic strain and less than unloading strain. But the upper limit

can be less than the unloading strain for the case of partial reloading.

anew= 0.92crun + 0.08<rro

f r e = \/21oge(7re + 1)

f - T~Tpl and 7 - 1~lpl

Tre — dilU Jre —
Knew ~ Ifpl

T-new ~

_elre —
_

a n a £2,™ —
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Parabol ic uses another subroutine to calculate the return point in the envelope curve.

Parabolic curve is defined from the unloading strain upto the return strain in the

envelope curve.

o~\ = are + Ereg + Ag

9 = £l - £re

A =
£re]

R e t u m P o i n t calculates the return point coordinates of the parabolic curve.

{o-un - o-new) x ( 2 + -j- J

Jro

ETO =

o~Te = (1 — 0.01n)cri,p

Modif iedLoading computes the concrete stress in each slice for strain values greater

than that at the return point until another unloading takes place.

= (1 - 0.01n)<7iiP

TO3 —

= 2r,mp

\

— 7TI3

m 3 = - 0.0003/e - 0.0057

StressCalculat ionStee l computes the stress in each steel layer using the constitu-

tive model described earlier. It uses the following subroutines.

• RambergOdd

• RambergEven

• YieldStress

• UltimateStress

The status of the steel layer (whether it is in linear or non linear section) is defined

using the parameter "mm". Figure 10.14 shows the "mm" values corresponding to

each loading path in steel.
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Figure 10.14: "mm" values for each loading path in steel.

The procedure used in updating the parameter, "mm" is shown in Figure 10.15. es

is the steel strain and Ae(p) is the subtraction of the steel strain corresponding to

the previous loop (p — 1) from that at the current loop (p). (ew,a, fun,s) is the steel

unloading point and / s is the steel stress. The general procedure used in evaluating

the stresses in each steel layer is shown in Figure 10.16.

R a m b e r g O d d calculates the stress in the nonlinear loading path corresponding to

the "odd" loading runs in steel.

"I"

fch= fy

fch

0.744 0.071

h 1000eip) 1 - exp(1000£fp)
4.489 6.026

0.241

0.297
ln(n + 1) exp(n) - 1

R a m b e r g E v e n calculates the stress in the nonlinear loading path corresponding to

the "even" loading runs in steel.

2.197 0.469

ln(n + 1) exp(n) - 1
+ 3.043
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End

Figure 10.15: Assigning the loading path for each layer of steel.
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1

fs(j,P) = fun,s ~ (£un,s ~ Zs)

End

Figure 10.16: Procedure used in calculating steel stresses.
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Yie ldStres s defines the yielding of longitudinal steel.

U l t i m a t e S t r e s s defines the upper limit for the steel stress.

StoreResu l t s stores the output results from the program in a user specified text file

which can be opened in Excel spread sheet and the following relationships can be

plotted using it.

• Moment-curvature (load-displacement)

• Stress-strain for any concrete layer

• Stress-strain for each of the steel layers

10.6 Comparison with experimental results

Four of the six columns reported by Legeron and Paultre (2000) have been selected in this

study to validate the proposed methodology because of the high compressive strengths

(100 MPa) and large column sizes (350 x 350 mm). However, the comparison is also

extended for a comparatively small column (200 x 200 mm) reported by Matamoros

and Sozen (2003) with 70 MPa compressive strength as it was the most recent study

documented on similar investigation.

10.6.1 Experimental program

Legeron and Paultre (2000) reported experimental results for the behaviour of six confined

concrete columns with constant axial load and cyclic flexure. The compressive strength

of the tested large scale columns (305 x 305 mm) was in the range of 92-104 MPa.

Each specimen was given a name, which relates to the strength, reinforcement ar-

rangement, the spacing of lateral reinforcement and the axial load level. For example,

the specimen C100B60N15 represents a 100 MPa concrete column with the lateral rein-

forcement arrangement "B", having a centre-to-centre tie spacing of 60 mm and subjected

to a axial load level of 15% of the column capacity. The dimensions and details of the

reinforcement arrangements for the tested columns are given in Table 10.1(a) and Figure

10.17(a). Dimension "B" was 305 mm in Legeron and Paultre (2000) study. No. 20

(diameter 19.5 mm and yield strength 451 MPa) and No. 15 bars (diameter 16 mm and



Chapter 10: Cyclic loads, Prediction of load-deformation characteristics of columns 286

yield strength 494 MPa) were used as longitudinal reinforcement. No. 10 bars (diameter

11.3 mm and yield strength 391 MPa) were used as lateral reinforcement.

A specifically designed frame was used by Legeron and Paultre (2000) to test the

specimens. The axial load was applied using high strength bars tensioned by hydraulic

jacks. The horizontal load was applied using an actuator at the tip of the specimen, 2

m from base of the column. The specimen represents a 4 m high column in a building.

The horizontal tip displacement was measured using LVDT. Legeron and Paultre (2000)

reported experimental results for horizontal load and tip displacement relationships.

Recently Matamoros and Sozen (2003) reported experimental investigations for the

similar behaviour of confined concrete. Columns were made of NSC (35 MPa) and HSC

(69 MPa) and had cross section of 200 x 200 mm (dimension "B" in Figure 10.17(b)).

The experimental variables were the axial load, loading history and compressive strength

of concrete. The specimens were named according to the compressive strength of concrete

and the applied axial load level. For example C7010 specimen used 70 MPa concrete and

the applied constant axial load was about 10% of the column capacity. The dimensions

and the details of the reinforcement arrangements for the tested columns are given in

Table 10.1(b) and Figure 10.17(b). No. 5 bars with yield strength of 585 MPa was

used as longitudinal reinforcement while No. 3 bars with yield strength 400 MPa was

used as lateral reinforcement. The lateral reinforcement ratio was 1%. The amount and

I distribution of lateral reinforcement was the same for all the specimens. The specimens

were designed to simulate a beam column connection. They presented the experimental

results in the form of moment-curvature relationships and load-displacement relationships.

The computer program described in Section 10.5 establishes moment-curvature curves.

Since Legeron and Paultre (2000) presented the experimental results as force versus dis-

placement relationships, it is necessary to translate the predicted moment versus curvature

relationships into force versus displacement relationships. The section below describes how

this is performed.

10.6.2 Load versus displacement relationship

Figure 10.18 shows a typical column used in the previous experimental investigations.

The stub represents rigid member such as a beam-column joint or a slab foundation. The

specimen represents a column with a height of 2L in a typical building where the point of

g

is
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Table 10.1: Details of test specimens,
(a) Legeron and Paultre (2000) experiments

Specimen

C100B60N15
C100B130N15
C100B130N25
C100B130N40

fe Spacing

(MPa) (mm)

92.4 60
94.8 130
97.7 130
104.3 130

F

A9fc

0.14
0.14
0.26
0.39

(b) Matamoros and Sozen (2003) experiments

Specimen fc Spacing

(MPa) (mm)

C7010 70 75

F
Agfc

10

1

(a). (b).

Figure 10.17: Details of column specimens.
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contraflexure is assumed to be at the mid height level. Constant axial load, P is applied

at the tip of the specimen. F is the horizontal load, L is the column height from the base

and lp is the plastic hinge length. A critical section at the mid height of the plastic hinge

length has been selected for the analysis.

Critical
section

Figure 10.18: Typical column section used in the analysis.

When the column is subjected to axial load and lateral forces, it deflects horizontally. It

is assumed that flexural deformation consists of two parts as shown in Figure 10.19. A/i

is the displacement due to the rotation of plastic hinge and A/2 is displacement due to

elastic bending of the column along its length. A/i can be calculated as follows:

= O(L-1A. (10.16)

6 can be defined in terms of curvature (0) and plastic hinge length (/p).

= <f>xlp. (10.17)

The elastic bending of column along its length is similar to the behaviour of a cantilever

subjected to a vertical force at the free end. A/2 can be defined as,

(10.18)
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i

l
is

I I 1>

I I

' / Deflected shape of the
column

Figure 10.19: Curvature and displacement relationships.

therefore the total displacement (A) is,

ip\ , F(L-IPY (10.19)

" ~ T 2J • 3(£/)e//-

The relationship between the horizontal load (F) and moment (M) is as follows:

M = F (L - | J . (10.20)

In the reported experimental programs for the flexural behaviour of columns subjected to

constant axial load and cyclic flexure, load history is specified either by the displacement

limits or the drift ratio limits. Using the procedure described here, the moment versus

curvature relationships obtained from the computer program described in Section 10.5, can

be converted to load (Equation 10.20) versus displacement (Equation 10.19) relationships.

Plastic hinge lengths assumed for the calculations are shown in Table 10.2 for each

specimen.

10.6.3 Predicted and experimental behaviour

The predicted behaviour for the selected columns are shown in Figures 10.20-10.24. They

were obtained using the computer program described in Section 10.5. The digital data for
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Table 10.2: Plastic hinge length for selected specimens.

Specimen Hinge length
(mm)

C7010 100
C100B60N15 205
C100B130N15 185
C100B130N25 315
C100B130N40 600

the experimental results were not available for the author. Superimposing the experimen-

tal and predicted behaviour was not performed due to the confusion with too many lines.

Instead the experimental result is shown separately as part "a" and predicted behaviour

is shown as part "b" of each figure.

10.6.4 Discussion

C7010 specimen

The predicted moment-curvature relationship shown in Figure 10.20(b) for C7010 column

compares fairly well with the experimental results in terms of maximum moments, general

shape of the curve and the strength deterioration in each cycle.

However, pinching is more pronounced in the predicted results than the experimental

results. The predicted initial descending slopes were almost the same as experimental

results. With the increasing number of cycles, the descending slope of the experimental

curve becomes steeper than that of the predicted curve.

C100B60N15 specimen

Although in the predicted behaviour, the general shape, pinching and maximum hori-

zontal loads agree with the experimental results for column C100B60N15 (Figure 10.21),

the displacements are underestimated in the predicted curve. It may be due to the ap-

proximate method (Section 10.6.2) used to convert the moment-curvature relationships

to load-displacement relationships. Furthermore, the displacement is sensitive to the as-

sumed plastic hinge length and this may be another reason. The descending slopes of

the experimental curve is higher for higher displacements than those for the predicted

curve. With accurate information on plastic hinge length, the procedure would yield
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Figure 10.20: Comparison for C7010 column reported by Matamoros and Sozen (2003).
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results closer to those of experiments.

C100B130N15 specimen

The specimen, C100B130N15 differs from the specimen C100B60N15 in terms of only the

spacing of the lateral spacing. The predicted curve shown in Figure 10.21(b) shows a

more ductile behaviour than that shown in Figure 10.22(b). Predicted curve shows fairly

brittle behaviour compared with the experimental curve for the specimen C100B130N15.

It was unable to get many cycles for larger displacements due to specimen failure.

For low strains, the slopes of the descending curves compare well. Pinching is more

pronounced in the predicted behaviour than the experimental results.

C100B130N25 specimen

Compared with specimen C100B130N15, the only difference in specimen C100B130N25

is the increase in the axial load. It is concluded by Legeron and Paultre (2000) that

the increase in axial load will result in a decrease in ductility. A similar behaviour can

be observed from the predicted curves as well. The slopes of the descending curves

are almost the same for both the predicted and experimental results. Unlike in speci-

mens C100B60N15 and C100B130N15, this specimen does not show the pinching effect.

The horizontal loads are higher in the predicted curve than in the experimental curve.

The strength loss due to cover spalling is higher than that corresponding to specimen

C100B130N15 with lower axial load level than the specimen C100B130N25.

C100B130N40 specimen

The shape and the slopes of the predicted curve agree well with those of the experimental

curve as shown in Figure 10.24. However, the maximum horizontal load is overestimated

in the predicted curve. The ductility observed in this column with higher axial load levels,

is lower than that for lower axial load levels (specimens C100B130N25 and C100B.130N15).

Crack closing or the pinching effect is not clearly visible in both experimental and pre-

dicted curves. It is observed that the strength loss due to cover spalling is higher than

those corresponding to specimens C100B130N15 and C100B130N25.

In general, a difference in the slope of the descending curves can be observed for high

strain levels. At this point, section might have cracked and only the steel couple must be



Chapter 10: Cyclic loads, Prediction of load-deformation characteristics of columns 297

acting alone. Thus this difference may be due to the slope in the stress-strain curve for

steel itself. In the methodology developed in this chapter, Ramberg-Osgood relationship

is used for the cyclic behaviour of steel. This relationship needs to be modified according

to the comparisons in this chapter.

10.7 Conclusions

Review of previous work reported in this chapter shows that a number of experimen-

tal programs have been reported for the behaviour of HSC columns subjected to cyclic

loading. This chapter developed an analytical method using a novel constitutive model

(described in Chapter 9) for HSC to predict the behaviour of HSC columns under earth-

quake loadings. The conclusions that resulted from this chapter are summarised below:

• The constitutive models developed in Chapter 3 for monotonically increasing loads

and in Chapter 9 for cyclic loads, are capable of predicting the behaviour of HSC

column subjected to earthquake loadings.

• Proposed methodology for the behaviour of HSC columns subjected to combined

axial load and cyclic flexure shows good agreement between the predicted and exper-

imental results. It is capable of predicting characteristics of inelastic cyclic response

such as,

- Strength degradation due to successive cycles of loading

- Stiffness degradation due to concrete cracking and steel yielding

- Stiffness increase due to crack closing (flexural pinching)

• The proposed analytical method is capable of establishing the following phenomenon,

which have been also observed from the experiments.

- Increase in axial load level, decreases the ductility.

- Increase in axial load, increases strength and stiffness degradation, hence de-

creases energy dissipation capacity of the section.

- Increase in axial load, increases the loss of column capacit; • due to the spalling

of cover.
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- Reducing the spacing of transverse reinforcement, increases ductility.

• Proposed methodology can be used to investigate the code provisions for seismic

design.



Chapter 11

Conclusions and recommendations

11.1 Conclusions

The work reported in this thesis has significantly contributed to the knowledge base of

behaviour of laterally confined HSC columns under static and cyclic loading. A funda-

mental model has been developed for the constitutive behaviour of HSC under triaxial

loading regimes. Complex analytical procedures have been developed to apply the model

to predict the behaviour of structural elements. Major conclusions and observations are

summarised in this chapter.

11.1.1 Monotonically increasing loads

A strain-based constitutive model has been developed for confined HSC subjected to

monotonically increasing loading. It is based on the 24 triaxial test results previously

reported.

Observations

• It is observed from the experimental results for both monotonically increasing and

cyclic loading of confined HSC that, when confined concrete is subjected to an

axial stress, its volume initially decreases. Beyond a certain stress level, this trend

reverses and the volume starts to increase. At this turning point, volumetric strain

is the maximum. The axial strain at this point increases with the increasing concrete

strength. For example, axial strain at the turning point is 0.5ecc for 40 MPa concrete

and 0.7ecc for 100 MPa concrete; where ecc is the axial strain at peak axial stress.

• When the volume of concrete increases, there is a point where it returns to the

299
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original unloaded volume. It is observed from the experimental results that this

point corresponds to the peak axial stress. In other words, volumetric strain is zero

at this point. Therefore, magnitude of lateral strain at peak axial stress is half of

corresponding axial strain.

Conclusions

A constitutive model for monotonically increasing load has been developed based on test

results with active confinement. It is shown to be giving satisfactory results for several

applications.

The model is shown to be capable of predicting the behaviour of HSC columns with

passive confinement by carbon fibre wraps.

The model is used to establish the behaviour of laterally confined short as well as slender

HSC columns subjected to eccentric static loading. Proposed analytical procedure gives

accurate results as it uses the confining pressure applied by lateral steel which changes

with lateral dilation of concrete.

The model has the capability of predicting the behaviour of reinforced concrete column-

slab joints with HSC in columns and a weaker layer of slab concrete in the joint.

In each application, model predictions found to be comparable with the relevant experi-

mental results reported in the literature.

11.1.2 Cyclic loads

As an extension of the constitutive model developed for monotonically increasing load, a

strain-based constitutive model is proposed for confined HSC subjected to cyclic loading.

It consists of envelope curve (same as the one proposed in the first part of this thesis for

monotonically increasing load), unloading and reloading curves (based on experimental

investigations by the author) and a parabolic transition curve (modified version of a curve

reported in the literature).

Observations

• Previous researchers were in general agreement that the envelope curve for cyclic

loading for unconfined and confined NSC is similar to the stress-strain curve of
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monotonically increasing load. Prom the experimental results for confined HSC, it

is observed that this is acceptable in the ascending branch of the stress-strain curve

of HSC but not for the descending branch. The descending branch of the envelope

curve has to be modified by scaling down the corresponding stresses for HSC.

• In the initial elastic region, Poisson's ratio remains a constant and beyond this

region, it increases with the increasing load.

• An unloading in the initial elastic region, results in a decreasing Poisson's ratio.

Reloading increases it back to the same value. The proposed model is capable of

modelling this decreasing/increasing phenomenon of Poisson's ratio.

• When unloading and reloading cycles occurs in the initial elastic region, the axial

stress versus axial strain diagram exhibits a different behaviour to the axial stress

versus lateral strain diagram. The axial stress versus lateral strain curves follow

the same line during unloading and reloading cycles as expected. However, in the

axial stress versus axial strain curves, the unloading does not follow the original

loading curve and the reloading curve is different to the unloading curve. This

aspect of different behaviour in axial strain and lateral strain is the reason for the

decreasing/increasing phenomenon stated above.

Conclusions

The proposed constitutive model for cyclic loads can be applied for column analysis in

seismic regions. It is proven to be giving satisfactory comparisons for the behaviour of

confined HSC columns with axial load and cyclic flexure.

11.1.3 Important features of both models

• Strain-based. For a given axial strain, a strain-based constitutive model has the

ability to calculate the corresponding axial stress directly. However, for a given axial

strain a stress-based constitutive model uses an iterative procedure to calculate the

corresponding axial stress. Therefore a strain-based constitutive model for concrete

is desirable in a structural analysis.
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• Ability to predict the axial stress, axial strain and lateral strain relationships for

both HSC and NSC.

• The applications are not limited to certain size of columns or configurations, since

the models are developed based on the triaxial tests.

• Unlike in the models based on column tests, no assumptions about the confinement

effectiveness are included in developing these models.

11.2 Recommendations

There are still many applications of the two constitutive models for monotonically in-

creasing loads and for cyclic loads which require further investigation. A few of them are

suggested here.

• The constitutive model developed for HSC with monotonically increasing loading

can be applied for analysing HSC columns with different methods of lateral confine-

ment such as steel tubes and FRP composites. Therefore the applicability of the

model for a wider range of confinement levels can be investigated.

• Application of the constitutive model for monotonically increasing loads in eccen-

trically loaded slender columns needs further investigations. A refined curvature-

deflection model is likely to improve the analytical model.

• Using the constitutive model for cyclic loading of HSC, a parametric study can

be conducted for the behaviour of confined HSC columns subjected to earthquake

loadings. This is likely to reveal the influence of the various parameters on the

earthquake response.

Effect of high strain rates on the behaviour of HSC subjected to monotonically in-

creasing loading has been addressed by only few researchers in the literature (Fu et al.

1991a; Fu et al. 1991b; Bing et al. 2000). There have not been any studies reported

on the effect of high strain rates on the behaviour of HSC subjected to cyclic loading.

Therefore the experimental program described in this thesis for slow strain rates can be

extended for high strain rates.
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There are a number of researchers who did experimental analysis on HSC columns

subjected to combined constant axial compression and reversed cyclic flexure and made

design recommendations. Nevertheless it is reported that none of the current codes (ACI

Code or New Zealand Standard) provide adequate amount of steel reinforcement to ensure

a good level of ductility (Legeron and Paultre 2000). The ACI Code requirements are

too conservative in the case of low axial load levels whereas they are insufficient for high

axial load levels. Only New Zealand Standard considers axial load level in transverse steel

requirements. The analytical procedures developed in this study may be used to review

the current design code guidelines for earthquake resistant structures and to give design

recommendations.



Appendix A

Comparison of experimental results
with the existing models for
monotonically increasing loads

Axial stress and axial strain relationships of the results obtained from the major exper-

imental program for four grades of concrete, three confining pressures and two loading

regimes, were compared with the models proposed by Mander et al. (1988b) and Sakai

and Kawashima (2000).
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